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NGUYEN HAM CO BAN

A - KIEN THUC CO BAN
1. Nguyén ham

Dinh nghia: Cho ham s6 f (x) xac dinh trén K (K 1a khoang, doan hay nira khoang). Ham s6

F(x) dugce goi la nguyén ham cua ham sé £ (x) trén K néu F'(x)= f(x) véimoi xeK .

Dinh li:

1) Néu F(x) la mot nguyén ham cua ham sb f(x) trén K thi v6i mdi hang sé C, ham s6

G(x) = F(x)+C cling 1a mot nguyén ham cua f(x) trén K.

2)Néu F (x) 1a mot nguyén ham ciia ham s6 f (x) trén K thi moi nguyén ham cua f (x) trén

K déucod dang F(x) +C,voi C lamot héng $6.

Do d6 F(x)+C,CeR 1a ho tat ca cic nguyén ham ciia f(x) trén K. Ky hiéu

If(x)dsz(x)+C.

2. Tinh chit ciia nguyén ham

Tinh chit I: (jf(x)dx)' = f(x) va [ f'(x)dx = f (x)+C

Tinh chit 2: [kf (x)dx =k[ f (x)dx véi k 1a hing s khic 0.

Tinh chit 3: [[ f(x)+g(x)]dx=[ f(x)dx [ g(x)dx

3. Sy ton tai ciia nguyén ham

Dinh Ii: Moi ham s6 f'(x) lién tyc trén K déu c6 nguyén ham trén X .

4. Bang nguyén ham ciia mt so ham so so cap

Nguyén ham cia ham so so' cap

Nguyén ham ciia ham so hop

(w=u(x))

de=x+C

Jdu=u+C

fx“dxz x“”+C(a¢—1)

a+1

fu“duz u“”+C(a¢—1)

a+1

jldx=1n|x|+c
X

Ildu=1n|u|+C
u

Je”dx=e"+C Ie“duze“+C
.[axdx= @ +C(a>0,a¢l) Ja”duz @ +C(a>0,a;t1)
Ina Ina

Isinxdx=—cosx+C

Isinudu =—cosu+C

jcosxdx =sinx+C

Icosudu =sinu+C
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f -—dx =tanx+C f —du=tanu+C
Cos” X cos” u
1 1
J- ——dx=—cotx+C J- ——du=—cotu+C
sin” x sin” u

B - CAU HOI TNKQ

DANG 1: SUDUNG Li THUYET
Trong céc khang dinh dudi ddy, c6 bao nhiéu khing dinh ding?
(1): Moi ham sé lién tuc trén [a;b] déu c6 dao ham trén [a;5].
(2): Moi ham sé lién tuc trén [a;b] déu c6 nguyén ham trén [a;b].
(3): Moi ham sé dao ham trén [a;b] déu c6 nguyén ham trén [a;b].
(4): Moi ham s6 lién tuc trén [a;b] déu co gia tri lon nhét va gia tri nho nhét trén [a;b] .
A. 2. B. 3. C. L D. 4.

Hudng dan giai

Chon B. Khing dinh (1): Sai, viham s y = |x| lién tuc trén [—1;1] nhung khong c6 dao ham
tai x=0 nén khong thé c6 dao ham trén [—1;1]
Khang dinh (2): ding vi moi ham s lién tuc trén [a;b] déu c6 nguyén ham trén [a;b] .
Khang dinh (3): Plng vi moi ham s6 c6 dao ham trén [a;b] thi déu lién tuc trén [a;b] nén
déu c6 nguyén ham trén [a;b].
Khéng dinh (4): Bang vi moi ham sb lién tuc trén [a;b] déu co gia tri 16n nhét va gia tri nho
nhét trén [a;b].
Cho hai ham s f(x),
A [f (x)+g(x)]de = [ £ (x)de+ [ g(x)dx
B. [/ (x)-g(x)]dv=[f (x)dr[g(x)dx
C. [[f(x)-g(x ]dx—jf )dx— [ g (x)dx

g(x) lién tyc trén R . Trong cac ménh dé sau, ménh de nao sai?

D. [if (x)dx =k[ f(x)dx (k= 0k e R).
Hwéng dan giai
Chon B
Cho f(x), g(x) la cac ham s6 xac dinh va lién tuc trén R . Trong cac ménh dé sau, ménh

dé nao sai?
A. If(x)g(x)dxzjf(x)dxjg
C. I[f(x)+g(x)]dx =jf( dx+jg
JL7 ()= (x)]Jde=] f (x)dx—[g(x)
Hu’(mg din giai
Chon A. Nguyén ham khong c6 tinh chat nguyén ham cua tich bang tich cac nguyén ham.
Hoac B, C, D dung do d6 1a cac tinh chét co ban cua nguyén ham nén A sai.
thmg dinh nao sau day 1a khing dinh sai?
A. [if (x)dx=k[ f(x)dx véi keR.
B. [[f(x)+g(x ]dx_ [£(x)dx+[g(x)dx voi f(x);

H2

B. [2f (x)dr=2[ f(x)dx
dx. D.

g(x) lién tyc trén R.
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Hwéng dan giai
Chon A. Tacd [kf(x)dx=k[ f(x)dx v6i kR sai vi tinh chit ding khi k e R\{0}.
Cho hai hamsé f(x ), g(x) 1a ham s6 lién tuc, c6 F(x), G(x) lan luot 14 nguyén ham cia
f(x), g(x). Xét cac ménh d¢ sau:
(I). F(x)+G(x) la mdt nguyén ham cua f'(x)+g(x).
(II). k.F(x) 1a mot nguyén ham cua k.f (x) véi keR.
(II1). F(x).G(x) 1a mot nguyén ham ciia f(x).g(x).
Cac ménh de dung la
A. (1) va (IIT). B.Ci 3 ménhdé.  C.(I)va (). D. (1) va ().
Hudng dan giai
Chon D. Theo tinh chat nguyén ham thi (1) va (/) la dung, (III) sai.
Ménh dé nao sau day sai?
A [ (x)-g(x)]dx = f(x)dx—[ g (x)dx, véi moi ham s6 f(x), g(x) lién tuc trén R.
B. Jf’(X)dXIf(X)+C v6i moi ham sé f(x) c6 dao ham trén R.
C. J‘[f(x)+g(x)}dx=.|‘f( dx+jg )dx, véi moi ham s f(x), g(x)lién tuc trén R.
D. jkf(x)dx = kjf(x)dx v6i moi hing s6 & va véi moi ham s6 f'(x) lién tuc trén R.
Hudng dan giai
Chon D. Ménh dé: [&f (x)dx = k[ f (x)dx véi moi hing s k va véi moi ham s6 f (x) lién
tuc trén R 1a ménh dé sai vi khi k=0 thi ka dx #* kjf
Cho ham sé f(x) xéc dinh trén K va F(x) 1a mdt nguyén ham cua f(x) trén K . Khing
dinh nao dudi day dang?
A. f'(x)=F(x), ¥xekK. B. F'(x)=f(x), VxeK.
C. F(x)=f(x), ¥xeK. D. F'(x)=f"(x), VxeK.
Hudéng dan giai
Chon B. Tacéd F(x Jf dx,VxeK:[F(x)]Ef(x),VxeK.
Cho ham s f ( ) xac dinh trén K . Khang dinh nao sau day sai?
A.Néuham sd F (x) la mot nguyén ham cua f (x) trén K thi v6i mdi hang s6 C, ham sb
G(x) = F(x) + C ciling 1a mét nguyén ham cua f(x) trén K .
B.Néu f(x) lién tuc trén K thi n6 c6 nguyén ham trén X .
C.Ham s6 F(x) duogc goi la mot nguyén ham ciia £ (x) trén K néu F'(x)= f(x) v6i moi
xek.
D.Néuhamso F(x) la métnguyénhamcia f(x) trén K thi ham s F'(—x) 1a mot nguyén
ham cta f(x) trén K.
Hwéng dan giai 7
Chon D. Duya theo dinh li 1 trang 95 SGK 12 CB suy ra khang dinh A dang.

Dua theo dinh 1i 3 Su ton tai nguyén ham trang 97 SGK 12 CB két luan B dang.
Va C dung dua vao dinh nghia cua nguyén ham.
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Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.
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DANG 2: AP DUNG TRUC TIEP BANG NGUYEN HAM
1

Cho f(x)= 0
A. Trén (-2;+), nguyén ham cta ham s6 f(x) la F(x)=In(x+2)+C; trén khodng
(—o0;—2), nguyén ham cia ham s6 f'(x) 1a F(x)=In(-x-2)+C, (C,, C, 1a cac hing sb).
B. Trén khodng (—o0;—2), mot nguyén ham cua ham s6 f(x) 1a G(x)=In(-x-2)-3.
C. Trén (—2;+o0), mdt nguyén ham cta ham s6 f(x)1a F(x)=In(x+2).

, chon ménh dé¢ sai trong cac ménh dé sau:

D.Néu F(x) va G(x) 1a hai nguyén ham ciia ciia f'(x) thi chung sai khac nhau mot hang

4

S

(@)

Huéng din giai
ChonD. Dsaivi F(x)=In(x+2) va G(x)=In(-x—2)-3 déula cdc nguyén ham ciia ham
s6 f ( x) nhung trén cac khoang khac nhau thi khac nhau.

Khiang dinh nao déy sai?

A. jcosxdxz—sinx+C. B. jldx=1n|x|+C.
X

C. jzxdx=x2+c. D.jede=eX+c.

Hwéng dan giai
Chon A. Taco Jcosxdx =sinx+C = A sai.

Tim ménh dé sai trong cac ménh d¢ sau

A. Ix3dx= x'+C

B. jldx=1nx+c.
X
C. J.sinxd)C:C—cosx. D. J.2exdx=2(ex+C).
Huéng din giai
Chon B. Tac6 jldx=1n|x|+c.
X

Trong cac khang dinh sau, khiang dinh nao sai?

n+l

A. jdx=x+2c (C 1a hang sd). B. J.x”dxz al 1+C(C 1a hang s6; neZ).
n+
C. desz(C 1 hing sd). D. jede=ex—C(c 1 hing sd).

Huong din giai ‘
Chon B. Dap an B sai vi cong thtic trén chi dung khi b6 sung thém dieu kién n = —1.
Tim nguyén ham F(x)= Iﬁde.
A. F(x):ﬂ2x+C. B. F(x):27rx+C.

2.2
T X
+C.

C. F(x)=%3+C. D. F(x)z
Huéng din giai

Chon A. Taco F(x)= j 72dx = 7°x+C (Vi z* 1a hing sd).

Ho nguyén ham ciia ham sb f(x) =¢" +cosx+2018 la

A. F(x)=¢"+sinx+2018x+C. B. F(x)=¢"—sinx+2018x+C.

C. F(x):ex+sinx+2018x. D. F(x):ex +sinx+2018+C.
Hwéng dan giai

Chon A

Nguyén ham ctia ham s6 f(x) =2x’ -9 la:

H4
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A. %x4—9x+C. B. 4x* -9x+C. C. %xuc. D. 4x*-9x+C.
Huéng din giai
4

Chon A. j(2x3 ~9)dx =2.x—4—9x+C =X _oxscC.
4 2

Cau 16. Ho nguyén ham clia ham sé f(x)=ex‘+4 la

e+l e+l
A. 101376. B. x4 C. c. X +ax+c.  D. tax+c.
e+l e+l
Hwéng dan giai
e+l
ex
Chon D. Taco x)dx=|(ex*+4)dx= +4x+C.
° jf( ) .[( ) e+1
Céu 17. Ho cac nguyén ham ctia ham s6 f(x):5x4—6x2+1 la
A. 20x —12x+C. B. X’ -2x+x+C.
4
C. 20x° —12x° +x+C. D. %+2x2—2x+c.

Hwéng dan giai

Chon B. Taco j(5x4—6x2+1)dx=x5—2x3+x+c.

Cau 18. Khiang dinh nio sau day sai?

5

A.dexzc. B. jx“dx=x—+c. C. jldlen“c. D.Iexdxzex+C.
5 3 X
Hudéng dan giai

Chen C. Ta co: fldx=1n|x|+030sai.

X

Cau 19. Nguyén ham cta ham s6 y = x? —3x+l la

X
3 2 3 2
1
A. x——3i—1n|x|+c. B >, 1l.c
3 2 3 2 x
3 2 3 2
c. X 3 mxsc, D. x——3i+ln|x|+C.
2 3 2
Huéng din giai
3 2
Chon D.  Ap dung cong thirc nguyén ham ta co I[xz —3x+ljdx = %—%-F ln|x| +C.
X
Cau 20. Cho ham s6 f(x)=%+é+2,véri a, b 1a cac s6 hitu ti théa diéu kién
X X
1
[f(x)dr=2-3In2. Tinh T=a+b.
p
A T=-1. B.T=2. C.T=-2. D. T=0.

Huéng din giai

1

+2jdx =(—g+bln|x|+2x] =a+1+bIn2.

X

1

Theo gia thiét, tacé 2—3In2=a+1+bIn2. Tarddsuyra a=1, b=-3.

Vay T=a+b=-2.
HS



Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
Ho nguyén ham ciia ham sb f(x) =3x"+2x+51a
A.F(x)=x3+x2+5. B.F(x)=x3+x+C.
Q.F(x)=x3+x2+5x+C. D. F(x)=x3+x2+C.
Hwéng dan giai
Chon C. Nguyén ham ciia ham s6 f(x)=3x>+2x+5 1a F(x)=x"+x>+5x+C.

Ham s6 nao sau day khong phai la mot nguyén ham cta ham s6 f(x) = (3x+1)’?

6 6
A F(x)= 3D g B, F(x) =)
18 18
6 6
c. F(x)z%. p. F(x) =)
Hwéng dan giai
. 1 (aerb)oHl . .
Chon D. Ap dung I(ax+b)adx:——l+C voi a #—1 va C la hang so.
a o+
Vay ham s6 ¢ phuong an D thoa yéu cau dé.
Ho nguyén ham ctia ham s6 £ (x)= iz—x2 —% la
X
A2 _ 4, .2 .3
AT o0 B2 0. c. TP o p X L X
3x X 3x 3 x 3

Huéng din giai

1 3
ChonD. Taco | iz—xz—l dx = | RIS PRSI S el
X 3 3 3

A1 W1 £ 1 1 .
Ho nguyén ham ciia ham so f(x)=7x° +;+7—2 la

A. x7+ln|x|—l—2x. B. x7+ln|x|+l—2x+C.
X X

C. x7+lnx+l—2x+C. D. x7+ln|x|—l—2x+C.
X X

Huéng din giai
Chon D. [ f(x)dx — ¥ +In|x]-2-2x+C.
X

Nguyén ham ciia f (x)=x"—x" + 2x la:

1 4 1, 1, 4
A —x'—x+=x +C. B. —x'—=x+=+x’ +C.
27 3 47 3773
1 2 1 1 2
C. —x'-x+ZJx¥ +C. D. —x'-=x+Zx’ +C.
4 3 R
Hudng dan giai
. 3 2 _ 1 4 1 3 4 3
Chon A. Taco: j(x —x +2J})d =xi-gw +§\/x +C.
Ho nguyén ham ctia ham s6 f'(x)= 3Jx +x% 1a
2019 2019
x X
A Vx+ +C. B. 2v/x’ + +C.
673 - 2019

+C. D. L+6054x2017 +C.

C.
Jx 673 2x

Huéng din giai

H6
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3

1 2 2019 x2019
Taco: [(34x+x)dr = [| 322 + 6% [de =3. 5+ =+ C =24/x" + +C.
Jeeea) I( 372019 2019
2
Cau 27. Hamsd F(x)=e" +tanx+C 1a nguyén ham ciia ham s6 f(x) nao
X 1 X
A f(x)=e" —— B. f(x)=e¢"+—
sin” x sin® x
C. f(x)=ex[1+ ez J D. f(x)zex-l— 12
cos’ x cos” x

Huéng din giai
1

cos” x

Chon D. Taco: (ex +tanx+C)' =e" +

Ciu 28. Néu jf(x)dx=l+1n|2x|+c voi FE(O540) yosnes () 4
X
11 1
A f(x)=-o+ B. f(x)=\/}+g.
I 1o
C. f(x):7+ln(2x). D. f(x):—y-l-g‘

Huéng din giai
Chon A. Taco [f(x)dx=F(x)+C=F'(x)=f(x)

: 1 " (1Y o1 (20 11
Do 6 f(x)z(;+1n|2x|j :(;j +(ln|2x|) :_?Jf(zx) =—?+; voi xe(0;+oo)_
2
Cau 29. Tim ho nguyén ham ctia ham sb f(x):x —xl+1
x_

2
A xb——sC. B. 14— —+C.  C.Z+lnfx—1+C. D. ¥+Infx—1[+C.
x—1 (x-1) 2
Hwéng dan giai
2 2
Chon C. C6 f(x)=xx_—_xl+1=x+ﬁ :>Jf(x)dx=%+ln|x—l|+€.
Cu 30. Nguyénham F(x) ciahamsé f(x)=3- ‘12 1a
sSin x
A. F(x):3x—tanx+C. B.F(x):3x+tanx+C.
C. F(x):3x+cotx+C. D. F(x):3x—cotx+C.

Huéng din giai
1

sin’ x

Chon C. Nguyén ham ctia ham s6 f(x)=3- la F(x)=3x+cotx+C.

Cau 31. Tim nguyén ham ciia ham s f(x) = 3cosx+L2 trén (0;+oo).
X

A. —3sinx+l+C. §.3sinx—l+C. C.3cosx+l+C. D. 3cosx+Inx+C.
X X X

Huéng din giai
b
Chon B. Taco J.f(x)dx = I(3cosx+%)dx = 3sinx—l+C.
X X
Chu 32. Ho nguyén ham ciia ham s6 f(x)=3x" +sinx 1a

A. x*+cosx+C. B. X’ +sinx+C. C. x*—cosx+C. D. 3x’ —sinx+C.
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Cau 33.

Cau 34.

Cau 35.

Cau 36.
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Hwéng dan giai
Chon C.  Ho nguyén ham cia ham sb f(x) =3x" +sinx 1a x* —cosx+C.
Tim nguyén ham ciia ham s& f(x) =3x" +8sinx.
A. If(x)dx=6x—8005x+C. B. If(x)dx=6x+8005x+C.
C. jf(x)dx=x3—8cosx+C. D. If(x)dx=x3+800sx+C.
Hwéng dan giai

Chon C. Tacé: [ f(x)dx = [(3x" +8sinx)dr = x’ ~8cos x+C.

Tim nguyén ham cta ham sé f (x) = cos’ [ij

2
A. jf(x)dx=x+sinx+C. B. Jf(x)dx=x—sinx+C.
C. J-f(x)dx=§+%sinx+c. D. J-f(x)dng—%sinerC.

Hwéng dan giai
1+cosx
2

Tim ho nguyén ham ciia ham s0 f (x)=x+cosx.

Chon C. Taco If(x)dx=j[ de=§+%sinx+C.

2

A. If(x)dx:x?+sinx+C. B. [ f(x)dv=1-sinx+C.

2

C. jf(x)dx=xsinx+cosx+C. D. If(x)dxz%—sinx+€.

Huéng din giai
2

Chon A. Jf(x)dx=_[(x+cosx)dx=%+sinx+C.

I(x2 + 2x3)dx c6 dang %x3 +%x4 +C, trong d6 a, b 1a hai s6 hiru ti. Gia tri a bang:

A. 2. B. 1. C.9. D. 32.
Hwéng dan giai

Chon B.

Cach 1:

Theo d&, ta can tim j(xz + 2x3)dx . Sau d0, ta xac dinh gi4 tri cua a.
Ta co: J.(x2 +2x3)dx =lx3 +lx4 +C.
3 2

Suy ra dé J‘(x2 +x3)dx c6 dang %x3+§x4+C thi a=1, b=2.
Cach 2: Dung phuong phéap loai tru.
Ta thay gia tri cua a & cac dap an vao %xS +2X4 +C . Sau d6, véi mdi a clia cac dap 4an ta
A \ , a 3 b 4
lay dao ham cuagx +Zx +C.
Vidu:
A.Thay a=2 vao 20 +2x4 +C taduoc gx3 +éx4 +C. Lay dao ham cua gx3 +2x4 +C
3 4 3 4 3 4
2 3 b 4 ' 2 3 b A A . A ~ 2
Ex +—x"+C | =2x"+bx’, vi khong ton tai soO hitru ti b sao cho
X2 +2x° =2x* +bx°,Vx € R nén ta loai dap an A

H38



Cau 37.
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B. Thay a =1 vao %xS +§x4 +C taduoc %x3 +§X4 +C . Lay dao ham cua %x3 +§X4 +C

: (%x3+éx4+C] =x? +bx’, vi ton tai s hitu ti b sao cho x* +2x° =2x" +bx’,VxeR (
cu thé b=2e@Q)néntanhan dap an B

C. Thay a=9 vao %xS +§x4 +C taduge 3x° +§x4 +C. Lay dao ham cua 3x° +%x4 +C:
(3x3+%x4+Cj =9x*+bx’, vi khong ton tai s6 hiu ti b sao cho
9x* +2x° =2x> +bx’,Vx € R nén ta loai dap an C

D. Thay a=32 vao %x3+§x4+c ta duge %x3+§x4+C. Liay dao ham cua

!

%)ﬁ +Z frC: (%f +%x4 +Cj =32x>+bx*, vi khong ton tai s6 hitu ti b sao cho
32x% +2x° =2x" +bx’,Vx € R nén ta loai dap 4n D
Chit :

Ta chi cin so sanh hé s cia x> & 2 vé cua dang thic x*+2x° =2x>+bx’;
Ox? +2x° =2x> +bx’;

32x% +2x° = 2x% + bx® va co thé loai nhanh cac dap 4n A, C, D

Sai 1Am thuwong gip:

A. Pap an A sai.

M5t s6 hoc sinh khong doc ki dé nén tim gia tri cua b . Nén khoanh dap anA.

C. bap an C sai.

Mot s6 hoc sinh sai 1dm & chd nhd sai cong thirc nguyén ham nhu sau:

J.(x2 +2x3)a’x=3x3 +8x*+C.

Vithé, a=9 dé I(xz +2x3)dx =3x +8x* + C c6 dang %x3 +%x4 +C.
Hoc sinh khoanh dap 4an C va da sai 1am.
D.bapanDsai. 5
Mot s0 hoc sinh sai 1am ¢ cho nhé sai cong thiic nguyén ham nhu sau:
j(xz +2x3)dx =3x +8x*+C.
Hoc sinh khong doc ki yéu cau dé bai nén tim gia tri b.
bé j(xz +2x3)dx c6 dang £ x° 2 i b=32.
r 3 4 1
The 1a, hoc sinh khoanh dap an D va da sai lam.

I(%)f +#x5de c6 dang %x“ +%X6 +C,trong d0 a, b 1a hai s6 hiru ti. Gia tri a bang:

A. 1. B. 12. C. %(ht\/g) D. Khong ton tai.

Huéng din giai

Chon D. Céch 1: Theo dé, ta cAn tim I(—x3+l+f de sau d6 xac dinh gia trj cta a.
Ta co: J- lx3+Mx5 dx:ix4+1+\/§x6+c
3 5 12 30
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Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

1+\/_

1+5\/§e(@

, 1 b
Suyradé || —x° + dx codang —x*+=x°+C thi a=1€Q, b=
uy j[3 J g12x 6x Q,

Cich 2: Dung phuong phép loai trir. Ta thay gid tri cua a & cac ddp én VéO%x4 -l—éx" +C

. Lo X 5 . s A \ ., da b
. Sau do, vdi moi a cua cac déap an ta lay dao ham cuaax4 +gx6 +C.
Vidu:

A. Thay a=1 vao ix“+2x6+C ta dugc Lx“+éx"’+C. Liy dao ham cua
12 6 12 6

Lx4+2x6+C:

12 6

(%x +2x +Cj =%x3+bx5, vi khong ton tai s hiru ti b sao cho

- 1+\f 1

—x 3 x’ +bx’,Vx e R nén ta loai dap 4n A.

.Thay a=12 vao %x4+%x6+C ta duoc x4+%x6+C. Lay dao ham cia x4+%x6+C:

3
B
(x4+%x6+Cj =4x*+bx’, vi khong ton tai s6 hitu t b sao cho

1, 1+J_
3
C. Loai dap an C

Ta c6 thé loai nhanh dap an C vi %(1 + \6) zQ va aeQ. Vay dap an chinh xac 1a D

x’ =4x’ +bx’,Vx € R nén ta loai dap an B

Sai lAm thwong gip:

A. Bép én A sai.

Mot s6 hoc sinh khong doc ki d& nén sau khi tim duoc gid tri ciia a (khong tim gid tri ciia b
). Hoc sinh khoanh dap an A va da sai lam.

B. Bap an B sai.

Mot s6 hoc sinh sai 1am & chd nhd sai cong thirc nguyén ham va chi tim gia tri cia a :

I(_ - 1+\/— J 1+\/_ (14;\5)

X —3— X+C=x"+ X +C.
3 3

3 l+f

v A 2 4 (1+\/—) 6 A a 4. b
Vithé, a=12 de_[ — X +— x=x"+———=x"+C codang —x" +—x"+C.
3 5 5 12 6

Thé 13, hoc sinh khoanh dap an B va da sai lam.

C. bép an C sai.

Mot s6 hoc sinh sai 1am & chd nhd sai cong thirc nguyén ham va chi tim gi tri ciia b do khong
doc ki yéu cau bai toan:

I( - 1+J_ J _35 1+\/_ (12\/5)

X +C.

6(1++3)

X+C=x*+

3

Vi thé, b=%(1+\/§) e I[%3 1+\/_ jdx xt+ x*+C c6 dang

Ly +2x +C.
12 6
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Cau 38.

Cau 39.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

Thé 14, hoc sinh khoanh dap an C va da sai lam.
J((2a +1)x° +bx2)dx , trong d6 a, b 14 hai s6 hitu ti. Biét rang

[((2a+1)x* +bx2)dx=%x4 +x*+C.Gidtri a, b lan lugt bing:
1 1 1

A. 1; 3. B. 3;1. C. ——;1. D. —xsin2x——cos2x
8 4 2

Hwéng dan giai
Chon A.  Cich 1: Tacén tim [((2a+1)x’ +bx*)dx.

Ta co: J-((?_a+1)x3 +bx2)dx =%(2a+l)x4 +%bx3 +C.
Vi ta c6 gia thiét [((2a+1)x° +bx2)dx=%x4 +x’+C nén %(2a+1)x4 +%bx3 +C ¢6 dang
2x4 +x' +C.
4
1
—(2a+1)=

bé %(Za +1)x* +§bx3 +C c6 dang %x“ +x"+C thi

—b=1
3

a=1

, nghia la {b

AW

Cach 2:
Ta loai nhanh dap an C vi gia tri @ & dap an C khong thoa diéu kién a e Q.

Tiép theo, ta thay gia tri a,b & cac dap an A, B vao j ((2a+1)x" +bx* )dx va tim
I((2a+1)x3 +bx2)dx. Ta co: f(3x3 +3x2)dx =%x4 +x +C.

Chii y: Gia sir cac gia tri a, b & cac dap an A, B, C khong thoa yéu cau bai toan thi dap an
chinh xac 1a Chon D.

Sai lam thuwong gap:

B. Bép an B sai.

Mot s0 hoc sinh khong chu y dén thir tu sap x€p nén hoc sinh khoanh dap an B va da sai lam.
C. bép an C sai.

Mot so hoc sinh sai 1am ¢ chd:

Ta co: j((2a+l)x3 +bx2)dx =(2a+1)x*+bx’ +C.

Vi ta c6 gia thiét j((2a+1)x3+bx2)dx:%x4+x3+c nén (2a+1)x*+bx’ +C c6 dang
3x4-|—x3+C.
4

3 1
(2a+1)_z,nghialé a__g.

bé l(2a-|—1)x4+lbx3+C c6 dang ix4+x3-|—C thi
4 3 4 b=1 b=1

Tim nguyén ham cia ham s6 f (x)thoéa méan diéu kién: 1 (x)=2x—3cosx, F[%) =3

r’ r’

A. F(x)=x>-3sinx+6+— B. F(x)=x"—-3sinx——
72_2 72_2
C. F(x)=x2—3sinx+7 D. F(x)=x2—3sinx+6—7

Hwéng dan giai
ChonD. Tacéd: F(x)= J(2x—300sx)dx =x’-3sinx+C
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Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

2 2 2
FlZ|=3a|Z]| “3sinf+C=3oC=6-"—. Vay F(x)=x>-3sinx+6-"—
2 2 2 4 4
Cau 40. Mot nguyén ham F(x) ctia ham s6 f(x) = 2x + — >— thoa méan F(%)z—llé:
sin” x
72_2 72_2
A. F(x) =—cotx +x* —— B. F(x) = cotx —x* +——
16 16
72_2
C. F(x) = —cotx + x’ D. F(x) = —cotx + x RT3

Huéng din giai

jdx=x2—cotx+C

Chon A. Tacé: F(x)zj(2x+ —
sin” x

2 2

2
FIZ|=cte|Z| —cotZsCc=-1Cc="—. Viy F(x)=—cotx+x>
4 4 4 16 16

Ciau 41. Néu jf(x)dx =e" +sin’ x+C thi f(x) 1a ham nao?
A. e +cos’x B. ¢ —sin2x C. e" +cos2x D. e" +sin2x
Hudéng dan giai
Chon D. Tacé: (e" +sin® x+ C) =¢" +sin2x

3

Cau 42. Tim mot nguyén ham F(x) ctia f(x) = al biét F(1)=0

x2
2 2
A F=-1.1 B. )= 4143
2 x 2 2 x 2
2 2
c. Fo=-—-1_1 D, Fy=2+1_3
2 x 2 2 x 2

Huéng din giai

2

3 2
Chon D. Ta co: F(x)zjx _ldxzj(x_iz]dx:%JrlJrc

X X X
2 2
F(l):0<:>13+%+C:O<:>C:_?3. Vay F(x):%+i—%
Céu 43. Ho nguyén ham cia ham s6 f ()c)=i+E la:
Jroox
A. 4/x +3Inx+C. B. 2Jx +3In|x[+C.
C. (4x) +3mf+C. D. 16vx —3In x|+ C.
Hwéng dan giai
Chon A. Ta c6: j[%+%)dx=4\/}+3ln|x|+c.
Ciu 44, Tinh [(x* Ay
X
A. —%%/x_5+41n|x|+c. B. %%/x_s—41n|x|+c.
C. %i/x—5+4ln|x|+c. D. %i/x—5+4ln|x|+c.

Huéng din giai

H 12



Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

3/.5
Chon D. Ta cé: j(%/x_uf)dx: 3\/5"_ +4ln|x+C.
X

Ciu 45. Nguyén ham F(x) cia ham sé f(x) =4x’ —=3x” +2x—2 thoamin F(1)=9 la:
A F(x)=x"—x"+x"-2. B. F(x)=x"—x"+x*+10.
C. F(x)=x"—x"+x" - 2x. D. F(x)=x"—x"+x*=2x+10.
Hwéng dan giai
ChonD. Taco: F(x) =J.(4)c3 -3x° +2x—2)a’x=x4 —x +x*=2x+C
F)=9&1'-P+I’-214C=9 C=10=F(x) =x' —x’ +x* =2x +10.

Cau 46. Ho nguyén ham cia ham sé y=(2x+1)’ la:

A. i(2x+1)6+c. B. l(2x+1)6+c.
12 6

C. %(2x+1)6 iC. D. 102x+1)* +C.

Huéng din giai

2x+1)°
Chen A. Ta co: j(2x+1)5dx=l.(x—)=i(2x+1)6+C.

276 12
Cau 47. Nguyénham F(x) ciahamsé f(x)=2x"+x’—4 théa min diéukién F(0)=0 la
2 4

A, 2x7 —4x*. B. Ex3+%—4x. C. x*—x*+2x. D. Pip an khic.

Huéng din giai
2% x*

Chon D. Ta co: F(x)z.[(sz +x3—4)dx=—+——4x+C
3 4

3 4 4
20 +%+C:O<:>C=0:>F(x)=§x3+%—4x.

F(0)=0<
Chu 48. Tim ham s6 F(x) biétrang F*(x)=4x’-3x’+2 va F(-1)=3

A.F(x)=x4—x3—2x—3 5.F(x)=x4—x3+2x+3

C.F(x)=x4—x3—2x+3 D.F(x)=x4+x3+2x+3

Hwéng dan giai

Chon B. Tact: F(x)=[F'(x)dx = [(4x’ =3x +2)dx =x' —x*+2x+C

F(-1)=3&(-1)' =(-1) +2.(-1)+C =3 C=3

Vay F(x)=x4—x3+2x+3

Ciu 49. Hamsb f(x) xac dinh, lién tuc trén R va c6 dao ham 1a f'(x) - |x—1| . Biét r?mg f(O) =3
Tinh /() +7(4),

A. 10. 12. C. 4. D. 11.

Hwéng dan giai
x—1 khi x2>1
—(x—l) khi x<I1’

@

Chon B. Taco f'(x) ={
2

Khi x>1thi f(x)=[(x-1 dx=%—x+Cl.

Khi x <1 thi f(x)z—j(x—l)dxz—(%z—x]JrCz.

H 13



Cau 50.

Cau 51.

Cau 52.

Cau 53.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
xZ
c _3:>f(x)=—[;—x}+3
Theo dé baitacod f(0)=3 nén 2~ khi x<l1.
Miat khéc do ham s6 f(x) lién tuc tai x=1 nén lim f(x)=1lim f(x)=f(1)
x—-1 x—>1"

2 2
o lim| <[ Z—x |43 |=tim|| Z—x |+¢ | o[ Lo1]43=1 14 c = =4,
xo1” 2 x—>1* 2 2 2

Vay khi x>1 thi f(x)z%—x+4 = £(2)+f(4)=12.
f'(x)=x+sinx v f(O)zl'T‘

Cho ham s J (x) thoa mén dong thoi cac diéu kién

im

f(x)

x x°
A. f(x)z;—cosx+2. B. f(x)z;—cosx—l

2 2
C. f(x)zx?+cosx. D. f(x)=%+cosx+%.

Hwéng dan giai

Chon A

2

Taco f’(x)=x+sinx:f(x)zx?—cosx+C; f(0)=1e-1+C=1=C=2.

2
Vay f(x)zx?—cosx+2.
Cho ham s f(x) théa man f’(x):3—SCosx va f(O)zS.Ménh dé nao dudi day dang?
A. f(x)=3x+5sinx+2. B. f(x)=3x—5sinx-5.
C. f(x):3x—55inx+5. D. f(x):3x+55inx+5.

Huéng din giai

Chon C. Taco f(x)zI(B—SCosx)dx=3x—5sinx+C.
Laico: f(0)=5<3.0-5sin0+C=5<C=5.Vay f(x)=3x—5sinx+5.

Biét F(x) 1a mot nguyén ham cia cia ham sé f(x)=sinx va dd thi ham s6 y=F(x) di

qua diém M(O;l). Tinh F[%)

A F(gjzz. B. F@:_l. c. F@:o. D. F[gjzl.

Hwéng dan giai
Chon A. Taco F(x) =—cosx+C, voi C 1a hing s6 tuy ¥.
Do thi ham s6 y = F(x) di qua diém M (0;1) nén

l1=-cos0+C < C=2= F(x)=—-cosx+2.Do do F(%jzl

Cho F(x) 1a mdt nguyén ham ciia ham s6 f (x)=x’—2x+3 théa man F(0)=2, gid tri
ciia F (1) bang
13 11

A. 4. B. . C. 2. D. —.
3 3

Huéng din giai

H 14



Cau 54.

Cau 55.

Cau 56.

Cau 57.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

3
X

Chon B. Ta cé: Ix2—2x+3dx=?—x2+3x+C.

F(x) 12 mot nguyén ham ctia ham s6 f'(x) c6 F(0)=2=C=2.
Vay F(x)zxg—x2 +3x+2 = F(1)=£,

Tim mot nguyén ham F (x) ciia ham s6 £ (x) = ax +%(x #0), biétrang F(-1)=1,

F(1)=4, /(=0

2 2
A. F()C)=3i i+z B F(x):i_i_z
4 2x 4 4 2x 4
2 2
C F(x)=3i+i—z. D F(x):3i_i_l
2 4x 4 2 2x 2
Huéng din giai
Chon A.
F(x)zj.f(x)dxz (ax%rijdx—J.(aerbx'Z)dx—ﬂz+bx—_1 C—a—xz—éJrC
X2 -1 X
—+b+C=1 a:i
F(-1)=1 2 i
Taco: 1F(1)=4 < 4 piC=d4e b——é VéyF(x):3i+i 7
2 4 2x 4
f(1)=0 a+b=0 7
"3

Biéthams6 y = f(x) ¢6 f'(x)=3x"+2x—m+1, f(2)=1 vadod thi ciahamsd y = f(x)

cit tryc tung tai diém c6 tung do bang —5. Ham s f (x) la

A, X' +x*=3x-5. B. x’ +2x* —5x-5. ~C. 2x° +x*=7x=5. D.x +x*+4x-5.
Hwéng dan giai

Chon A. Taco f(x)zj(3x2+2x—m+l)dx=x3+x2+(1—m)x+C.

Theo dé bai, ta co

{f(z)zl 3{2(1—m)+0+12=1

7(0)=-5 " |c=-5

Goi F(x) la nguyén ham cua ham s f(x)=(2x- 3)2 thoa man F(0) = % Gia tri clia biéu

=4
:{Z:_Szf(x)=x3+x2—3x—5.

thiee log, [ 3F (1)—-2F (2)] bang

A. 10. B. 4. C. 4. D.2.
Hwéng dan giai

Chon D. Tacé:

1 2

3F(1)-2F(2) =3[ F(1)- F(2)]+ F (2)- F (0)+ F (0) =3If(x)dx+jf(x)dx+% =4.
2 0

= log,[3F (1)-2F (2) | =log,4=2.

Goi F(x) la nguyén ham cua ham s f(x)=4x"+2(m—1)x+m+5, v6i m 1a tham s6

thyc. Mot nguyén ham cta f(x) biétrang F(1)=8 va F(0)=1 la:

H 15



Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
A. F(x)=x4+2x2+6x+1 B. F(x)=x4+6x+1.
C. F(x)=x"+2x"+1. D.Papén AvaB
Huéng dén giai

ChonB. Tacé: [[4x’+2(m—1)x+m+5]dx=x"+(m=1)x" +(m+5)x+C.

., F(O):l Cc=1 Cc=1 A 4
Lai co: = = . Vay F(x):x +6x+1.

F(1)=8 l+m—-1+m+5+C=8 m=1
Cau 58. Tim T =| T _dx?
I+ X+t
21 3l n!

2 n
A. T=x.n!+n!ln[1+x+%+...+ J+C.

2 n
B. T=x.n!—n!ln[1+x+x—+...+x j+c.
2! n!

2 n
C. T=n!1n(1+x+x—+...+x j+C.
2! n!

2 n
D. T=n!ln[1+x+x—+...+x—j—x".n!+C.
2! n!
Hwéng dan giai
xZ x3 x4 n x2 x3 xnfl
Chon B. Pat g(x)=l+x+—+—+—+. . .+—=g'(x)=l+x+=+"+..+
21 3! 41 n! 2! 3! (n-1)!

n

~ = =nl(g(x) - (x)

| _ o' ! 2 n
szjn“[g(x) g( )}dxzn!]‘ l—g (x) dx=n!x—n!ln=n'x—n'ln 1+x+x—+...+x +C
g(x) 2! n!

Ta co: g(x) —g’(x) =

DANG 3: NGUYEN HAM CAC PHAN THUC HU'U Ti
P(x)

O(x)

— Néu bdc cua P(x) 2 bdc cua Q(x) thi ta thuc hién phép chia da thirc.

— Néu bdc ciia P(x) < bdc cua Q(x) va Q(x) c¢o dang tich nhiéu nhan tir thi ta phan tich f(x)
thanh tong cia nhiéu phan thirc (bang phwong phdp hé sé bat dinh).

f(x) 1a ham hiru ti: f(x)=

Chdng han: ! = 4 + B
(x—a)(x-b) x—a x-b
L = A B A=~ dac <0
(x—-m)(ax”+bx+c) x—m ax +bx+c
1 A B C D
2 2= + ;T + 2
(x—a)y (x-b)y x—a (x—a) x-b (x-b)
. 54+2x* ]
Cau59. Cho hamso f(x)= . Khi d¢:
S 5
A. If( )dX— ——+C B. [ f(x)dx=2x*-2+C
X X
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Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
2 5

C. '[f(x)dx=7+ +C D. If(x)dx——+5mx2+c
Hudéng din giai
Chon A . Taco:j5+2x dx = j( jdx_zi—§+c.
X 3 x

2

2
. x +1 . .
Nguyén ham F (x) ciahams6 f(x) =( J 12 ham s nao trong cac ham so sau?

3 3

A Fey="—Lioic, B. Fo)=+1iovsC.
- 3 x 3 x
_3 3
C. F(x)= +C. D. F(x)= +C.
x
2 2

Hudéng din giai
3

241 2 1 1 1
Chon A. Taco: j(x hl ] dx = J‘wdx=I(x2+2+—2]=x?+2x——+C_
X

X X
2x* +3
Nguyén ham ciia ham s§ y = la:
2% 3 2 3 P03
AT ZiC B. _3x—24cC. c. = +24C. p. —-2+C.
- 3 x x 3 x 3 x

Huoéng din giai

Chon A. Tacé:jzx +3dx .[ 3 dx—zi—§+C.
x° x 3 x

Tinh nguyén ham J( +3jdx
2x

A.Eln|2x+3|+C. B.Eln(2x+3)+c. C.2In]2x+3+C.  D. In2x+3+C.

Hudéng din giai

Chon A. Tacc’):j ! dx=lj ! d(2x+3):lln|2x+3|+C
: 2x+3 29\ 2x+3

)

A. F(x)=21n|2x+l|—%. B. F(x)=2In2x+1/+1,

Nguyén ham F(x) ctia ham s6 £ (x)=

Q.F(x)=%ln|2x+l|+1. D.F(x)=1n|2x+1|+%.

, Hwéng dan giai
Chon C. Ap dung cong thirc nguyén ham mo rong

1
F(x) J-Z Jrldx=51n|2x+l|+C.
“1) 3 _
ma Fl &8 =2 o tmp[ 2 iilvc=2 e 0=t
2 )72 2 2

Biét F(x) 14 mot nguyén ham cia ham sé 7 (x)=

! v F(2)=1.Tinh F(3).

X —
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Cau 65.

Cau 66.

Cau 67.

Cau 68.

Cau 69.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
A F(3)=mm2-1. B F(3)=l2+L € F(3)-. D. F(3)==

Huoéng din giai

Chon B
Taco: F(x)= I !
Y

ldx:ln|x—1|+C. Theo dé F(2):1<:>1111+C:1<:>C=1,
Vay F(3)=In2+1.

Biét F(x) 1a mot nguyén ham cua f(x)=

: va F(O)=2 thi F(l) béng.

X+

A.In2. B. 2+In2. C. 3. D. 4.
Huéng din giai

dx =In|x+1/+C ma F(O) 2nenF ln|x+1|+2

Chon B. F(x)=J. 11
X+

Do d6 F(1)=2+In2.

H &n ha ia ha J4 f(x) 2 13
0 nguyén ham cia ham so =—=1la
A. _—12+C. B. L .. C.%+C. D. ;ﬁc.
2(3+2x) 4(3-2x) (3-2x) 2(3-2x)
Huéng din giai
Chon D. TacoJ. dx = ! s+C.
3 Zx) 2(3—2x)
A . . X(2+x)
Ham s6 nao dudi day khong 1a nguyén ham ciia ham s6 f(x) = it 1)2
X
x'—x—1 ¥ +x—-1 ' +x+1 x’
x+1 S ) Tox+1l Tx+17
Hwéng dan giai
L1, |1 -1 1 -1
S O L T et TR T P
Chon B. Taco: (x al ]z 5 == xz .
x+1 (x+l) (x+1)
1
Tinh ~ *(*=3)
1 1 + 1 1 —
N B G S N G PG T NN VORI G i )
3 |x-3 3 X 3 |[x+3 - 3 X
Hmingdﬁngiﬁi
Chon D. Tacé:j ——j( ——j dr=Lm i
x-3 x 3 b

F(x) lém(f)tnguyénhém ctia ham sb f(x):3x2+2 ! 1.Bié't F(0)=0, F(1)=a+éln3
X+ C

trong d6 @, b, C la cac sb nguyén duong va L2 1a phén s6 ti gian. Khi d6 gié tri biéu thirc
C

a+b+c bang.

A. 4 B. 9. C. 3. D. 12.

Hudéng din giai

Chon A. Tacb F(x):j(3x2+ )dxzx3+%1n|2x+1|+c‘

2x+1
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Cau 70.

Cau 71.

Cau 72.

Cau 73.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
Do F(0)=0 = C=0= F(x)=x’ +%ln|2x+1|-

Vay F(l):1+%ln3 =a=1;, b=1;, c=2 = a+b+c=4.

Ham s0 nao sau day khong la nguyén ham ciia ham s6 (x)= ECZ+2))2C'

x+1
A F(x)——xz_x_l B F(x)——x2+x_1 17(x)——"2+’“rl Fy(x)= X
o x+1 o x4l T x+l YT

Hwéng dan giai
Chon C. (F (x))' X+ 2x , dap 4n A 1a nguyén ham cua f'(x).

(x+1)
(F, (x))' = x2+2—x-|2-2 , dap 4n B khong phai la nguyén ham cua f(x)
(x+1)
(F, (x))' EC +2)x , dap an C 13 nguyén ham cua f/(x).
+1
roxT+2x
(F,(x)) = i) , dap 4n D 13 nguyén ham cua f'(x).
+
= 2x-13 .
Cho biét j—dx:ahl|x+1| +bhl|x—2| +C_ Ménh dé nao sau dé_y dﬁng?
(x+D)(x—2)
A. a+2b=8. B. a+b=8. C. 2a-b=8. D.a-b=8.
Hudéng din giai
Chon D. Tacdo

_ 213 (53 1
I(x+1)(x—2) I(Hl — 2) =5

a=>5
Vay =a-b=8.
b=-3

dx—ﬂ%dx =5ln|x+1-3In|x—2/+C.
o

Cho F(x) 1 mot nguyén ham cta ham sb f(x)_§x+; thoaman F(2)=3.Tim F( ):
X

A. F(x)=x+4In]2x-3+1. B. F(x)=x+2In(2x—-3)+1.

C. F(x)=x+2In|2x-3+1. D. F(x)=x+2In|2x-3|-1.

Huéng din giai

Chon C. Tacé F(x)zj.ierldx j(l+ :de x+21n|2x 3|+C

X

Laicé F(2)=3<2+2In[[+C=3 o C=1.

e(x=1)°
Tich phan [ =
P -([ X +1
biéu thitc a+b+c?
A. 3. B. 0. C. 1. D. 2.
Huéng din giai

dx=alnb+c, trong 46 Q, b, C1a cic sb nguyén. Tinh gié tri cua

=1-In2.

1(x—1)2 1 2x 1
ChonD. /= |-—5——dr= (1— )dxz(x—ln‘x2+l‘)0

Khido a=-1,b=2,c=1. Vay a+b+c=2.
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Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

Cau 74. Tinh J.—dx , két qua la:
x"—4x+3
1. [x—1 1, |x-3 -3
A. —In|—|+C. B. —In[——+C. C. ln‘x —4x+3‘+C p. n|2 2|+ C.
x— 2 |x—1 x—
Huéng din giai
Chon B. Taco: [— dx = dx :—j[ —L)dlelnﬁ+c.
x"—4x+3 (x 1)(x 3 x-3 x-1 2 |x-
Cau 75. Nguyén ham I—dx la:
x"—=Tx+6
PN umd G B, [ ~%C.
5 |x-6 -5 |x-1
C. éln|x2—7x+6|+C- D-—%ln|x2—7x+6|+C-
Huéng din giai
Chon B. Taco:

=6, ¢
1

1 1 1 1 1 1
'[xz—7x+6dx_J.(x—l)(x—6)dx_§'|.(n X— ljdx_ (1Il|x—6|—ln|x—1|)+(j_§1n

Cau 76. Cho F(x) 12 mot nguyén ham ctia ham s 1 (x)= ﬁ , biét F(O) =1. Gia tri cua F(—2)
X+

xX—

bang
A.1+%1n3, B.1+%ln5. C.1+In3. D. %(1+ln3).
Hwéng dan giai

Chon A. Tacé F(x)zj.f(x)dx=I%=%ln|2x+l|+€.
X

F(O)zl@%lnlJrC:l@ C:1:>F(x)=%1n|2x+1|+1:>F(—2):1+%1n3-

Cau 77. Tim nguyén ham [ :I4 ! ~d
—X

X.
A T=1m[* 2 c B I=tm[*2ic
2 (x=2 2 |x+2
C. I=+ml* =2 c . I=+ml* ¢
4 |1x+2 - 4 |x-=-2

Hwéng dan giai

Chon D. Tacé[:—'[;dx:_lj'( 11 )dx:llnx+2+c.
(x—2)(x+2) 4\ \x-2 x+2 4 |x-
Cau 78. Tim nguyén ham j—x+3 dx .
x“+3x4+2

A [ de=2mnfx+2|-Infx+1]+C.

x“+3x+2
EJ. X3 dx=2In|x+1|-In|x+2[|+C.

X2 +3x+2
C. [ e =2mfv+1]+Infr+2/+C

x?+3x+2
D. [ ge—nfx+1[+2mfv+ 2+ C

x +3x+2 )

Hwéng dan giai

Chon B
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, x+3 _ x+3 B
TacoJ.x2+3x+2dx_~[(x+1)(x+2) J-(xﬂ x+2)dx 21n|x+1| 1n|x+2|+C

2% —6x% +4x+1

Cau79. Nguyén ham dx 1a:
i '[ X =3x+2
-1 1 -2
A P+ —|+C. B. — x> +In|>—2|+C.
x—2 2 x—1
1 _1 2 X—
C.—x"+In +C. D. x"+In——+C.
2 x=2 - x—1
Hwéng dan giai
Chon D. Tacé:
3 2
J.2x 26x +4x+ldx=.|.£2x+2;jdx= (2x+ ! —Ljdx:xzﬂnx +C
x —3x+2 x —3x+2 x-2 x-1 x—
Cau 80. Nguyén ham I ﬂdx la:
-x+2
A. 2ln|x—1|—ln|x+2|+C. B. 2In|x—1|+In|x+2|+C.
C. 2In|x—1/+In|x+2/+C. D. 2In|x—1|-In|x+2[+C.
Hwéng dan giai
Chon B. Ta co:
[ j xS x:j[i— 1 jdx:—2ln|x—1|—ln|x+2|+C.
—Xx —x+2 x+2 I-x x+2

X +3x% +3x—1

Cau 81. Nguyén ham ctia ham s6 f(x)= khi biét F(l) :% la

24 2x+1
2 2 13 : 2 13
Fx)=2py+—= 22, Fx) =2 gpxt— 2
A Fx)="+xe o= B. Flx) ="+t ot
2 2
C F(x):%+x+ﬁ. D. F(x):—+x+%+c

Hwéng dan giai
3 2 _
Chon A. Tacé J.de = J-(X'F 1-

2
jdxzx—+x+i+C:F(x).
x+

x4+ 2x+1 (x+1)° 2 1
2
‘ 11 1 13 X 2 13
Ma F(l)=—< —+1+1 = =_ F(x)=—+x+——.
FE()=F e gl Coge Comntn Fl) =5tk 20 =0
Cau 82. Biét luon c6 hai s6 ava b dé F(x)= ax+f (4a—b¢0) 1a nguyén ham ciia ham s f(x) va
X+
thoa méan: 21 ( [F 1] f(x). Khang dinh nao du¢i day dung va ddy du nhat?
A.a=1,b=4. B.a=1,b=-1. C.a=1,beR\{4]. D.acR, beR.
Huéng din giai
Chon C
Ta co F(x):ax+b la nguyén ham cua f(X) nén f(x)=F'(x)= 4a—b2 va
x+4 (x+4)
2b—-8a
fl(x)=—"—.
() (x+4)3
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2(4a-b)’ _(ax+b_lj 2b—8a
(x+4)"  Ux+4 J(x+4)
c>4a—b=—(ax+b—x—4) c>(x+4)(l—a)=0<:>a:1 (do x+4+0)

Véia=1 mada—b#0nén b#4.

Vay a =1, beR\{4}.

Chii y: Ta c6 thé lam trac nghiém nhu sau:
+ Vi 4a—b # 0 nén loai dugc ngay phuong an A: a =1, b=4 vaphuonganD: aeR, beR

Do d6: 2/*(x)=(F(x)-1) f'(x) &

;rBé kiém tra hai phuong an con lai, ta liy =0, a = 1. Khi d6, ta c6
x 4 , 8
F = — =—, = — .
()= ) Gy’ ) (x+4)

Thay vao 2/ (x) =(F(x) —1) /'(x) thdy ding nén,

DANG 4: NGUYEN HAM HAM SO VO Ti
Cau 83. Ho nguyén ham ciia ham sé f(x) =x +3x3/? la:

3 2 232
A 2x\/;+9x\/x LC. B. Sx\/;+27x A x L C.
4 8 3 8
23 232
c. 2x;/;_9x5\/;+c. D, 2x;/§+9x 8\/x i

leé'ng din giai

3 3/.8 23[.2
x 3.3\/x_+c_2x\/;+9x \/x—+c

Chon D. Taco: ( x +3x3/x7 |dx =

8 3 8
Cius4. N hé f(x)= L, 2.3y
au u Cl’l amcua = T = a.
guy \/; %/;
A. 2\/}+3x3/?+3x+C. B. 2\/§+§%/x_2+3x+c.
C %\/;+3i/x_2+3x+C. D. %\/Z+%i/x_2+3x+c.

Huéng din giai
Chon A. Taco:

1 2

1 1
3l =[x 2 +2x 343 ldx=2x2 +3x° +3x+C =2Jx +33x% +3x+C.
(7 v Joe- [ |

Cau 85. Tinh j thu duoc két qua la:
Vl=x )

A. ¢ B. 21-x+C C. 2 +C D. V1-x+C
1-x N1—x

Hwéng dan giai

dx
Chon B. Ta co: JJl—z—Z\/l—x+C_
—X

Cau 86. Goi F(x) 1a nguyén ham ctia ham s f(x)= \/m—% Nguyén ham cia f(x) biét
X
F(3)=6 1a:
A. F(x)zgﬂ(x+l)3—%+é. E.F(x):gﬂl(x-l,-]f_{_%.k%,
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C.F(x)=2\(x+1) =<3 D. F(x) =2 \(x+1) +-

x 3 3 x
Hwéng dan giai

Chon B. Taco: J.(\/x+l—i2}k:§.[(x+l)3 +1+C.
X X

Theo dé bai, ta lai cé:

2 3 1 1 2 3 1 1
F(3)—6<:>—\/(3+1) +§+C—6<:>C_§. F(x)—g,/(xﬂ) +;+§.

Ciu 87. Cho j = a(x+2\x+2 +b(x+DVx+1+C. Khi d6 3a-+b bing:
x+2+x+1
A 22 B. L. c 2, p. 2.
3 3 3 3

Hwéng dan giai

Chon C. jﬁ:j(\/ﬁz —Jx+1)dx =§(X+2)\/x+2—§(x+l)\/m +C

:>a=z; b:—z =3a+b=—
3 3
x—1
0= [——d
Cau 88. Tim x+l9
A Q=\/x2—1+1n‘x+\/x2—l‘+C. B. Q=\/x2—l—ln‘x+\/x2—l‘+C.
C. Q=1n‘x+\/x2—1‘—\/xz—l+C. D. Ca dép 4n B.C ddu ding.

Huéng din giai

N x—1 x=1
Chon D. biéukién: —>20<
x+1 x<-1

Truong hop 1: Néu x>1 thi

0- j\/:dxj A v e A R N

Truong hop 2: Néu x < —1 thi

0= j\/:dx j j\/ —I\/xf_ldlen

Ciu 89. Biét F(x) l1a nguyén ham cia ham sb f(x)=2\/1—+1 +m—1 thoa min F(0)=0 va
x

x+x? —1‘—\/)62—1 +C

F (3) =7 . Khi d6, gia tri caa tham s6 71 bang

A. 2. B. 3. C. 3. D. 2.
Huéng din giai
Chon B. Taco F(x j( =~ ljdx x+l+(m-1)x+C.
C+1=0 C=-1

Theo gia thiét, ta c6 F(0)=0 N = . Vay F(x) =Vx+1+2x—1.

( )= C+3m=8 m=

Cau 90. Ham s F(x):(ax+b)\/4x+1 (a,b 1a céc hing sd thuc) 1a mot nguyén ham cua
12x
X)= .Tinh a+5b.

T)= e T e
A. 0. B. 1. C. 2. D. 3.
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Huoéng din giai
' 2x 6ax+a+2b
Chon B. Taco F'(x)=avVax+1+(ax+b). =

Vax+1 Vax+1

pé F (x) la. mot nguyén ham cua f (x) thi

6a=12 a=2
& & .
a+2b=0 b=-1
Dod6 a+b=1.
Cau91. Biét F(x)z(ax2+bx+c)\/2x—3 (a, b,CEZ) ]a mot nguyén ham cia ham sb
20x° —30x+11
fx) =
( ) V2x-3
A. T =8. B.T=5. C.T=6. D.T=17.
Hwéng dan giai

bax+a+2b  12x
Vax+1  Jax+1

3
trén khoang (5,4-00) Tinh T=a+b+c.

ChonD. Taco F'(x)=r(x).

Tinh F'(x)=(2ax+b)2x—3+(ax’ +bx+c).

2x-3
:(2ax+b)(2x—3)+ax2+bx+c :5ax2+(3b—6a)x—3b+c Do dé
V2x-3 V2x-3 '
Sax’+(3b—ba)x=3bre 200 30vH1 52 (3 6a)x—3b+c=200 ~30x-+11
V2x-3 V2x-3

5a=20 a=4
=13bh-6a=-30=b=-2=>T=7.

—-3b+c=11 c=5

DANG 5: NGUYEN HAM HAM SO LUQNG GIAC
Céu 92. Ho nguyén ham cia ham sé f'(x)=2cos2x lIa
A. -2sin2x+C. B. sin2x+C. C. 2sin2x+C. D. sin2x+C.
Hudng dan giai
Chon B. Taco J.f(x)dx = J.2cos2xdx = 2%sin2x+ C =sin2x+C.
Ciu 93. Ho nguyén ham cia ham s6 f (x) =sin5x+2 1a
A. 5cos5x+C. B. —gcos 5x+2x+C.C. %cosSx +2x+C. D.cosSx+2x+C.
Hudng dan giai
Chon B. Taco If(x)dx = J(sin S5x+2)dx = —%cos5x+ 2x+C.
Ciu 94. Ho nguyén ham cia ham s6 f (x) =2x+sin2x la
A. x? —%cos2x+C- B. x? +%cos2x+C- C. x>=2cos2x+C. D.x*+2cos2x+C.
Hudng dan giai
Chon A. Tacd [ f(xhbe=[(2x+sin2xbs = x* = cos2v+C.
Cau 95. Ho nguyén ham ctia ham ) f (%) =cos” 2x la:
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Al l+cos4x+c‘ B.f—COS4x+C. C. l_cos4x+c‘ Q.f cos4x
2 8 2 2 2 2 2 8
Huwdéng dan giai
ChenD. Tacs: [cos’ 2xdy=| (M]dx=5+sm4x+c.
) 2 2 8
. V4
CAu 96. Tim nguyén ham ctia ham s6 f (x)=cos(3x+gj.
. 1.
A. jf(x)dx=3s1n 3+ +C. B. jf(x)dx=——sm 3+ +C.
6 3 6
. V4 l . V4
C. J-f(x)dx:6sm 3x+g +C. D. J.f(x)dx:§sm 3ijg +C.

Huéng din giai
Chon D.  Ap dung cong thirc: [cos(ax+b)dx = lsin(ax +b)+C.

a

Cau 97. Cho F(x) =cos2x—sinx+C 1 nguyén ham cua ham s f(x) Tinh f(n)

A. f(n)=-3. B. f(m)=1. C. f(m)=-1. D. f(n)=0.
Huéng din giai
Chon B. Taco: f(x)=F'(x) = f(x)=—2sin2x—cosx. Do do: f(n)=1.
j dx
Cau 98. Tinh: ° 1+cosx

A. 2tan2+C. B. tan>+C . C. ltan£+C. D. ltan£+C.
2 2 2 2 4 2

Hwéng dan giai
Chon B. Taco: J' dx —I “__antic.
2

l+cosx 200525
2
Cau 99. Tim nguyén him F(x) ciia ham sb f(x)=6x+sin3x,biét F(o)zé
A. F(x)=3x" _cos33x+§. B. F(x):3x2 —C0:3x—1.
C. F(x):3xz+@+l Q.F(x):3x2_cos3x+l.
Huéng din giai
Chon D. Ta co:
If(x)dxzj(6x+sin3x)dx=3x2 _cos3x +C :F(x).
F(O):§<:>O—§J+C=§ < C=1. Vay F(x):3x2_0053x+1,

Cau 100. Ho nguyén ham cua ham s f| (X)=tan’ x la:
A. cotx—x+C. B. tanx—x+C. ~C.—cotx—x+C. D. —tanx—x+C.
Hwéng dan giai
Chon B. Taco: jtanzxdx=I(tan2x+1—1)dx=tanx—x+C.

Céu 101. Cho F(x) 14 mot nguyén ham cta ham s§ y = — va F(O) =1. Khi d0, ta ¢ F(x) la:

cos’ x
A. —tanx. B. —tanx+1. C. tanx+1. D. tanx—1.
Huéng din giai
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dx
cos® x

Chon B. Tact: F(x)=|- = —tanx+C.Ma F(0)=l<—-tan0+C=1<C=1
Vay F(x):—tanx+1.
Cau 102. Cho ham s6 f(x) =sin" 2x. Khi do:

A. '[f(x)dx=%(3x+sin4x+%sin8x]+€. B. jf(x)dx=%(3x—cos4x+%sin8xj+€.

C. If(x)dx:%(3x+cos4x+%sin8xJ+C. D. If(x)dx:%(3x—sin4x+%sin8x]+C.

Hwéng dan giai
Chon D
1

Ta co: Isin“ 2x.dx = ZI(] —Cos 4x)2 dx = %J(l—2cos 4x + cos’ 4x)dx

:%I(3—4cos4x+0058x)dx:%(3x—sin4x+ésin8xJ+C.

. . . 1
Cau 103. Bict rang F(x) la mgt nguyén ham ctia ham so f(x) = s1n(1—2x) va thoa man F(E) =1

Ménh dé nao sau déy 1a ding?
A. F(x):—%cos(l—2x)+%. B. F(x)=cos(1-2x).
C. F(x)ZCOS(l—Z)C)-l-l. Q. F(x):%cos(l_zx)_f%'
Huéng din giai
ChonD. F(x)= If(x)dxzjsin(1—2x)dx = —%[—cos(l—Zx)]+C =%cos(l—2x)+C.
. 1 1 1 1 1 1 1
Ma F|— |=1e—=cos|1-2.— |[+C=1—+C=1<C===F(x) =—cos(1-2x)+—.
2 2 2 2 2 2 2
Cau 104. Nguyén ham J(sin2x+cos x)dx la:
A. %cos2x+sinx+c. B. —cos2x+sinx+C.

C. —%cos2x+sinx+C- D. —cos2x—sinx+C.

Hudéng din giai
Chon C. Taco: I(sin 2x+cosx)dx = —%cos 2x +sinx+C .

Cau 105. Nguyén ham Hsin(2x+3)+cos(3—2x)]dx 1a:

A. —2cos(2x+3)—2sin(3-2x)+C. B. —2cos(2x+3)+2sin(3-2x)+C.

C. 2cos(2x+3)—2sin(3-2x)+C. D. 2cos(2x+3)+2sin(3-2x)+C.
Hwéng dan giai

Ta co:

[['sin(2x+3) +cos(3—2x) |dx = =2 cos (2x +3) —2sin (3-2x) + C.

Chon A

Cau 106. Nguyén ham [[ sin® (3x+1)+cos x jdr 1a:

A. %x—3sin(6x+ 2)+sinx+C. B. x—3sin(6x+2)+sinx+C.
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Cau 108.

Cau 109.

Cau 110.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

C. %x—3sin(3x+1)+sinx+C. D. %x—3sin(6x+2)—sinx+c.

Hwéng dan giai
Chon A. Tacé:

J[sinz (3x+1) +cosx]dx = I[w +cos x}dx = J[é—%cos(@ﬁ 2) +cosx}dx

:%x—3sin(6x+2)+sinx+C

Két qua nao dudi day khong phai 1a nguyén ham ciia J.(sin3 x+cos’ x) dx ?

A. 3cosx.sin? x—3sinx.cos’x+ C . B. %sin2x(sinx—cosx)+C-

C. 32sin 2xsin(x—%j+ C. D. 3\/§sinx.cosx.sin(x—%j+C.

Hwéng dan giai
Chon C. Taco: I(sinS X +cos’ x)dx =3cosx.sin” x —3sinx.cos’ x +C

zgsian(sinx—cosx)+Czgsiansin(x—%j+C

Cho ham s f (x) =cos3x.cosx. Mot nguyén ham ctia ham s§ f'(x) bing 0 khi x=0 Ia:
sin4x sin2x sin4x sin2x cos4x cos2x
+ C. D. +
8 4 ) 2 4 8 4
Hwéng dan giai

A. 3sin3x+sinx B.

Chon D. Tacé: F(x)= Icos 3x.cos.dx = %J‘(cos 2x + cos4x)dx =%sin 4x +%sin 2x+C

cos4x N cos2x
8 4

F(0)= 0©%sm0+%sm0+c 0= C=0. Vay F(x)=
F : = cot’
Ho nguyén ham (x) ctiia ham so / ( ) cot-x la:
A. cotx—x+C B. —cotx—x+C C.cotx+x+C D. tanx+x+C
Hudéng dan giai
Chon B. Tacé: J.cotzxdxzJ.(cotzx+1—l)dx=—cotx—x+C.

1+cos’x

A. F(0)=—4+6In2. B. F(0)=—4—6In2. C. F(0)=4—6In2. D. F(0)=4+6In2.
Huéng din giai

Cho F/(x) 1a mot nguyén ham ctia ham s # (x)= _SIN4Y e man F(LZT] =0. Tinh F(0).

Chon A
Cich 1. Taco F(x)=[f(x)
sin 4x 2sin2x.cos2x 4sin2x.cos2x —2.c082x.(3+c0s 2x)
e R e
X +cos2x 3+cos2x
2

3 2
:_.[ +0s2x) d(3+cos2x)=—2'|.(1— 3 jd(3+cos2x)

3+cos2x 3+cos2x

=-2(3+cos2x) +6]n|3+cos2x|+C.
Do F(%):O<:>—2(3+cos7r)+6ln|3+cos7r|+C:0<:>C:4—61n2.
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= F(0)=-2(3+c0s0)+6In[3+cos0]+4—-6In2=—4+6In2.

% sin 4x K T % SiI’l4JC
——dx=F 2=F|—|-F(0)==F(0 F(0)= dx ~0,15888.
j (O = [Z ) r@)=-r(0) = F(0)=-[ 222

1
Cau 111. Biét F(x) 12 mot nguyén ham ciia ham sb f(x) =tan’ x va F( } 1. Tinh F(—Zj

PN of Iy R P D 2 i) B P o 2 ) R T (N 3 i Bt
4) 4 ="4)2 4 4) 2

Hwéng dan giai
Chon B
jtanz xdx = _‘.[(tan2 x+1)—1]dx =tanx—-x+C.

Do F| Z |=1otnZ-Zic=1aCc="Z.vay F| -Z |=tan| -2 |-| -Z |+ Z=Z -1,
4 4 4 4" 4 4 4)74 2

. , Vi RY/4
Cau 112. Tim mot nguyén ham F(x) ciiahamsé f(x)=(1+sinx)" biét F(EJ:T
3 1 . 3 1 .
A. F(x)==x+2cosx——sin2x. B. F(x)=>x-2cosx——sin2x.
2 4 2 4
3 1 . 3 1 .
C. F(x)zEx—Zcosx+Zsm2x. D. F(x)=5x+2cosx+zsm2x.

Huéng din giai
Chon B

Taco I(1+sinx)2 dsz’(1+2sinx+sin2 x)dX:J-(stiner I_C;SZX}LY

3 .
=—x—2cosx—lsm2x+c
2 4

7\ 37 R4 1 RY/4
F|— =—c>———2c0s—+ sint+c=—<c¢=0.
2 4 22 2 4 4

~ 1 .
Vay F(x):%x—Zcosx—Zstx.

Cau 113. Tim ho nguyén ham cta ham s§ f (y)= —2o3x+ 2c083x

5sin3x—cos3x

A. —£x+iln|55in3x—cos3x|+c. B. —zx——ln|55in3x—cos3x|+C.
26 78 26 78
17 . 17 7 .
C. —x+—ln|5s1n3x—cos3x|+C. D. —x——1n|5s1n3x—cos3x|+C.
26 78 26 78
Hwéng dan giai
Chon A.
417
) . ) 54+3B=-3 26
—3sin3x+2cos3x = A(5sin3x —cos3x)+ B(15cos3x +3sin3x) = =
—-A+15B=2 7
B_
78

Céu 114. Biét j (sin2x—cos2x)’ dx = x + %cos 4x+C, Vi G, b 1a cac sb nguyén duong, % 1a phan

5i gianva C € R . Gia tri cia a +b bang
. B. 4. C. 2. D. 3.
Hwéng dan giai

lJlO)

sb t
A.
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Chon A
Ta co I(sin 2x—cos2x) dx = j(l—Zsin2xcos2x)dx = I(l—sin4x)dx = x+%cos4x+ C.

Ma J-(sian—cost)2dx=x+%cos4x+C nén {b =a+b=35.

Cau 115. Tinh I=I8sin3xcosxdx=acos4x+bcos2x+C. Khi d6, a —b bang

A. 3. B. 1. C. 1. D. 2.
Hudéng din giai
Chon C
1 =J8sin3xcosxdx =4j(sin4x+sin2x)dx =—cos4x—2c0s2x+C = a=-1,b=-2.

Cau 116. F(x) 1a mot nguyén ham ctia ham s6 y = 2sin xcos3x va F(0)=0, khi d6

A. F(x)zcos4x—c052x, B.F(X)ZCOSU cos4x 1

_cos2x cos4dx 1‘ D. F(x):cos4x cos2x 1

. 4 2 4
Huwdng dan giai
Chon C
Tacod y =sindx—sin2x = F(x):_COS4x N cos2x

4 2

+C,vi F(O)ZO nénC:—%.

cos2x cosdx 1

2 4 4
Céu 117. Cho aeR. Ham sd nao sau day khong phai nguyén ham ctia ham sé f (x) =sinx.

Nén F (x)=

xX—a

2

sin

A. E(x)z—cosx_ B. Fz(x):ZSinera

: X)) . X _
C. F(x)=-2sin| a+= |sin| a—= |. D. F,(x)=2cos T Xsin EX.
2 2 2 2
Hwéng dan giai
Chon A. Taco jsin xdx =—cosx+C . Pap an A 1a nguyén ham ctia ham s6 f(x) =sinx.

. Xt+a . [ sz | ~ | , \ £ :
2sin sin = cosa —cos x - Pap an B 1a nguyén ham cua ham so f(x) =sinx.

. x) . x .
—2sm(a+§jsm(a—5j=cos(2a)—cosx. Pap 4an C 1a nguyén ham cua ham sb

f(x)zsinx.
2008 FE sin%—% _ging —sinx. Pap an D khong phai 13 nguyén ham ctia ham sd
f(x)=sinx.
Cau 118. Tim ho nguyén ham ctia ham sb f(x)=tan’ 2x+%.

2 1 2 1 X
A.I tan 2x+5 dx=2tan2x—-2x+C. B.I tan 2x+5 dx:tan2x—§+c.

) 1 ) 1 tan2x x
C.'[ tan” 2x+— |dx=tan2x—x+C. D.j tan” 2x +— |dx = _Z4iC.

2 - 2 2 2

Huéng din giai

Chon D. Ta cé: J‘(tan22x+%jdx:j( ! ljdx:tan2x_g+c.

2

cos’2x 2
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Céu 119. Ham s F(x) = 1n|sinx—3cosx 13 mot nguyén ham ciia ham s6 nao trong cac ham sb sau
day?
3cosx —cosx—3sinx
A — Snlx— . B, X =
f( ) cosx+3sinx f( ) sinx —3cos x
(x)zm. D. f(x)=cosx+3sinx.
sinx —3cosx -
Hwéng dan giai

Chon C. Tacé f(x) =F'(x)=(ln|sinx—3cosx|), _ cosx+3sinx

sinx—3cosx

. 44 T\ 37
CAu 120. Ham sé £ (x)=7SOS*X 48X o6 ot nguyén ham F(x) thoa man F (—J =—.
cos x +sin x 4 8
T .
Giatri F (3) bang?
A 372'—111n2. B.S_ir_ C.S_zr_ D. 37r—ln2.
4 4 8 4
Hudéng dan giai
3, . 11 .
=(sinx+cosx)+—(—sinx+cosx) 3 11 —sinx+ cosx
Chon A. Tacé f(x)=2 Z _ 2, CsinxHcosy
COS X +SIn x 2 2 cosx+sinx
3 11 —sinx+cosx e
J'f dx J‘ dxzier E smx+c.osxdx
2 2 coSx+sinx 2 2 cosx+sinx
11 1 . 11 .
=3x+— —,d(cosx+smx)=3x+—ln|cosx+smx|+C-
2 2 7 cosx+sinx 2 2
Vi 37r
MaF( j 3” 1\/_+C_ C:—Ean
4) 8 7% 8 4
T 372' 3z 11
Do do F| — +C=——-——n2.
2 4 4 4
I ,[ smx
Cau 121. Tim sin x + cos x ?
A. 1:%(x+1n|sinx+cosx|)+c. B. I:x+1n|sinx+cosx|+C.
C. ]=x—hl|sinx+cosx|+c. D. I:%(x—ln|sinx+cosx|)+C
Huéng din giai
ChenD. Dijt: 7= | LR
sin x + cos x
:>I+T:I . sin x dr+ I cos x _J‘s%nercosxdx:HC1 (1)
sin x + cos x sin x + cos x sin x + cos x
Ta lai c6:
I_T J- sin x Iy J~ coS X J~s1nx cosx _
sin x +cos x smx+cosx s1nx+cosx
smx-l—cosx
= T——j—)=—1n|sinx+cosx|+C2 (2)
sin x +cos x
_1 In |si C
[+T =x+C, ]—E(x— n|s1nx+cosx|)+

Tir (1);(2) ta co hé: { -
I-T =—In|sinx +cos x|+ C, T:%(x+1n|sinx+COSX|)+C

H 30



Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

y sinx COS X —SInx . \
Cau 14. Bict [ = 4,dX=IA+B(—, . Két qua cua A, B lan luot 1a
COS X +S1inxX COS X +Sinx
A A=B=21, B. A-B--1. C.a=-Lp-1 D.4=1
2 2 B 2 2 2
Huwéng dan giai
Chon D. Ta co:
sin x _A+B(cosx—sinxj_A(cosx+sinx)+B(cosx—sinx)
COS X +8in x COS X +8inx COS X +sinx

= sinx=A(cos x +sinx)+ B(cos x —sinx) = (4 + B) cos x + (A4 — B)sinx

Do d6:

Cau 122.

Cau 123.

1
{A+B=O 4=

=
A-B=1 B:—l
2
I cos’ x l
Tim sinx+cos*x 9

A T= 1( 1 [\/5+s1n2xD+C. B I=x— lzln(\/z+sm2x

\/E—Sian

2\/_ \/_ sin 2x

i 1 2+sin2
Q.Izl Y+ ——In V2 +sin2x +C. D. [=x-——=In V2 =
207 242 (V2 -sin2x 22 V2 -sin2x
Hwéng dan giai
4
s1n X
Chon C. bit: T= j—dx

S )C+COS X

4T = J’ COS X de+ J‘ s1n X J~sm X+COS )CE X+C

s1n x+cos X s1n X+COS X S X+COS X

Mat khac:
4 .4 4 s 4
CoS X Sin- x COS X—Sm Xx
I1-T= I dx —J. a4 4 dx = J.ﬁdx
sm X+ COS X S x+Cos SiIn° x+CoS x

dy = _[ cos2x It

1——sm X
2

2cos2x dr— 1 [ﬁ+sm2x} c,

2 —sin’2x 2\/_ \/_ sin 2x ’
Tir (1);(2) ta co hé:

[+T=x+C, I 1 1 \/5+sm2x L C
2\/_ \/_ sin 2x
1 [x/z+sm2xj C:>
2

sin2x + 1 \/_+s1n2x
2\/_ \/_ ? L 2\/_ (\/_—s1n2xn+c

Ho nguyén ham cita ham s6 f'(x)=-3sin2x+2cosx—e" 1a

cos® x —sin’ x

<[-T=
J‘1—2sin2 x.cos> x

(2)

<:>1—sz

I1-T=

A. —6cos2x+2sinx—e*+C. B. 6cos2x—-2sinx—e*+C.
C. %cost—Zsinx—e"+C- D. %cost+2sinx—ex+C-
Huéng din giai
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Chon D. I(—3sin2x+ 2cosx—e‘)dx =%cost+ 2sinx—e* +C.

CAu 124. Cho hamsb y = f(x) lién tuc trén doan [0; 72']\{7—2[} thoa min f'(x) =tanx,

Vxe(—z;s—ﬂJ\{z}, f(O)zO, f(fz)=1. Ti sb gitra f(z?ﬂj va f(zj bang:

4 4 2 4

1(1+In2)

A. 2(10g26+1). B. 2. m D. 2(1—10g2 e).

Hwéng dan giai

—Incosx+C, khi 0<x<Z

Chon A. Ta co f(x)zftanxdx=—1n|cosx|+C= 2
—In(-cosx) +C, khi %<x£7r

f(0)=0=C=0va f(7)=1=C, =1,

—Incosx khi 0Sx<%

Khi do f(x) —
—1n(—cosx)+l khi %<x£ﬂ'

2 1 .
Suy ra f(fj=(1n2+l) va f(%jZEhlZ Vay ti s6 can tim 12 2(log, e+1).

DANG 6: NGUYEN HAM HAM SO MU LOGARIT
Cau 125. Tim ho nguyén ham ctia ham sb f(x) =5,

52x 25x
A. [57dy =2.—+C. B. [5%dx =
.[ In5 - I 2In5
x+1
C. [5dx=25"m5+C. D. |57 dx = +C.
x+1
Huéng din giai
25" 25"
14 2x _ X — —
Chon B. Taco js dx_jzs dx 1r125+C 21r15+C.
__2018x
Cau 126. Tim ho nguyén ham ctia ham sb ! (x) -C
_ 1 2018x .
A. If(x)dx—m.e +C- B. J.f(x)dx262018 +C.
c. [/ (x)dr=2018e"" 1 C p. ]/ (x)dr=e""n2018+C

Huéng din giai
Chon A. Theo cong thitc nguyén ham mé rong.
— a2x —
Cau 127. Tim nguyén ham F(x) ctia ham s6 f(x) —¢ , biét F(O) _1.

2x

A. F(x)=€™. B. F(x)= 62

+%. C. F(x)=2¢""-1. D. F(x)=¢".
Hudéng din giai
Chgn B. Tacé: F(x)= If(x)dx = je“dx :%e“ +C.
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Cau 129.

Cau 130.

Cau 131.

Cau 132.

Cau 133.
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2x

ca 1A 1 ~ © 1

Th thiét: = - —.Vay F(x)=—+—.
eo gia thi€t: F(0)=1=C 5 ay ( ) > 5

Cho F (x) 1a mot nguyén ham cta f (x) =¢”" thoa mian F (0) =1. Ménh d ndo sau day la
dang?
AoF(x):le“Jrz. B-F(x):le“.
- 3 3 3
C. F(x)leSX-i—l- D.F(x):_le3x+i‘

3 ) 3003

Hudéng dan giai

Chon A. Tacéo F(x):Ie3xdx=§e3x+C. Lai co F(O):1<:>§+C:1<:>C:§

Cho F(x) 12 mot nguyén ham ciia ham sb f(x)zex+2x thoa man F(O):%. Tim F(x).
A-F(x)=e*+x2+§. B-F(x)=2€*+x2—%.
C.F(x)=e 45 43 D. F(x)=e +x

Huéng din giai
Chon D
F(x)zj.(e”+2x)dx=ex+x2+C F(0)=i® +C=2oc=1 F(x):e"+x2+l
2 2 2 2

Cho ham s f(x) thoa man f’(x)=2018"1n2018—cosx va f(O)ZZ.Phét biéu nao sau
dang?
2018 .
= x 1 = 1
A. f(x)=2018" +sinx+1. B. f(x) —opg TSI L
2018 . L
C. f(x)zlnzmg—smxﬂ, D. f(x)=2018"—sinx+1.

Hwéng dan giai
Chon D. Tacé f(x)=[(2018"In2018-cosx)dx = 2018" —sin x + C
Ma f(0)=2 < 2018 —sin0+C =2 < C=1. Vay f(x)=2018"—sinx+1.

2 3x 2d

Tinh -[( ter)dx

A. 3x+ie3x+le“+C B. 4x+ie3"+§e6X+C
3 6 3 6

C. 4x+ie3x—le6x+C D. 4x+ie3x+le“+C
3 6 3 6

Hwéng dan giai
6x

Chon D. Ta co: j(2+e3")2dx=j(4+4e3x+e6’<)dx=4x+4i;+e6 +C.

Néu F(x) la mot nguyén ham cua J)=e(l-e”) va F0)=3 thi F(x) 139

A. e —x B.e"—x+2 C.et—x+C D. e —x+1
Hwéng dan giai

Chon B. Ta co: F(x)zjex.(l—e'”)dxzj(ex—l)dxzex—x+C

F(0)=3c¢"-0+C=3<C=2. Vay F(x)=¢"—x+2

Ho nguyén ham ctia ham s6 f(xX)=€" —e " la:
A.e"+e"+C. B.e e+ C.
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C.-e"+e"+C. D.e"+e"+C.
Hudng dan giai
Chon A. Taco: J.(e)C —e”‘)dx =e'+e +C.
Cau 134. Ham sb F(X)=€"+¢e " +X 1a mot nguyén ham cua ham sb nao sau day?

A. f(X):eix +€x+1 B. f(x):ex —e? +%x2
g. f(X)Zex—e_x+1 D. f(x)zex+e—x+%x2

Hwéng dan giai
Chon C. Ta co: j(e +e +1)dx=e"—e " +x+C.

Cau 135. Ho nguyén ham cua ham s§ f(x) =&~ la:

3x —2x 2x —3x
A,e +e +C, B. 62 +e +C.
3x —3x -2x 3x
c,e +e +C, D,e +e +C,
2 2 3 2
Hwéng dan giai
2x —3x
, 2x —3x _e e
Chon B. Taco: [ ¢ ™ )dv="-+=—+C.
Cau 136. Ho nguyén ham cua ham s§ f (0)=3""-2"1a-
2x —3x 2x —3x
A. 3 + 2 +C. B. 3 — 2 +C
— 2.In3 3.In2 2.In3 3.In2
—2x 3x —2x 3x
C. 3 + 2 +C. D. 3 - 2 +C
2.In3 3.In2 2.In3 3.In2
Huéng din giai
5 ; 32x 2—3x
Chen A. Tacs: [(3 -2 )dxzz.hq3+3.1n2+c

Cau 137. Him s y = f(x) c6 mot nguyén ham la F(x) =¢e” . Tim nguyén ham ctia ham sb f(x—2+1
e

A. If(xz+1dx=e"—e'x+c. B. I—f(xz+1dx=2ex—e"‘+C.
e e

. [ g saeve v p. [L0 g Lo oic
e e 2

Huéng din giai
Chon B

Vi ham s6 y = f(x) c6 mot nguyén ham 1a F(x)=e™ nén ta co: f(x) =(F(x))' =2¢™.

+1 2¢™ +1 .
Khi do: jf(xz dv=[=dv - (26" +e ar =2¢"—¢ " +C.
€ [§
Chu 138. Tim nguyén ham ciia ham s6 f'(x)=¢" (1+e’x).

A [f(x)dr=e"+C. B. [f(x)dx=c"+x+C.

C. [f(x)dx=c"+e" +C. D. [f(x)dr=e"+C.
Hwéng dan giai

Chon B. Tacd [ f(x)dx=[(e"+1)dx=c"+x+C.
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Cau 139. F (x) 12 mot nguyén ham ctia ham s§ y = xe* . Ham sO nao sau day khong phai la F (x) ?
1 . 1y
A-F(x)z;e +2. B.F(x)—g(e +5)-
C. F(x)=—2e” +C. D. F(x)=-+(2-¢").
- 2 2

Hwéng dan giai
Chon C.

Ta thiy & déap 4n C thi (_lef . cj _ _xe” % xe* nén ham sb & dép 4n C khong 14 mét
2

2
nguyén ham cua ham y=xe" .

. | Ax b
Céu 140. Tim nguyén him F(x) cia ham sb f(x)=22 (3 —:{:]
12° 2
A. (x)= - x\/;+C. B. F(x):12x+x x+C.
In12 3
22 (3 xfx 2% (3 xJxIn4
C. F(x)= - . D. F(x)= - :
() ln2(ln3 4"} () n2{m3 4
Hwéng dan giai
Chon A
Jx 127 2xx
Taco f(x)=2%]3 == |=12"—x . Nen F(x)=[(12" =x)dr=—"—— +C.
acs f(x) ( 4"] en F(x)=]( ) mi2 3
CAu 141. Tinh nguyén ham cta ham sb =g 2018¢ -
. guy f(x)—e 2017 - S .
A. [f(x)dx=2017e*+20}8+c. B. J.f(x)dx=2017ex+50i’5+C-
X X
C. [f(x)dx=2017e’f—50i’5+c. D. [f(x)dx=2017e*—2°}8+c.
X X
Huéng din giai
Chon B. If(x)dx:I(2017e"—2018x'5)dx=2017e"+w+c.
X
2x Ax Ax
Cau 142, Tinh ) 2 37"
A 84 +C B ﬂ+c C. 84" +C D. 84" In84+C
= Ing4 " In4.In3.In7 S e e
Hwéng dan giai
84"
Chon A. Taco: [2737 dv=|84"dx=—-+C.
on aco I I n8d
62x+l_2
Cau 143. Nguyén ham j de 1a:
e)C
EerI 2 = §)chI 2 X
A. ée3 ——e3+C, B. ée3’ +—e*+C.
3 3 3 3
5 2 27 554 2 =
C.—-¢ ——e'+C. D. e +=e’+C.
3 3 - 3 3
Huéng din giai
Chon D. Ta co:

H 35



Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

J_ez;;le—x_z =J_[ezjl %]dxzjl(ezﬁl Y ]dx J-[ e;‘)dngeiﬁl +§e§ LC

Cau 144. Cho F(x) la nguyén ham ctia ham sé £ (x) =

VA F(0)=-;In4. Tip nghiém § cia
phuong trinh 3F(x)+1n(ex +3) =21a
A. S={2}. B. S={-2;2}. c. S={1;2}. D. S={-21}.
Hwéng dan giai
X 1 R
Chon A Ta ¢6: F (x) = je +3=—j{ ~ +3de=§(x—ln(e +3))+C.

Do F(O):—%ln4nén C=0. Vay F(x):%(x_ln(eug,)),

Do d6: 3F (x)+In(e' +3)=2 < x=2

Céu 145. Him sb F (x)= %e“” (9x2 —24x+1 7) +C 1a nguyén ham cta ham s nao dudi day.

A. f(x)= (x2 +2x— 1) e B. f(x)= (xz —2x—1)e3“1.

C. f(x)= (x2 —2x+1)e3“1 : D. f(x)= (x2 —2)6—1)63“’1
Huéng din giai

Chon C

F'@):(% (957 —24x+17)j 217 [3@““ (9x7 = 24x+17)+ > (957 —24x+17),}

_ L

27[3 e (9x% ~24x+17) + 3“(18x—24)]= S5 e (270 —54x+27) = (x - 20 41)

Cau 146. Cho hai ham s F(x)z(x2 +ax+b)e"‘ va f(x)z(—x2 +3x+6)e'x. Tim ava b dé F(x)
1a mot nguyén ham ctia ham s f (x) .
A.a=1,b=-T7. B.a=-1,b=-7. C.a=-1,b=7. D.a=1,b=7.
Hwéng dan giai
. 5 _ . |2=a=3 a=-1
Chon B. Tacod F (x):(—x +(2—a)x+a—b)e *= f(x) nén b6 :
a— =

Chu 147. Tim F=[xe dx,,

A F=¢é' [x" —nx"! +n(n—1)x”_2 +...+n!(—l)n_1 x+n!(—1)n}+xn +C.
F:ex[x” —nd"" +n(n—=1)x"7 +..+n!(- 1) 1ern!(—l)n]+C_
F=nle"+C.
F=x"—nx"" +n(n—l)x"'2 +...+l’l!(—l)n_1 x+n!(—1)" +e" +C.
Huéng din giai

Luwu y: ta ludn c6 diéu sau [e"f(x)]' :ex.f(x)+e".f'(x)+C:ex [f(x)+f’(x)]+C
F = J [ x" +nx" n(x"’l+(n—l)x"’z)+n(n—1)(x”’2+(n—2)x"’3)+...+n!(—1)"71 (x+1)+n!(—1)n}dx
o F=e [x —nx"" +n(n—1)x"’2+...+n!(—1)"71x+n!(—l)"}

Chon B

S 0 I®
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Cau 148.

Cau 149.

Cau 150.

Cau 151.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

Gid it [ (2x° +5x” —2x+4)dx = (ax’ +bx’ +cx+d)e’ +C. Khi d6 a+b+c+d bing
A.-2 B.3 C.2 D.5
Huéng din giai
Chon B
Ta co J.ez"(2x3 +5x7 =2x+4)dx = (ax’ + bx* +cx+d)e” +C nén
((ax3 +bx* +ex+d)e™ +C)' = (3ax’ +2bx +c)e™ +2e* (ax’ +bx* +cx +d)
= (2ax3 +(Ba+2b)x> +(2b+ 2c)x+c+2d)ezx =(2x° +5x* —2x+4)e™
2a=2 a=1
3a+2b=5 b=1
= .
2b+2c=-2 c=-2
c+2d =4 d=3
Vay a+b+c+d =3.

Do d6

Tinh nguyén ham cta ham s f(x)=¢" [2017 - 201856% j .
X
A. If(x)dxz 2017¢* + 2218 +C. B. jf(x)dx =2017e" + 5(1;’5 +C.
C. jf(x)dx=2017e*—50i’5+c. D. If(x)dx:2017e‘—2018+c.
X X

Huéng din giai

Chon B. If(x)dxzj(2017e"—2018x'5)dx=2017e"+Soi’5+C.
X

Gia su Iezx(2x3 +5x% =2x+4)dx = (ax’ +bx> +ex+d)e™ + C . Khi 46 a+b+c+d bing
A. -2 B.3 C.2 D.5

Huéng din giai
Chon B
Ta co J.ezx(2x3 +5x7 =2x+4)dx = (ax’ +bx’ +cx+d)e”* +C nén

((a)c3 +bx* +ex+d)e™ +C)'= (Bax® +2bx +c)e™ +2e* (ax’ +bx* +cx+d)

= (2ax3 +(Ba+2b)x* +(2b+2c)x+c+ Zd) e =(2x° +5x —2x +4)e™

2a=2 a=1
3a+2b=5 b=1
Dodo 17 N Viy a+btct+d=3.
2b+2¢c=-2 c=-2
c+2d =4 d=3

Cho F(x)= (ax2 +bx—c) e’ 1a mot nguyén ham cta ham s6 f (x)= (2018x2 —3x+1)ez"

trén khoang (—00;+00). Tinh T=a+2b+4c.

A. T =-3035. B. T=1007. C. T=-5053. D. T=1011.
Hwéng dan giai

Chon A

Vi F(x)= (ax2 +bx—c)e2’“ 1a mot nguyén ham cua ham s £ (x)= (2018x2 —3x+1)e2’“ trén

khoang (—00;+00) nén ta co: (F(x)), =f(x) , VO1 moi xe(—OO;'l'OO).

& (2ax’ +x(2b+2a)-2c+b)e™ =(2018x" —3x +1)e™*, véi moi x €(~00;+90).
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Cau 152.

Cau 153.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

2a=2018 a=1009
12b+2a=-3 & b:—@-
2
De+b=1 o
4

Vay T=a+2b+4c =1009+2.(—%J+4.(—¥) =-3035.
Biét F(x)= (a)c2 +bx+ c)e'x 1a mdt nguyén ham ctia ham s6 f(x) = (?_x2 —5x+ 2)e" trén
R . Tinh gié tri ctia biéu thirc f[F(O)] :
A. e, B. 20¢°. ~Q. 9. D. 3e.
Hudéng dan giai

Chon C. Taco
F'(x) =(ax2 +bx+c), e’ +(a)c2 +bx+c)(e_x)’ =(2ax+b)e_x —(ax2 +bx+c)e_x
F'(x)= [—ax2 +(2a—b)x+b—c}e’x
Vi F(x)= (ax2 +bx+c)e’x 1a mot nguyén ham cua ham s6 f(x)= (Zx2 —5x+2)e”‘ trén
R nén:
F'(x)=f(x),VxeR < [—ax2 +(2a-b)x +b—c]e"‘ = (2x2 —5x+2)e"‘,Vx eR

—a=2 a=-2
<32a-b=-5<b=1

b—c=2 c=-1
Nhu viy F(x)=(-2x"+x-1)e™ = F(0)=(-2.0"+0-1)e* =-1I.
Boivay f[F(0)]=/(-1)=(2." +5.1+2)e=9e.

Goi F (x) 12 mot nguyén ham ciia ham sé f (X) =2 thoaman F (0)= i Tinh gi tri bicu
n

thie T=F(0)+F(1)+F(2)+..+F(2017).

22017 +1 T_ 22017 _1

2018
B. T = 0172018 _ 27 -1 ‘

D. I'=

A. T=1009. . .
In2 - In2

Huéng din giai
2)(

Chen D. Taco: F(x):jf(x)dx:jzxdx:m2+(3.

1 1 2"
\ 1

M - =>—+C=—"-=C=0=F(x)=

a £ (0) n2 In2 In2 (x) In2

Khi d6: T =F(0)+F(1)+F(2)+...+F(2017)
20 2 22 22017 1 1_22018 22018 -1

=+t =—.
In2 In2 In2 In2 In2 1-2 In2
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PHUONG PHAP NGUYEN HAM DPOI BIEN

PHUONG PHAP TINH NGUYEN HAM BANG CACH PUA VAO VI PHAN

Céul. Chohamsé f(x)=

Ao [ f (x)x = 21n( ) B. [ f(x)dx=3In(1+x*)+C.
C. [f(x)dx=4mn(1+x*)+C D. [ f(x)dx=In(1+2")+C.
Huéng din giai
L[2xdx d(x2+1)
Chon D. Taco.jx2+1_j .
Cau2.  Chohamsd f(x)=x(x*+1)".Biét F(x) ]a mot nguyén ham ctia f (x) b thi ham s6 y = F (x)

di qua diém M (1;6). Khi d6 Fx) 1a:

=ln‘x2+l‘+C.

2 4 ) 5
A.F(x):(x+l)_%. B.F(x):¥_%5_

(x*+1) 15 s 14

C. F(x)= TERE F(x)— (x +1) t

Huoéng dén giai
Chon D. Tacd F(x):J'x x2+1)4dx=lj‘ x2+1 4d(x2+1):%(x2+1)5+c

M (1;6)e(C):y = F(x)<:>6——(1+1) +C<:>C—?:>F(x)— Lixte1) + 154

Cau3. Tinh I dxthu dugc két qua la:
A. 1_+x+c B. X .c c._ L ¢ D. Infl-x|+C.
1-x 1-x 1-x

Hwéng dan giai

Chon D. Ta c6: j_lzx"ix :jdgl_fz) =In[l-x|+C.
-Xx —Xx

2x+1

Caud4. Ho nguyén ham ciia him sé flx)=—"—1&
x“+x+4
A 2In|y’ +x+4[+C. B.In|x"+x+4|+C.
ln‘x2+x+4‘
————+C. D. 4In|x’ +x+4[+C.
Hmingdﬁn giai
x +x+4
Chon B. TaC()ZI 22x+1 dx I ) 1n‘x2+x+4‘+C_
X +x+4 X’ +x+4
Cau5. Ho nguyén ham ctia him s6 flx)=—5"—""— 26X
x"+4x-4
A. %.ln|x2+4x—4|+C. B. ln‘x2+4x—4‘+C.
C. 2In|x’ +4x-4/+C. D. 4In|x’ +4x-4/+C.

Hwéng dan giai
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2
Chon A. Ta co: J.zx;zdx: l.w:—.ln‘x2+4x—4‘+c.
x +4x—-4 2 x"+4x+4 2
CiAu 6. Ho nguyén ham ctia ham s f(x) = 22x4 la:
X"+
ln‘x2+4‘
A. 2In|x’ +4]+C B.—|— 14
C. |y’ +4[+C D. 4In|x’ +4+C
Hwéng dan giai
Chon C. Tacé:j _j (x*+4) =In|x” +4[+C
X’ +4 x’+4
. 3%
Cau7. Ho nguyén ham ciua hamsé f (x):x3+4 la:
A 3Infx*+4)+C B. —3In|x’ +4|+C
C. In|y’ +4[+C D. —In|x’+4[+C

Huéng din giai
3x”.dx J‘ S+ 4)

Chon C. Ta co: j = =In|x’ +4[+C
x +4 X +4
Cau 8. Mot nguyén ham cua f(x)= zx ; la:
xt+
A Zinf+ B. 2In(x’ +1) C a4 D. In(x* +1)

Hwéng dan giai

Chon C. Taco: _[ xz'cfclz_‘l’ x++11)
X X

Sin(x +1)

A. F(x)=In|x"-1|+C B

B. F(x)=%ln|x4—1|+C

C. F(x):%ln|x4 -1|+C D. F(x):§1n|x4 -1|+C
Hwéng dan giai

Chon B. Ta c6: jxfildx:%j%ziln\x“—lhc

Cau 10. Ho nguyén ham cta ham sé f(x) = Sinx .
cosx—3
A. —ln|cosx—3|+C B. 2ln|cosx—3|+C
1n|cosx—3|
———+C D. 4In|cosx—3[+C

Hu’é’ng din giai

Chon A. Tacé:J‘ sinx dx= j cosx 3 =—h1|cosx—3|+C

cosx—3 cosx—3

Cau 11. Bict F(x) 1a mot nguyén ham ctia ham s6 £ (x) - SIMY oy F(—] =2 . Tinh F(O).
1+3cosx 2
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Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

A.F(O):—%ln2+2. B-F(O):—§1n2+2.
C.F(O):—glnz—z. D.F(O):—%an—z.
Hu’é’ng din giai
sinx 1+3cosx 1
ChonB. Tacod: | ———dx=— =——h11+3cosx +C.
’ I1+3cosx I 1+3cosx 3 | |
T 2
Do F(E):ZQC:2:>F(0):—§In2+2,
Nguyén ham ctia ham sé: V= SI"X.CO8°X 1a:
A. lsin3x—lsin5x+C. B. —lsin3x+lsin5 x+C.
3 5 3 5
C.sin’x+sin’°x+C. D. sin’ x—sin’ x+ C .

Hwéng dan giai
Chon A. Tacé:
sin’ x sin’ x

Isin2 x.cos’ .dx = I(sinzx —sin* x).cos x.dx = I(SiHZX—SiH4 x).d(sinx) = - 5 +C.
Nguyén ham cta ham sb: ¥ = SITX.COSX 1a:
A. %cos4x+C. B. lsin“x+C. C. %sin3x+C. D. —cos’x+C.
Huéng din giai
- 4
. . . S x
Chon B. Ta co: Ism3 X.CoS X.dx = Ism3 xd(sinx)= +C.
: 2

Tinh I cos x.sin” x.dx
Al 3s1nx—s1n3x+c B. 3cosx—cos3x+c

12 12

sin® x
+C D. sinx.cos’x+C

Huéng din giai

.3
. . ) sin” x
Chon C. Ta c6: Icosx.smz x.afxzjsm2 xd(sinx) = +C
Ho nguyén ham ciia ham s f(x)= .l la:
Sin x
X X X .
A. Injcot—|+C B. In tanE +C C.-In tanE +C D. 1n|smx|+C
Hwéng dan giai
in x. —sin x. cosx -1
Chon B. Ta co: I 'dx =J- s1nxcz’x _ sn;xdx I cosx—1 -
sinx Y1-cos’x Jcos’x—1 7 cos’x— 1 cosx+1
Ho nguyén ham ctia ham s6 f (x) =tanx la:
tan’ x
A. Injeos{+C B. —In|cosx|+C C. +C D. In(cosx)+C

Huéng din giai
sinxdr _ J~ d (cosx) _

Chon B. Tacé: Itanx.dxzj. ——1n|cosx|+C

COS X COS X
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Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

— 1 2
Tim nguyén ham ciia ham s6 f (x):ﬂ.
2sin2(x+”j
4
A. If(x)dx:ln|sinx+cosx|+C. B. If(x)dx:%ln|sinx+cosx|+c.
C. [ f(x)dx=In[1+sin2x+C. D. If(x)dx:%1n|1+sin2x|+c.

Hwéng dan giai
Chon A

, n , . . . .2 T . 2
Ap dung cong thirc 1—2sin® x = cos2x = cos> x —sin’ x va 2sin (X‘i‘zj :(SlnX+COSX)

\ £ , \ CcOS X —sin x
Ham so duoc rat gon thanh £ ( x) == 27
sin x + cos x

d(sinx+cos x)
Nguyén ham jf(x)dx:J.— =In|sin x + cos x|+ C
sinx+cos x
Ho nguyén ham cia ham s f(x)= . la:
e +3
A. -e"-3+C B.3¢*+9+C
C. —21nex+3‘+C D. 1neX+3\+c
Hwéng dan giai
x dle" +3
ChonD. Taco: [———dx=| (e"+3) =Infe" +3[+C
e +3 e +3
Ho nguyén ham ciia ham sé f(x) = 222" la:
AL ¢ B. Lo .c c.hh?2 ¢ D. In22° +C
In2.2" In2 27

Hwéng dan giai
Chon B. Ta c6: jzx.zxz dx = szx.zxz.ln 2= L[d (2 ) LI e
In2 In2 In2
Ho nguyén ham ciia ham s6 f'(x) = 2xe” la:
x b
—e e
A. T‘f‘c. B. 7+C. C.-e"+C. D. exz—l—C

Huéng din giai
Chon D. Taco: jZX.exde=Id(ex2 ) =" +C.

Tinh J.x.ex“”dx

A. €%+1+C. B. %exz +C. Q. %e’“z“ +C. D. %e’“z*l +C.
Hwéng dan giai

Chon C. Tacéd: [ = J.xexzﬂdx = %J.d(exzﬂ) = %exzﬂ +C.

Tim nguyén ham cta ham sb f(x)= ln_x
X

A [f(x)dr=In’x+C. B. [ f(x)dv=2Mn’x+C.

C. [f(x)dx=Inx+C D. [f(x)dx=e"+C

Hwéng dan giai
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Chon B. Taco If(x)dxzjlnxd(lnx):%1n2x+C.

Cau 23. Ho nguyén ham ctia ham s6 f(x) = In2% 13 .
2
A. In2x+C. B. In’x+C. 2 e D. me+C'
Hwéng dan giai
Chon C. Ta co: Ilnzx =[In2xd(In2x) = 2 o
Cau 24. Nguyén ham I1+lnxd (x>0) bang
A. —ln2x+lnx+C. B. x+Inx+C. C.Inx+Inx+C. D-x+%ln2x+C.

Huéng din giai
Chon A. Tacoj“lnx j jlnx =J.%dx+"-lnxd(lnx)=lnx+%ln2x+C-

Fx)=[———
Cau25. Tinh Ix\/ﬂnx“
A. F(x)=2y2Inx+1+C B. F(x)=2Inx+1+C
C. F(x)z%\/2lnx+l+C D. F(x)z%\/2lnx+l+C
Huéng din giai
ChonB. Tacé: F(x)=[d(2Inx+1)=2Inx+1+C.

Cau 26. Ho nguyén ham ctia ham sé f(x) = Inx
X

2
In" x In x

+C D. —+C
2

A. In*x+C B. Inx+C C.
Huéng din giai

Chon C. Ta co: J‘lnx =j1nx.d(1nx):¥+(f

Cau 27. Ho nguyén ham ctia him sé f(x) = 1n(x +1) la:
X
2
A. %lnz(x2+1)+C B. In(x"+1)+C
C. %lnz(xz +1)+C D. %lnz(xz +1)+C

Hwéng dan giai
ln(x +1)dx = j In(x? +1)d(In(x> +1))——1n (x> +1)+C

Chon D. Ta co: j

Cau 28. Tinh j

x.Inx
A.Inx+C B.In|x|+C C. In(Inx)+C D.In|lnx|+C

Hu’é’ng din giai

ChonD. Ta co: jx]nx—j ]n|lnx|+C

Cau29. Ti én ham F(x)cia ham s6 f () 2 thoama F(5)=7
au . 1m nguyen nam XJcua ham soO :\/— 0a man =1/.
2x—1
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A. F(x)=2+2x-1. B. F(x)=2v2x-1+1,
C. F(x)=v2x-1+4. D. F(x)=+2x-1-10.
Huéng din giai
Chon B.
) 2 2x 1 A
Tacojﬁ I2J2)c—— =22x~1+C; do F(5)=7 nén 6+C=7=C=1.

Cau 30. Ho nguyén ham jx.\3/x +1dx bang
A %.3 x>+ +C. B. %.ﬂ(xz +H+c. C. %.W(xz +)*+C. D. é.%/(xz +1)* +C.
Huéng din giai

I 4
Chon C. Taco Jx.3 x? +1dx Z%I(xz +1)§ d(x2+l) zg(x2+l)3 +C:§3 (x2 +1)4 +C.

. ) 1
Cau 31. Biet If(x)dx=2xln(3x—l)+C voi xe(§;+oo]
Tim khang dinh dtng trong cac khang dinh sau.
A. [ f(3x)dr =2xIn(9x~1)+C. B. [ f(3x)dx=6xIn(3x—1)+C.
C. [ £(3x)dx=6xIn(9x-1)+C. D. | f(3x)dx=3xIn(9x~1)+C.

Huéng din giai
Chon A. Cich1: [f(x)dx=2xIn(3x-1)+C

:>_[f 3x)dx =§jf (3x)d x)=§2.(3x)ln(3.3x—1)+c =2xIn(9x—1)+C

Cach 2:

Taco [ f(x)dv=2xIn(3x— 1)+C:>f( ):(2xln(3x—1)+C)':21n(3x—1)+36x
X

Khi d6 £ (3x)=21n(9x~ 1)+

9x—1

18x

9x —

[ £ (3x)dx =j[2hl(9x—l)+ de =2jln(9x—l)dx+j(2+9x2_l)dx

= 2[(9x-1)in (9 -1)-9x]+ 26+ 2t (95 -1)+ ¢ =2In(9x=1)+C.

PHUONG PHAP TINH NGUYEN HAM BANG CACH DOI BIEN SO

Néu [ f(x)dx=F(x)+C thi [ f[u(x)]a'(x)dx= F[u )]+cC.
Gia sir ta cin tim ho nguyén ham [= I f dx, trong d6 ta c6 thé phan tich
f(x) :g(u(x))u'(x) thi ta thuc hién phép d6i bién sé t =u(x) ,suy ra dt =u'(x)dx.
Khi 6 ta dugc nguyén ham: [g(¢)dt =G (¢)+C =G[u(x)]+C.
Chu y: Sau khi tim dugc ho nguyén ham theo # thi ta phai thay = u(x) .
HAM PA THUC, PHAN THUC
CAu32. Cho [ f(x)dx=F(x)+C. Khido véia=0,tacé [ f(ax+b)dxbing:
A.%F(ax+b)+c B. a.F(ax+b)+C
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C. lF(ax+b)+C D. Flax+b)+C
a
Huoéng din giai
Chon C
Ta co: ]=If(ax+b)dx Dit: ¢ = ax+b = di = adx = -dt = dx .
a
Khi do: Izljf(t)dt:lF(t)+C Suy ra: I:lF(ax+b)+C
a a a

Cau 33. Hamsb f (X) Ix(l—x)lo c6 nguyén ham la:

2 i 2 i
A F(x):(xlzl) _(x“l) “C. B F(x):(xul) +(x111) el
i 110 il o
c b =D o D. F(x):(x DD -
11 10 11 10

Huéng din giai
Chon A. Taco:l =[x (1-x)"dr. Dt t=1-x= —dt=dv,x=1-¢.

s, 1 1
Khl do 1: 1 lOd 11 10 d _ 11
[(=1)2%de = [ (" =¢).dt = it e
1 12 1
Suyra 1 =—(1- -——(1- C.
y 12( x) 11( x) +
Cau 34. Tlnhj thu duoc két qua la:
(1+x7)x
A. Inx|(x* +1)+C. B. In|x|V1+x* +C.
[ NS
C.In——=+C. —.In +C.
‘,1+X2 2 1+x
Hu’é’ngdanglal
. < 1
Chon D. Ta co: = .bat: ¢ = P> —dt=x. T=¢-1.
on aco J.(l—i-x )x J-(l-l-x) at: r=1+x Dzdt xdx,x" =t-1
2
Khi dé: 1 = l L a=tmflcosr=tnl> -+ C.
20(t-1) 2 t 2 |l+x
3
Cau 35, Tinn| *(*71) x5,
5 4 5 4
A (x+1) +(x+1) LC B. (x+1) _(x+1) LC
5 4 = 5 4
S 4 2 S 4 2
C xg+3i+ X e D,xg+3i—x3+x—+c
Hwéng dan giai
Chon B. Tacé: I:Ix(x+1)3dx bat: t=x+1= dt=dx,x=1t-1
548 x+1)5 (x+1)4
Khi do: 7= [(r=1). dr = [(r = )de=| =-L Suy ra: 1= - +C
id6: = [(t-1)£dr=[(¢' =)t {5 4JJFC uy ra - y

Cau 36. Tim nguyén ham J‘x(x2 +7) dx
A. l(x2 +7)16 +C B. —L(x2 +7)16 +c C. L(x2+7) +C D. —(x +7) +C.
2 32 6 32
Hudng dan giai
Chon D. Dat t=x2+7:>dt=2xdx:>xdx=%dt
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16
l.t—+C=i(x2+7)l6+C_
216 32

Ciu37. Xeét =[x (4x*- 3)’dx . Bing céch dit: u = 4x* - 3, khiing dinh ndo sau day ding?

1hcéjxu?+7de=%jﬂ%h:

A.]:Lj‘usdu. B.]:L w’du . C.]=Iu5du. D.]:lj‘usdu.
16 12 ) 4
Hudng dan giai
Chon A. 4 =4x*-3=du=16x"dx = %du =x'dx =1 =%J‘u5du-
Céu38. Cho [2x(3x-2)"dr=4(3x-2)'+B(3x-2) +C véi A, BeQ va CeR. Gia trj cia
biéu thitc 124+ 7B bang

A2 B. 24 c. 2. D. ..
252 252 3 9 9
Hudng dan giai

Chon D. Pat t =3x-2 :x:%:%dt:dx-

8 7
242 2 21 4t 1 . 4 ,
Taco: 222 sfdr =2 ((F7+2¢)dr =——+——+C = (3x-2V¥ +—— (3x-2Y +C.
5 gl (2t )ar =504 g 36 (¥ ) gy Bv-2)
Suy ra A:L, B:i, 12‘L+7.izl‘
36 63 36 63 9
. 2017 (l—x)a (l—x)h . L
Cau39. Gia su J.x(l—x) dx = - +C Vv6i a,b la cac so nguyén duong. Tinh
a
2a—b bang:
A. 2017. B. 2018. C. 2019. D. 2020.

Hwéng dan giai
Chon D. Taco

Ix(l—x)zmdx=j(x—1+1)(1—x)2017dx:J.((l—x)Z(m _(l_x)zols)dx:_

(1_x)2018 N (l_x)2019 +C

2018 2019
Vay a =2019,b=2018 = 2a—b =2020.
Cau 40. Nguyén ham cua I zx dx la:
x“+1
A Infi|+C,véi 1= x*+1. B. —In|f|+C, véi 1= x* +1.
C. %1n|t|+c,véri t=x+1. D. —%ln|t|+C,V('yi t=x>+1.
Huéng din giai
Chon C. Dit 1=x"+1= di = 2xdx = | = dx:...:ljldz=11n|t|+c.
x“+1 27¢ 2
2
Jw
2
R ) (x +9) .
Cau 41. Tinh la:
1 1
A ——+C B. ————+C
5(x* +9) 3(x*+9)
4 |
C. - +C D. — 3 +C
(x2 +9) (x2 +9)

Huéng din giai
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Cau 43.

Cau 44.

1\ 18162(2x +1
A (7’“ lj . B. (

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
ChonB. Taco: I= I—dx bat: t=x>+9 = dr =2x.dx
(x +9)

Khido: I = ar_ t“‘_dr:—LjLC Suyra:Iz—;+C
r* 3¢ 3(x*+9)

Ham sd nao sau day khong phai 1a nguyén ham cia K = J.

" 18162\ 2x +1

)
. ~18162(2x+1)"" +(7x-1)"" o 18162(2x +1)"" = (7x—1)""
' 18162(2x +1)™" ' ) '

Hwéng dan giai

2017 7 1 2017 1
ChonD. Taco: K= j 2m9 _I(2§+lj 2x+1)Ch

7x_1:dt=—9 dx@ﬂz !

5 —2dx
2x+1 (2x+1) 9 (98x+1)

2018 _ 2018
:K:ljﬁ“”dzzt—u?:L.[” 1) e
9 18162 18162 2x+1

Dit ¢ =

dx bang:

Vi phuwong phap doi bién sb (x —>t ) , nguyén ham j 21 "
X+

A. %tuc. B.%Hc. C.2+C. D.1+C.

Huéng din giz’li

T
ChonD. Tadit:x= tantte(—EEJ =dx= dt:j dx:...zjdz=t+c.

COS t x*+1

Gia sur I (2x+3)dx S +C (C lahang sb).
x(x+1)(x+2)(x+3)+l g(x)
Tinh tong cac nghiém ciia phuong trinh g(x) =0.
A. -1 B. 1. C. 3. D. -3.
Hwéng dan giai

ChonD. Tacd x(x+1)(x+2)(x+3)+l:(x2+3x)(x2+3x+2)+1 z[(x2+3x)+1}2_

Dit ¢ = x* + 3x, khi d6 dt=(2x+3)dx.
1

Tich phéan ban dau tré thanh j =— +
t+1) t+1
Tr(ylaibiénX,tac()j (2x+3)d.x =-— ! +C.
x(x+1)(x+2)(x+3)+1 x +3x+1
Vay g(x)=x2+3x+l. g()c):0<::>x2+3x+1:0<:>x=_3-’2_\/g hodc x=_3;\/§,

Vay tong tat ca cac nghiém ciia phuong trinh bang 3.
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Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
HAM CHUA CAN THUC

Tim ho nguyén ham ctia ham s§ f (x) =v2x+3

A. If(x)dxz%xM+C. B. jf(x)dx=1(2x+3)M+c.
C.If(x)dx=§(2x+3)x/2x+3+c. D. [ f(x)dr=+2x+3+C.

Hwéng dan giai

ChonB. Xét /=[(v2x+3)dr. Dit V2X+3=t o =2x+3 < 2dr=2dx.
1=jt.tdt=jt2dz =§z3 +C =%(\/2x+3)3 +C & J-f(x)dx=§(2x+3)x/2x+3+c.
Ham s F (x) nao dudi day 1a nguyén ham ciia ham sé y=-/x+1?

F(x)=2(x+1) +C

A. 8 . B. £ (x)=33f(x 1) .
Q-F(x)z%(x+l)M+C. D.F(x):%4,/(x+1)3+c,

Huéng din giai
Chon C. Tacé: [ =J.\3/x+ldx. Dat: t=Rx+] = £ = x+1= 3¢2ds = dx..
=1= J.tBszt —J.3t dr = t +C = ,3/(x+1)4 +C =%(x+1)\3/x+1+C-

Vay F(x):Z(x+1)\3/x+l+C-

Tim ham s6 F(x) biét F(x) 12 mot nguyén ham ciia ham sb f(x) =Vx va F(l) -
A-F(x)z%x\/;- E.F(x)zzx x+%.
C. F(x)=—— oL D. F(x)__x\/___

\/_2 2

Huéng din giai
Chon B. Taco: F IJ_dx

Pat 1=~/X suyra 2 =x va dv=2dz. Khi d6 I:Iz,ztdt:§t3+C:>]:§x TiC.
Vi F(1)=1nén c=Lvay r(x)=2dx+1.
3 3 3
|

Tim ho nguyén ham ciia ham s6 (X)ZTm.
[f(x)dx_ —V2x+1+C. B. [ f(x)dx=v2x+1+C,

+C.

C. [f(x)}x=22x+1+C. D. [ /( x)dx_(szrl)—zm

Huoéng din giai
Chon A. Diat V2x+1 _t:>2x+1:t2:>dx:tdt.
Khldotacoj V2x+1dx =— %: %Idt=%t+c=%\/2x+l+c.

Mot nguyén ham cta ham sd: f(x) = xv1+x” 1a:
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A. F(x)z%(mf B. F(x)zé(mf

Hwéng dan giai
Chon A. Taco: | = jx«/l+x2dx. pit: t=VI1+x =1 =1+x" =tdt =xdx

t3
Khi do: T = [£..dt = [£d =5+C. suyral :%(\/1”2 )3 e
Ciau 50. Ho nguyén ham ctia ham s6 f(x) =2xv/x* +1 la:

A2 (x2+1)3+C B. 2 (x2+l)3+C

3

} -1 3

C.(x*+1) +C p.2L vV s

(x*+1) 25+

Huwéng dan giai

Chon A. Taco: [ =[2xVx’ +1dx. Dit: 1= X +1 =1 =x" +1=2¢dt =2xdx .

3
Khi do: 1 :'[t.zz.dt=12t2.dt:%+c_ Suy ra: I :%\/(XZT)HC'

Cau 51. Ho nguyén ham ciia ham s6 f(x) =2xy/1-x" 1a:
1 3 5\3
A'§ (1-x) +C B. — (l—x) +C
2\3 2 3
C.2 (l—x) +C D. - (1_xz) +C
Hwéng dan giai
ChonD. Taco: [ =[2x/l-x’dx. Dit: t =N1-x* =1 =1-x* =2tdt = 2xdx.
26
3 Ae = — =|— 2 =— N = 2 ’
Khi do: 1 =[£.(~2).dt = [ -2 dt K syt =2 o) e
Cau 52. Ho nguyén ham ctia ham sé f(x)=x3/3x—1 la:
1] 71 5 1./ s 1 .f 4
A-E3(3x—l) +E3(3x—1) +C. B-E3(3x—1) +E3(3X—1) +C.
1 3 1 PR |
C. 513/(3)6—1) +3/(3x-1)+C. D. E%/(Sx—l) +§,3/(3x—1)+C-

Hwéng dan giai
Chon A. Tacé: [ =[x3f3x—1ldx. Dat: #=v3x—1 =t =3x—1=dt =dx

Khi do: 7 :jt3 +1.z.t2.dt:%j(t6 +1*)dt =%{%+%)+C

3

1

1 7 1 5
Suy ra zzg(ﬁux-l) +g{/(3x—l) j+c.

Cau 53. Ho nguyén ham ctia ham sé f(x) =2x3/1-2x la:

3(1— 3 3(1— 6 3(1— 4 3(1— 7
N ) +3\/(1 ) E._3\/(1 2x) +3\/(1 2) .
6 12 3 14

3 6 4 7
c 3{/(1;2x) _3{/(11—22x) e o 33/(1;2x) _3,3/(11—42x) e
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Hwéng dan giai
Chon B. Taco: ]=I2x\3/1—2xdx. bat: r=1-2x =+ =1-2x=> —%tz.dt =dx.
s s .03, 3¢5 3(t* 47
Mat khac: 2x =1-¢. Khido: 1 :—J.(l_t )tat ,dt:_zj‘(t —Ydt=-=| ———|+C

2\ a7
3 {/(1—2x)4_{/(1—2x)7

Suyra:l =——
y 2 4 7

+C.

Céu54. Cho [ =[x'vx? +5dx, dit u= X" +5 khi d6 viét I theo Uva du ta dugc
A T=[@ -5u)du. B.I=[wdu. C.I=[@'=5w)du. D.I=[(u"+5¢)du.
Huéng din giai.
Chon A

Pat u=vx" +5 = u? = x? + 5 = udu = xdx

Khi d6:7 = Ix Nx? +5dx = jx xA/x? +5dx = J.( )uudu=_[(u4—5u2)du

Cau 55. Cho Izjfx 1+2xdx va u=+2x+1. Ménh dé nao dudi day sai?
.
1

xzx—l B. /=

—_——

u’ (u2 —l)du .

1w o 1t ,
C.l=c|—— D. [ =—{u’(u’-1)d
205 3 27

Hwéng dan giai

4
Chon B. 7= [xl+2xdx
0
Pat u=v2x+1 = x = (u —1):>dx udu,ddican: x=0=>u=1, x=4=u=3.

Khi d6 1:%}(% —1)u2du.

1

=vx+1 ta dugc nguyén ham nao?

Cau 56. Khi tinh nguyén ham J\;C_T:)’l
x
A. j 2u(u” —4)du. B. j (> —4)du. C. j 2(u” —4)du . D. j (* -3)du .
Huéng din giai

dr = 2ud
Chon C. Pt u=yx+1, u>0 nén u —x+1:>{ uat
x=u’-1

2udu IZ u’ — )du

Khidéjjx_— j

Caus57. Cho f(x)=

(2 ¥ +1 +5), biét F(x) 1a mot nguyén ham ciia ham s f(x) thoa

x +1
3
F(0)=6. Tinh F(Z].
A 12 B. 126, c. 123, p. 127,
16 16 16 16

Huéng din giai
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Chon A. Dit tzm:n‘dt:xdx.
jf(x)dX=J\/ﬁ(2 x2+1+5)dx =J(2t+5)dt=l2+5t+C=(x2+1)+5 x> +1+C.
3] 125
4)7 16"

F(0)=6=C=0. Vay F(

5
Cau 58. Tinh tich phan: 7 = J.Ll dugc két qua I=aln3+hIn5. Tong a+b la
1 X +
A. 2. B. 3. C. —1. D. 1.
Huéng din giai

u
Chon D. Dat u=+3x+1 —>sz —>dx=§2udu

Poican: x=1>u=2 x=5>u=4
4

4
Vay 1= [ j”” () PP Uk | S S P AR
o U (u+1) u—l u+l1j, 5 3
Dod6 a=2; b=-1 »>a+b=1.
3
Ciu 59. Ho nguyén ham cta ham s6 f(x): al - la:
1-x
A. %(x2 +2)V1-x* +C B. —%(ﬁ +1)VI-x* +C
C. %(x2 +1)VI-x* +C D. —%(x2 +2)V1-x* +C

Hwéng dan giai

ChonD. Tacod: = j;dx Pit t=v1-x> =1* =1-x> = —tdt = xdx

Vi-2®

2 3
Khi do: Iz—j(l ! )tdtzj(tz—l)dtzt——f+c_
t 3

[ 24\3
Thay ¢ =+/1-x" ta dugc 12%—\/1—)3 +C:—§(x2 +2)\/1—x2 +C.

. a4 2x
Cau 60. Ho nguyén ham cta ham so f(x)= \/2_ la:
x +1

|
RN

C. 2x* +1+C D. WX +1+C

Huéng din giai

+C

A X +1+C

pit: t=Vx* +1 = =x" +1=2¢dt = 2x.dx .

Chon C. Ta co: 1=_[

2x
dx
Vx?+1

Khi do: 1 = M_zHc Suy ra: I =2vx” +1+C.
t
. 4x
Cau 61. Ho nguyén ham ctia ham so f(x) = = la:
4—x
A. -N4-x +C. B. 44—x +C.

/ 2
C. - 4;" +C. D. ~44—x* +C.
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Hwéng dan giai

dx . Dit: t =N4—x" =1* =4—x> = —4tdt =4xdx.

Chon D Tac()'[=J hal
T ' Va—x

4td’=—4¢+c:>1::—4 4-xP+C.

Khi do6: 1 = I

s 1 .
Ciu 62. Vi phuong phap ddi bién s (x — ), nguyén ham /= J‘%dx bang:
—x"+2x+

A. sint+C. B. —t+C. C. —cost+C. D.t+C.
Huéng din giai

1
Ta bién d6i: [ = |——=——==dx. Dbat x—1=2sint,te
j,/4—(x—1)2

:>I=Idt=t+C.
Chon D

—z,z =dx=2costdr .
2°2

20x” -30x+7 , . A 1
————— ¢0 mdt nguyén ham
V2x-3
F(x)= (ax2 +bx+ c)\/2x—3 (0, b, Clacac s6 nguyén). Tong S =a+b+c bang
A. 4. B. 3. C.s. D. 6.
Hwéng dan giai

Chon B. Dit t=y2x-3=f =2x-3=dx=tdf. Khido

s 3 .
Cau 63. Bict rang trén khoang (§;+00j, ham so f(x):

20(t +3j _30(t +3J+7
jwdxzj 2 2 tdt=_[(5t4+1512+7)dt

V2x-3 t
= +50+71+C =\/(2x—3)5 +5\/(2x—3)3 +72x-3+C
=(2x-3) V2x-3+5(2x=3)2x -3+ 72x-3+C = (4x” —2x+1)32x -3+ C

Vay F()c)=(4x2 —2x+1)\/2x—3 .Suyra S=a+b+c=3.

I 1++3 3
Cau 64. j X AVx+l+—=+ +3 dx c6 dang ﬁx4__ 1+\/_ (\/x+1) +C, trong d6 a, b
x 2 4 X 3

2
12 hai s6 hitu ti. Gia tri 5, ¢ 1an luot bang:
A.2;1. B.1;1. C.abed D.1;2.
Huéng din giai

1+\/§
2

Cach 1:

de. Sau @6, ta xac dinh gia tri cia a.
X

X . 1
Theo d¢, ta can tim I(f FVx+l+—+

1 143 1 1+3
Ta co: J.[x3+ x+1+?+ ) ]dx:](x3+?+ 5 ]dX-I-j.Jx—i-ldx_
1+3

. 1
bé tim J.(2x\/x2 +1 +xh1x) dx ta dat 1, =J‘{X3 +—+

X’
* Tim 1, =J{x3 +%+1+£/§de

X

}zxva [ e
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I 1+ 1 I 1++3 . .
I, j{ _2 \/_de_z X ——+ 2\/_x+C1,trongd()qlélhéngsf).

X
*Tim 1, = [Vx+1dx.
\ . 2.1 -4 = 2
Duing phuong phap ddi bién: Pat t=vx+1,¢>0 ta duwoc ¢ =x+1, 2df =dbx.
Suyra J, :I\/x+1dxzj2z2dt:§t3 +C, =§(\/x+1)3 +C,.

j{)ﬁ + x+1+i2+1+2\/§de=Il +1, =ix4 L 1+2\/§)c+C1 +§(\/x+1)3 +C,
X

X

=lx4 —l+ 1+\/§x+§(\/x+l)3 +C.

4 X 2

. I 1++3
Suy ra d¢ I(X3+ x+l+—+ +2\/—de c6 dang %x4— 1+\/7 3(\/ +1) +C
x

X 2
thi q=1eQ,b=2eQ. VaydapanchinhxacladapanD
Cach 2: Dung phuong phap loai trur.

1+f
2

3
3 (\/x+1) +C . Sau d6, véi mdi

a
Ta thay gid tri ciia «, b & cac dap an vao Zx ——
x

7 3
a, b 0 cac dap an A, B, D ta lay dao ham cua %(\/xz +1) +§x2 lnx—%xz +C.
Sai 1Am thwong gip:
A. Pap an A sai.
Mot s0 hoc sinh khong cha y dén thir tu 5, @ nén hoc sinh khoanh dap an A va da sai lam.
B.DPéap an Bsai. Mot s6 hoc sinh chi sai 1am nhu sau:

*Tim 1, = [x+1dx.

\ . FSRIRTA < 2
Diing phuong phap déi bién: Pat ¢ =vx+1,¢>0 ta dugc ¢ =x+1, tdf =dx .
Suyra [, —J.\/x+ dx = Jtdt——t +C, = 3(\/x+ )3+C2.

j£x3+ x+1+i 1+\/_jdx I+1,= i4—l+1+2\/§x+q+§(\/x+1)3+C2
x

X

—lx4—l+l+\/§x+l(\/x+1)3+C.
4 X 2 3
. I 1++3 11 3
Suy ra dé j(x3+ x+1+?+ f}dx co dang %x“—; +2\/§x+§(\/x+l) +C thi

a=1eQ,b=1€Q. Thé 14, hoc sinh khoanh dap an B va da sai lam.
C.Dbap an C sai. Mot sb hoc sinh chi sai 1dm nhu sau:

1
*Tim [, =[x +1dvx. L =|Vx+ldc= +C.
| 2Jx+1
I 1++3 .
Suy ra I(x3+ x+1+—+ 2\/_]056 khong thé co dang
X
ﬁx4_l+1+2\/§x

4 X
toan. Thé 13, hoc sinh khoanh dap an C va da sai lam.

b 3 3 5
+§(\/x+1) +C, v6i a, b e Q. Nén khong ton tai a,b» thoa yéu cau bai
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TZJL
n+l
. . ”(x"+1)
Cau 65. Tim ?
1 “n 1 n n 1
A.Tz(—nﬂj +C B.T=(—n+1] +C C.T=(x"+1)"+C D.T=(x"+1)+C.
X X
Huéng din giai
Chon A

Ta co: sz ndx — =J- dlx = ='f X T dxzj‘x’”’1 (an+1j ndx
S d("”) (1+1) n
X x"
-1

et - 1 n
Pat: ;_L+1:>d; _ M ! :T:——jt ndt =t +C:(—n+lj +C
n X

n+1
R= I ‘/2 xdx
Cau 66. 2+x

tan2 1 2 1
A R:_an_t_|__1n +sin t—I—C vol t—zarctan

= 2 4 |1-sin2¢

X

5)

B. R=_tan2t_lln 1+sin2¢t +C voi tzlarctan(f
2 2

X

2)

2 4 |1-sin2¢

C R= tan2t+lln 1+sin 2¢ +C voi t_%arctan(

2 4 |1-sin2t

tan2t 1, |1+sin2¢ 1
= ——In ——+C véi t= —arctan
2 4 |1-sin2t

Hu’o’ng din giai

dx = —4sin 2t.dt
2+x 2+20052t_V4cos2t_cost
= R =—j—12 ST sin2edr =—j 281121 Lt = —j—l_C(Z)SZt dt
4cos” 2t cost cos” 2t cos” 2t
<:>R=—I 12 dt+_[ 1 dt=_tan2t l 1+s?n2t
cos” 2t cos 2t 2 4 |1-sin2t
HAM LUQNG GIAC
Céu 67. Theo phuong phap ddi bién sé v6i ¢ = cos x,u = sin x , nguyén ham cua / = j(tanx + cotx) dx
la:
A. —In|f|+Infu/+C. B. In|t|—Inju|+C.
C. Inft|+Infu|+C. D. —In|f|—Infu|+C.

Huéng din giai

Chon A. Tacc’):J'(tanercotx)dx:Ismxd J-COSxdx'
cos X sin x

, i < . 1
Xet [, =ISlnx dx.Dat t =cosx = dt = —sinxdx = I, =—I—dt=—1n|t|+C1.
cos x t
, < . 1
Xét 1, =J‘césxdx-1‘)2.1t u=sinx = du=cosxdx = I, :I—du =ln|u|+C2.
sin x u
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=1=1+1,=—In|f|+Infu|+C
2
—qind — A
Ciu 68. Biét F(x) 1a mot nguyén ham cua ham sb f(x) S X.CosX va F(O) _”. Tinh 2 .

F(zj_—ﬂ'
A. 2 . B. F z =7. C. F z :—l—i—ﬂ'_ D. F z :l+7z'_
2 2) 4 ="\2)4

Huéng din giai
Chon D. Dit ¢t =sinx =df =cosxdx.

sin® x

4
=Jf(x)dx=fsin3xcosxdx=It3dt =%+C= +C.

.4 S;n —
F(O):ﬂ':sm4 +C= T C = 7[:>F( ) Slr;x+7z'_ F(zjz 2 =l+7l'.

sin2x
Cau 69. Tim nguyén ham I—dx Két qua 1a

V1+sin® x
. /
A, Vs Y o B. Vl+sin’x+C.  C. —l+sin’x+C. D. 241+sin’x+C.

2
Huwéng din gidi.
ChonD. Dt t=+1+sin®x = 2 =1+sin? x = 2¢ds = sin 2xdx

I SLLE S I—dt—jzdz_zwrc 21 +sin’ x +C

1+sm X

£ . T
Cau 70. Nguyén ham F(x) ciia ham s f(x)=sin’ 2x.cos’ 2x thoa F(Z):O 1

A. F(x):lsin32x—Lsin5 2x+L. B. F(x)——sm 2x+Ls1n 2x—L.
6 10 15 10 15
1 .3 1 .5 1 1 4

C. F(x)=—sin’2x——sin’ 2x - —. D. F(x)——sm 2x+—sin’ 2x ——.
6 10 15 10 15

Huéng din giai
Chon C. Dat t =sin2x = df =2.cos2xdx = %dt = cos 2xdx .

Ta ¢6: F(x)z_[sin2 2x.cos’ 2xdx =%J.t2.(1—t2)dt =%J.(t2 —t4)dt =%t3 L

=lsin3 Z)C—Lsin5 2x+C..
6 10

Vs
F(_]:OQ Lo X L ic0ec=-L.
4 6 2 10 2 15

1 1
Vay F (x ——s1n 2x——sin’ 2x ——.
y ( ) 10 15

Céu 71. Tim ho nguyén ham ciia ham s6 f(x) =tan’ x.
A. If(x)dx :itan4 x—%tan2 x+In|cosx|+C .
B. J.f(x)dx :%tan4 x+%tan2 x—In|cosx|+C .

C. If(x)dx=%tan4x+%tan2x+ln|cosx|+C.
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Cau 72.

Cau 73.

Cau 74.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

D. If(x)dx = %tan4 x —%tan2 x—In|cosx|+C .
Hwéng dan giai
sin’ x

Chen D. Izjf(x)dxzjtansxdxzjcossxdx
B J- sin” x.sin’ .sinx " _J. (1 —coszx).(l—coszx).sinx
- cos’x - cos’x

1-2¢" +¢*

5 (_dt)

2\ (1_ .2
bit ¢ =cosx = df =—sin xdx Izjw(—dt) :I t

tS

:j(—ier%—ljdt: j(—ﬂ +27 —l)dt L —Inji|+C
£or ot t 4

1 _ _ 1 1 1
:—cosx4—cosx2—1n|cosx|+C:—. 4——2—ln|cosx|+C
4 cosx cos X

= %.(tan2 x+1)2 —(tan2 x+1)—1n |cos x|+ C
= %(tan4 X+ 2tan’ x+1)—(tan2 x+l)—1n|cosx|+ C

1 1 1 1 1
=—tan* x——tan’x—1In |cos x|+—+ C =—tan* x——tan’ x—ln|cosx|+C .
4 2 4 4 2

Theo oh han ddi bidn s6 (x—)t) an ham ciia [ J2sinx+200sxdx y
eo phuong phap doi bién s6 , nguyén ham cta [ = | ———ax la:
PRITTE P =Y 1-sin2x
A t+C. B. 6Jt+C. c. RXe+C. D. 12Vt +C.
Huéng din giai
i 2(sinx+cosx
Chon B. Taco: I:J-ZSlnerZcosxdx: ( ) dx .

V1-sin2x {/(sinx—cosx)2

Dat t=sinx—cosx:>a’t:(sinx+cosx)dx 31:_[%‘”:2-
t

1
")

1
t3+C=6%/;+C.

HAM MU -LOGARIT

2 ¥4

Tim ho nguyén ham cua ham s6 f(x)=x"e

A. J(—t‘s+2t_3—%}dt=%t4—t_2—ln|t|+(f. B. [/(x)dr=3e""+C.

3
3 X 2
C. J.f(x)dx=le* Ty D. If(x)dxz—e TyC.
3 3 3
Hwéng dan giai
Chon C. Ditr=x"+1= dr=3x"dx

Do d6, ta c6 If(x)deJ-xze*'3+1dx=Jet.§dt:§et+C:%ex3+l+C_

1.,
Vay J.f(x)dnge* el

dx
1+e*
+C. B. I=x+ln‘1+e"

Tim nguyén ham [ = J'

A. 1=x—1n\1—ex +C.
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Cau 75.

2¢" +3
A. F(x)=§(x—ln(2ex+3))+10+175 B. F(x)=%(x+10—ln(26”+3)).
C. F(x)zl x—ln(ex+§j +10+In5-In2. D. F(x)zl x—ln(e“ri) +10—w.
3 2 3 2 3
Huéng din giai
Chon A
F(x):jf(x)dx:_[ 1 dxzj. ¢ dx. Datr=e" = dr=e"dx.Suyra
2e" +3 2¢"+3)e"
1 1 t 1 e’ 1
F =|—dt==—In|——1+C==1 +C==(x—In(2e"+3))+C.
() I(2z+3)t 3 |2r+3 3n[2e’f+3j (x=in(2e7+3))
Vi F(0)=10 nén 10 = ;( ~In35)+C e C _10+1“T5
A 1 ) In5
Vay F(x)=—(x-1In(2e*+3))+10+—.
y F(x) (x n( e )) 3
~ In2x s
Céu 76. V&i phuong phap ddi bién sb (x—)t) nguyén ham I dx bang:
A.%t2+C. B. *+C. C.2:+C. D. 4 +C.
Hwéng dan giai
Chon A. Dt 1 =1n2x = di = 2. dx = dt = ~dx :jlnzxdxz...zjtdtzlﬁw.
2x X X 2
Céu 77. Ham s6 ndo dudi ddy 1a mot nguyén ham ciia ham s§ y=2"""2"" (cosx—sinx)?
zzsmxmx +C ZSlﬂx.zC()SX Sinxmx 2SiHX+COSX
A Y . B.y=—"— . y=In22 D. y=———+C.
= - Ty
Hwéng dan giai
Chon B. Ta cé: I=J2Si”.2“°” (cos x —sin x)dx =I2Sinx+°°sx (cosx—sinux)dx.
Dat: ¢ =sinx+cos x :>dl=(c0sx—sinx)dx.
21 2sinx+cosx Zsin x. Zcosx
=1=[2d="+C = +C= +C.
In2 In2 In2
) ) Zsinx.zcosx
Viay ham s6 da cho c6 1 nguyén ham la ham so6: y:T.
) N Jx In2
Cau 78. Cho ham s f(x)=2"" \/— Ham s6 nao dudi day khong 1a nguyén ham ctia ham sé £ (x)
X
?
A F(x)=2"+C. B. F(x)=2(2ﬁ —1)+c_

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

C. I=—x—ln‘l+e’C

D. I=x—ln‘l+e"
Huéng din giai
Chon D. Izjl _I cdY | Patr=e = di=e'dx
+et

1+e
edx
N -] - j[__m) Inff|~nr+1]+ €
=Inle —lne‘+1|+C=x—lnex+1|+C

Cho F(x) 12 mot nguyén ham ciia ham sb f(x)= L thoaman F(O) =10. Tim F(x) .
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C. F(x):2(2‘/;+1)+C. D. Fx)=2""+C.
Huoéng din giai
1
Chon A. Cich 1: Pit £=/x :2dt=de.
X

Jx
F(x)=ff(x)dx=j2\/1_nzdx [22.n2dr=2.2'+ € =2.2" +C nén A sai.

Ngoai ra:

+ D dung vi F(x)=2.2‘/; +C.

+Bding vi F(x)=22"-2+C=22"+C'.

+Cdingvi F(x)=22" +2+C=22"+C'.

Cich 2: Ta thiy B, C, D chi khac nhau mot h’z‘“mg s6 nén theo dinh nghia nguyén ham thi
chung phai 1a nguyén ham cua cung mdt ham so6. Chi con minh A “ 1€ 1oi” nén chac chan sai
thi A sai thoi.

Cach 3: Lay cac phuong an A, B, C, D dao ham ciing tim dugc A sai.

I+Inx
. . S (x)= ‘
Cau 79. Nguyén ham cta xInx I3
A [EDX G nfin o+ C. B. [y o inx+C -
x.Inx x.In x
C. [H %y x|+ C. D. [L nfeinf+C .
x.In x x.In x

Hwéng dan giai
ChonD. Tacé 1=jf(x)dx=j”1“dx. Pat xInx=¢=(Inx+1)dx=dr.

x.Inx

Khidotaco I = Il+lnxdx Idt ]n|t|+C 1n|x1nx|+C

x.Inx
Ciu 80. I((x+1)ex oL +c052x)dx c6 dang e %sin 2x+C ,trong dd a, b 1a haisb hitu

ti. Gid tri @, » lan luot bang:

A.3; 1. B. ;3. C.3;2. D.6;1.
Huéng din giai

Chon A. Cz'lch 1:

Theo d&, ta cAn tim j( X+ l)e ) 4 cos 2x)dx . Sau d6, ta xac dinh gia tri cua Q.

Ta co:
J((x + 1)e’(2’5”4 -’ 4+ cos 2x)dx = J((x + l)e(x275H4)+(7x73) + cos 2x) dx

= j()chl)e(”l)2 dx+Icos 2x dx
Dé tim J((xﬂ)e(ﬂsm) ¢T3 4 cos 2xjdx ta dat J, = j(x+1)e(x*1)2 de va I, = Icos 2xdx
*Tim [, = [(x+1)e" dx. Dt r=(x+1) 1dr=2(x+1)(x+1) dr=2(x+1)dx.

I, = J‘(x+1)e(“1)2 dx = j%efdt :%e’ +C, = ;e(“‘ +C, , trong d6 G 1a 1 hang sb.
* Tim Izzjcoszxdx. Izzjcoszxdx:%sianJrCz.

2 1 + 1 . 1 *+1)? 1 .
J.((x+l)eA Tt el +cos2x)dx=ll +1,= 2e(A v’ +C, + 2sm2x+ C, :Ee( 2 +Esm2x+C.
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Cau 81.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

2 32 —5x X—. 2
Suy ra dé j((x+1)e e 3+cos2>6)dx co dang %e(*“) +§sin2x+C thi

a=3€Q,b=1€Q.
Cach 2: St dung phuong phap loai trir bang cach thay 1an luot cac gia tri «, » O cac dap an

vao %e("”)z + ésin 2x+ C va lay dao ham cua chung.

Sai 1Am thwong gip ) ) N i ) o

B. Dap an B sai. Mot so hoc sinh sai [am & cho khong dé y dén thir tu sap x8p b, a nén
khoanh dép an B va da sai 1am. . N

C. Pap an C sai. Mot sO hoc sinh chi sai 1am & cho:

Tim 7, = Icos2xdx A =Icos2xdx=sin2x+C .

2 1 X+ 1 x+1)° :
J.((x+l)ex ’5”4-e7x’3+cos2x)dx=Il+12:26( v’ +C, +sin2x+C, = 2e( V" 4 sin2x+C.

R xz_x X—. 2 N
Suy ra dé I((xle)e e 3+cos2x)dx c6 dang %e(m) +§sin2x+C thi

a=3€Q,b=2€Q.
D. Pap an D sai. Mot s6 hoc sinh chi sai 1am & chd:
Tim 7, = [(x+1)e"" dx. Dt r=(x+1) 1dr=(x+1)(x+1) dx = (x+1)dx.

Ilzj(x+1) (eet) dx—_‘.edt—e +C, = o +C, , trong do C 1a 1 hing sé.

Hoc sinh tim dung 7, = %sin 2x + C, nén ta dugc:
J.((x+1)exz'5"+4 e +cos Zx)dx =1+, = O C, +%sin 2x+C, = e +%sin 2x+C.

2 32 —5x: x—. 2 3
Suy ra dé I((xle)e e +cos2x)dx c6 dang %e(m) +§sin 2x+C thi
a=6e€Q,b=1€Q.

I J- 3x 2+\/_
( \/—-I—l)

Tim ?

A.I:x+ln(e .\/x—1+1)+C. B./1=x- (e \/ﬁ+l)

C.I=In(e"x=1+1)+C. =In(e*x-1-1)+C.
Huéng din giai

Chon A

dx

*(3x-2 +\/_ J\/Tl( \/T1+1)+eX(2x 1 J-dx+_[ *(2x-1)
( \/_1+1) J_( J_+1) J_( \/Tl+1)
bat: t=e".\/ﬁ+1:>dtz[z\/ejJremedx:de

24x -1
2x 1)

Vay [ = Idx+_[\/_( \/T1+1)

dx=x+_[%dt=x+1n|t|+C=x+ln(ex.\/x—l+1)+C

, In(1+x”) +2017x
Céu 82. Tim nguyén ham ctia ham s6 f(x) = =
ln[(e.x2+e) }
A In(x* +1)+10081n[1n(x2 +1)+1] . B. In(x*+1)+ 20161n[ln(x2 +1)+1].
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C. %m(x2 +1)+ 20161n[ln(x2 +1)+1]. D. %m(ﬁ +1)+10081n[1n(x2 +1)+1].
Hwéng dan giai

Chon D

ln 1+x) +2017x

i (ex+)” |

dx. Taco:

bit [ = I

In(1+x%) +2017x xIn(1+x2)+2017x [1n (1427 )+2017]

_'[ [(ex +e) } _I x +1 [ln 1+x +lne] _I x +1 [ln 1+x )+1}dx

2x

+x?

- [LE2006, L j1 & di=L1+1008In1+C
2t 2

dx

bat: t:In(1+x2)+1:>dt:
1

c>]=lln(x2+1)+%+10081n[1n(x2 +1)+1]+C=%1n(x2+1)+10081n[1n(x2+1)+1]+c

_J-Zx +(1+21nx) x+In’x

x
+x1
Ciu 83. Tim (3" +xtnx) ?
A -1 1 1 1
A.G=—- +C. B.G=—- +C.
x x+lnx x x+Inx
1 1 1 1
C.G==—- +C. D.G=—+ +C.
x x+Inx 3 x x+Inx
Hudng dan giai
Chon A.
Ta co:
252 +(1+2lnx)x+ln x B [x2+2xlnx+ln2x}rx+x B x+lnx +Xx x+1)
G= .[ ( 2 j 2 2 J.
X +xlnx) X (x+lnx) x+1nx)
e T
X x(x+1nx) x+lnx) X x(x+lnx)
Xét nguyén ham: J = Ix—de
x+lnx)
<. I x+1 -1 -1
+Dit: f=x+lnx=>dr=1+—= = J= j dt="—+C= +C
X X t x+Inx
-1 -1 1
Dod6: G=—+J=—~- +C
X x x+Inx
Céu 84. Ham s6 nao sau ddy la nguyén ham ciia h(x)= I-Inx ?

X .n x.(x" +In” x)

A. lln|x|—lln|x” +1In" x[+2016. B. lln|x|+lln|x” +In" x
n n n n

C. —lln |x|+lln|x” +In" x
n n

D. —lln |x|—lln
n n

X" +1In" x|—2016 .
Huéng din giai

Chon A.

Ta co:
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I1-Inx I-Inx 1 1-Inx 1
L_le”.lnx.(x”+ln”x)dx_"- x’ 'x”l.lnx.(x”+ln”x)dx_'[ x’ 1r17x 1+1n”x x
X x"
. . Inx _I-Inx B dt t"dt
Pt ¢ = x = di = x? dx:>L_It(t”+1)_Iz”(t”+l)

+Pat u=t"+1= du =nt""'dt

1 du 1 1 1 1 1 u—1
L=— =— ——ldu=—|Inlu-1/-1 C=—.In|—[+C
= n u(u—l) n-[[u—l u] ! n[n|u | n|u|]+ n ! u "
In" x
oLt lioclmlx" el x| e
n " +1 n 1n”x+1 n In" x+x"
xﬂ
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PHUONG PHAP NGUYEN HAM TUNG PHAN

Cho hai ham sb u va v lién tuc trén doan [a;b] va c6 dao ham lién tuc trén doan [a;].
Khi do: Iudv =uv— Ivdu. (*). Dé tinh nguyén ham j f(x)dx bang timg phan ta lam nhu sau:
Buée 1. Chon u, v sao cho f(x)dr=udv (chuy dv=v'(x)dx). Saudo tinh v= jdv va du=u'dx.
Buwdérc 2. Thay vao cong thirc (*) va tinh J vdu .
Chit y: Can phai lya chon va dv hop li sao cho ta d& dang tim dugc v va tich phan J vdu dé tinh hon
J.udv. Ta thuong gap cac dang sau
u= P(x)
}dx ,trong d6 P(x) ladathic.u. Voidang nay, ta dat e [sinx }dx )

COS X

o Dang 1. [ = J.P(x){smx
CoS X
) u= P(x)
eDang2. | = jP(x)e”x*bdx, trong d6 P(x) la da thtc. Vi dang nay, ta dat .
dv = e™*"dx
u= ln(mx+ n)

e Dang3. [ = IP(x)ln(mx+n)dx, trong d6 P(x) la da thire. Vi dang nay, ta dat {dv _ p(x)dx

sin x
sinx | ) u=
e Dang4. [ = J.[ }e*dx . Vi dang nay, ta dat Los x} .
cosx
dv=e"dx
DANG 1
Caul. Tim j xsin2xdx ta thu dugc két qua nao sau day?
A. xsinx+cosx+C B. %xsin2x—lcos2x+c
. | 1
C. xsinx+cosx D. sz1n2x—5cos2x

Hwéng dan giai
du =dx
) u=x
Chon B. Tacé: [ = jxsm 2xdx  Dat: ) = 1
dv =sin 2xdx v= —Ecos 2x

Khi do: I = uv—jvdu = —lxcos2x+ljcos2xdx = —lxcos2x+lsin2x+C
2 2 2 4

Ciu 2. Nguyén ham ciia ham sb f(x) =xsinx la:

A. F(x)=-xcosx—sinx+C. B. F(x)=xcosx—sinx+C.
C. F(x)=—xcosx+sinx+C. D. F(x)=xcosx+sinx+C.
Hwéng dan giai
. . _ |u=x o |du=dx
Chon C. Taco: I=If(x)dx=jxs1nxdx. bit ) Ta co )
dv=sinxdx V=-—COSX

I=jf(x)dxzIxsinxdx=—xcosx+jcosxdx=—xc0sx+sinx+C.

Cau3. Biét Ixcos2xdx=axsin 2x+bcos2x+C véi G, b la cac s hiru ti. Tinh tich ab?
A. ab:l. B. ab:l. C. ab:—l. D. ab:—l.
8 4 8 4
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Hwéng dan giai
du =dx
u=x
Chon A. Dat = 1
dv=cos2xdx v:Esian

Khi do Ixcos2xdx=lxsin2x—ljsin2xdx=lxsin2x+lcos2x+C =aq=—, b=
2 2 2 4

1 1

2774

Vay ab=1.
8

5 2

Cho biét F(x) :%ﬁ + 2x_l 1a mot nguy€n ham cua f (x)= M. Tim nguyén ham
X X

cia g(x)=xcosax.

A. xsinx—cosx+C. B. %xsin2x—icos2x+C-

C. xsinx+cosx+C. D. lxsin2x+lCOSZX+C-

Huoéng din giai
1 (x2 +a)2
Chon C. Tacé F'(x):x2 24— )

= = .Suyraa=1.

Khi d6 Ig(x)dxzIxcosxdx=desinx=x.sinx—jsinxdx=x.sinx+cosx+C.
Nguyén ham cta [ = J xsin® xdx 1a:

1 . 1 1 .
A. —(Zx2 —xsm2x—c0s2x)+C . B. —cos 2x+—(x2 + xsin 2x)+ C.
8 8 4

1 1 .
C. Z(xz —Ecos2x—xsm2x)+C. D. Pap an A va C dang.

Hwéng dan giai
Chon C. Ta bién doi:

1 :J.xsin2 xdxzj.x(ﬂjdx :ljxafx—l_“xcostdx:lx2 —lJ‘)ccostdx+Cl
2 2 4 2

2 T
11

du = dx
uU=x
1, =Ixcos2xdx. bat = 1. .
dv=cos2x v:5s1n2x

=1 = Ixcostdx =lxsin2x—lj‘sin2xdx =lxsin2x+lcos2x+C.
! 2 2 2 4

1 1 ) 1 .
=17 =Z(x2 _ECOS 2x—xs1n2xj+C =§(2x2 —2xsm2x—cos2x)+C

= —lc052x+l(x2 +xsin2x)+C
8 4

Tim nguyén ham [ = J(x —1)sin 2xdx

(1-2x)cos2x+sin2x (2—2x)cos2x+sin2x
A = +C. B. = +
2 2
(1-2x)cos2x+sin2x (2—2x)cos2x+sin2x
C.I= 2 +C. D. I= 1 +C

Hwéng dan giai
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du=dx

o Ju=x-1
Chon D. bat ] = 1

dv =sin 2xdx V= -3 cos2x

Khi d6

. 1 1 1 1 .
I= J.(x— 1)sin 2xdx = ——(x—l)cost+—J.cos2xdx =——(x—1)cos2x+—sin2x+C

2 2 2 4

Cau7. Tim nguyén ham Isin Jxdx

. 1
A. J.Sln\/;dXZmCOS\/;+C_ B. J.sin\/;dx=—cos x+C.
C. jsinﬁdxzcos x+C. D. Isinﬁdx=—2&cos x +2sin~/x +C.

Hwéng dan giai

. aco
dv =sin tdt
IZtsintdt=—2tcost+_[2costdt=—2tcost+2sint+C=—2\/;cos x+2sin\/;+C

u=2 du =2d¢
Chon D. Dait l‘I\/;,tac() jsin&dxzj%sintdt. Dét{ ta co { ,
v =-cos

Cau 8. Nguyénham cua J =J.)csinxcos2 xdx 1a:
3 1 3 : 3 2’ 3 :
A. I =-xcos x+t—§t +C,t=sinx. B. I, =-xcos x+z—§t +C,t=sinx.

1 . 2 .
C. 1 =xcos3x+t—§t3+C,t=s1nx. D. ], =xcos3x+t—§t3 +C,t=sinx.
Huéng din giai
. u=x du = dx
Chon A. Ta dat: ) , = \ .
du =sinxcos” x u =—cos” xdx
=1 =J.xsinxcos2 xdxz—xcosSJHJ‘cos3 xdx+C,.
1
1

Xeét 1, =Icos3 xdxzjcosx(l—sinzx)dx. bit ¢ =sinx = dt = cos xdx.

= I =J‘(1—t2)aft=t—lt3+c2 :>1:—xcos3x+ll:—xcos3x+t—lt3+C.
3 3

X

Cau9. Mot nguyén ham cia f(x)=—5— la:
COS X
A. xtanx—ln|cosx| B. xtanx+ln(cosx)
C. xtanx+In|cosx] D. xtanx—In|sin

Hwéng dan giai

2
cos” x dv = y=tanx

u=x du = dx

Chon C. Tacé: /= | *__dx Dt 1 d:{ N
X
coszx

Khi do: I=uv—jvdu =xtanx—jtanxdx=xtanx+ln|cosx|+C

Céu 10. Mot nguyén ham cia [ (x)=— x2 la:
Sin- x
A. xcotx—ln|sinx| B. —xcotx+ln(sinx)
C. —xtanx+ln|cosx| D. xtanx—]n|sinx|

Hwéng dan giai

u=a du = dx
Chon B. Tacé:]:J' ~__ax. Pt 1 =4{
sin” x dv=———dx v =-—cotx
sin” x
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Khi do: I=uv—jvdu =—xcotx+J.cotxdx=—xcotx+ln|sinx|+C

Ciu1l. Cho f(x)=

T T '
trén (—— —j va F ( ) 12 mot nguyén ham cua xf (x) thoa man
cos” x 22

F(O) 0.Biét ae _Z. z thoa man tana =3. Tinh F( ) 10a* +3a.
2’2

A. —Lm1o. B. —~Lin1o0. C. Linto. D. Inl0.
2 4 3 2
Hwéng dan giai
Chon C. Tacé: F(x)=[xf'(x)dx = [xdf (x) =x/ (x)- [/ (x)
Ta lai co: If )dx = I—dx de tanx) = xtanx — Jtanxdx = xtan x —I

COoSs X CoS Xx

sin x

dx

d(cos x) = xtanx+In|cos x|+ C = F(x) = xf (x) —xtanx—In|cos x| +C

—xtanx+J.
COS X

Laico: F(0)=0=C=0,do dé: F(x)=xf(x)—xtanx—In|cosx].
F(a) =af(a)—atana—ln|cosa|
Khi d6  f(a)=

1
<:>|cosa| =—

Nk

Vay F(a)—lOa2 +3a =104’ -3a—In

1

—=1+tan’a =10 & cos’a =—
cos’a

—a(1+tan2 a) =10a va

COS a

1 1
——|-10a” +3a = —1n10.
\/ﬁ‘ 2
DANG 2

Cau 12. Ho nguyén ham cua je" (1+x)dx la:

A. IT=e"+xe' +C. B.I:ex+%xex+C-

C.]:%ex+xe’\'+c. D. I=2¢"+xe"+C.
Huéng din giai
Chon B. Taco: [ =J.e” (1+x)dx=je”dx+J.e“‘xdx=ex +C, +Ixe”dx.
%/_J

I

— du =
Xét I, = je xdx. Dat - = e
dv =e"dx v=e"
1 .1
:>Il=xeX—Ixexdx:>II=5xex+C2:>I=e1+5xex+C-

Ciu 13. Biét Ixezxdx =axe” +be* +C (a, be Q) Tinh tich ab.

A. ab:_l. B. ab:l. C. ab:—l. D. abzl-
4 4 3 8 8
Hudng dan giai
_ du =dx
Chon C. Dat S 1,
dv=e"dx v=—e"
2
. 2x 1 2x 1 2x 1 2x 1 2x
Suyra.J'xe dx =—xe ——Ie dx =—xe”" ——e" +C
2 2 2 4
Vay: a_l b:——zab:—l.
2’ 4 8
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Ciu 14. Cho biét j xe*dx = %eh (ax+b)+C, trong d6 a,p e Z va C la hing s6 bat ki. Ménh dé
nao dudi day la ding.
A. a+2b=0. B.b>a. C. ab. D. 2a+b=0.
Huéng din giai
2x

X €
Chon A. DPiat u=x=du=dx, dv=e"dr=v= 5

2x 2x 2x 2x 2x
r 2x _xe _ e_ :x_e _e_ :e — — [
Ta co Ixe dx——2 2dx ) 4+C 4(2x 1)+C.Suyraa—2,b— 1.
Cau 15. Biét F(x)=(ax+b)e" 1a nguyén ham cia ham s6 y=(2x+3)e" . Khid6 a+b 1a
A.2. B.3. C.4. D.s.

Huéng din giai
Chon B. Taco: [(2x+3)e'dx=(ax+b)e', nghiala: [(axtb)e |'=(2x+3)e"
Sae' +e(ax+b)=(2x13)e’ <e'(ax+a+b)=(2x+3)e"
Dong nhat h¢ so ta dugc: a=2 vab=1. Vay a+b=3.
Ciu 16. Biét J-(x—i— 3).e dx = —%e’“ (2x+n)+C,Vv6i mneQ.Tinh S =m*+n’.

A. §=10. B. §=5. C. §=65. D. §=41.
Huéng din giai
u=x+3 du =dx
Chon C. Dat ey = 1,
dv=e""dx v:—Ee"“

. 4y 1 1 1 ’ 1

Khi do6 J.(x+3).e 2de:_56 o (x+3)+EJe dx = —5e 2 (x+3)—ze *iC

= —ie’”.(2x+6+l)+€ = —%e’z’“(2x+7)+C >m=4n=7. S=m’+n’=65.
CAu 17. Tim nguyén ham 7 = [(2x—1)e "dx.

A. I=—(2x+1)e™ +C. B. I =—(2x-1)e™" +C.

C. [=—(2x+3)e™ +C. D. I =—(2x-3)e" +C.

Hudng dan giai

u=2x-1 du =2dx
dv=e'xdxj{ '

Taco [ =—(2x—1)e™ +[2e dr=—(2x~1)e " ~2¢ ™ +C=—(2x+1)e" +C.
Céu 18. Cho F(x)la mdt nguyén ham cua ham séf(x) =(5x+1) e va F(O)=3. TinhF(l).

A. F(1)=11e-3. B. F(l)=e+3. C. F(1)=e+7. D. F(1)=e+2.

Hudng dan giai
u=>5x+1 du =5dx

dv=e'dx :{

F(x)=(5x+1)e" —jsexdx =(5x+1)e" —5¢" +C =(5x—4)e* +C.

Mit khac F(0)=3 = 4+C=3<C=7=F(x)=(5x—4)¢"+7. Vay F(I)=e+7.
Céau 19. Cho ham s f(x) =(2x—3)ex. Néu F(x) =(mx+n)ex (m,n GR) 1a mot nguyén ham ctia

—X

Chon A. Dat {

V=-e

Chon C. Tacé F(x)=[(Sx+1)e'dr. Dét{ .
v=¢C

S(%) g hiéu M—71 bing
A 7. B. 3. C. 1. D. 5.
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Cau 21.

Cau 22.

Cau 23.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
Hudéng din giai:
Chon A. Tith.(Zx—?))exdx . bat u=2x-3=du=2dx; dv=€'dx =>v=e€". Suy ra:
[(2x=3)erdr=(2x-3)e" —2[e'dr+C =(2x-3)e" ~2¢" +C =(2x=5)e"+C

Suyra: m=2; n=-5. Vaym—n=7.

— i = —
Cho F(x) 12 mot nguyén ham cua ham sb f(x)— © va F(O) 2. Hay tinh F( 1).
A 6-2 B.4-10. by p. 19
e e e e

Hudéng din giai
Chon C. Tacé [ = If(x)dx = je%dx.

Dat 3/3—c=t:>x=t3 = dx = 32ds khi dé 1=je%x=3jefz2dt.

F=u 2tdt =du .
3 j— _ 12 t — _ t
Aty T ey = 1=3(e' -2 e'tdr) =3¢t —6[ et

= je’tdtzze’ —je’dt —te' —¢'.

- dr=d
Tinh [e'dr. Dit {’ “ {t u

e’dtzdv:> e =v
Vay = I =3e't’ —6(e’t—e’)+C :>F(x)=3e%%/;—6(e%\3/;—e%)+(f_

Theo gia thiét ta co6

F(0)=2=C=—4 = F(x)=3¢"{x* ~6(e" - ) -4 - Fen-Sog

DANG 3

Két qua cia j]nxdx la:
A. xInx+x+C B. Pap an khac
C. xInx+C D. xlnx—x+C

Hwéng dan giai

u=Inx d _dx
Chon D. Tacé: Izjlnxdx. Dét:{ RN L

dv=dx

V=X
Khi do: I=uv—jvdu=x1nx—J.dx=xlnx—x+C
Nguyén ham cua [ = len xdx bang véi:
x° x° 1
A. ZInx—[xde+C. B. —Inx—|-xdr+C.
2 - 2 2

C. lenx—jéxdquC. D. lenx—jxdx+C.

Hwéng dan giai

u=Inx duzldx x’ 1
Chon B. Tadat: B = * :>I:lenxdx=—lnx—j—xdx_
dv = xdx X’ 2 2
C 2
Tim nguyén ham ciia ham s f(x) = xln(x+2) :
2 2
+4

A. jf(x)dx:%ln(xu)—x aliol
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X x> —4x

+C.

“n(x12)-

B. '[f(x)dxz 5

x> +4x

C. jf(x)dx=x—221n(x+2)— +C.

2 2
X _4]11(x+2)—x +4x

D. [ /(x)dr= +C.

Huéng din giai

u=1n(x+2):> )

Chon B. Dt X
dv = xdx x_2

t\)|NN

1 X
1 +2)—— dx
n(x+2) 2Ix+2
2 2
4 jdx:x _4ln(x+2)—x —4x
x+2

Suy ra If(x)dXZIxm(x+2)dx= X

2
X

z?ln(x+2)—%j(x—2+

Cau 24. Ham s nao sau day la nguyén ham cta g (x) = (II:L—)IC)Z ?
X

“In2voxin? | x| oeg LE SN
x+1 |x+1| x+1 |x+1|

+2016, p. ¥
x+1

Huéng din giai

+1998.

c. X g
x+1

X
x+1

X
x+1

+2017.

u=Inx du =—dx
Chon A. Dit 1 =N *
* dv = >
(x+1) v=—-

3S=_1nx+J' ! dxz_lnx+J‘(l— 1 jdxz_lnx++ Lo [
x+1 x(x+1) x+1 x+1

& 5= (Infy|~Infx+1]) + € = X

x+1

In(cosx)
Cau 25. Ho nguyén ham cia IZI ——dx la:
sSm x

A. cotx.In(cosx)+x+C. B. —cotx.In(cosx)—x+C.

C. cotx.ln(cosx)—x+C. D. —cotx.ln(cosx)+x+C.
Hwéng dan giai

u=1In(cosx) it = —tan xdlx
Chon B. Ta dit: o =

v = y=—cotx

sin® x
=17 =—cotx.1n(cosx)—_|.dx= —cotx.ln(cosx)—x+C.

Céu 26. Tim nguyén ham cia ham s6 f(x) =xInx.
3 3
A. If(x)dxzéx2(3lnx—2)+C_ B. jf(x)dx:§x2(3lnx—2)+C,
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3 3
C. Jf(x)dxz%xz (3Inx-1)+C. D. If(x)dx:§x2 (3nx-2)+C.
Hwéng dan giai

1
Chon A. I=/(x)dc=[Vrinxdr. Bit #=yx=di=—=dv=>2dr=dr.

2x

1
u=Int du—;dt

-
dv=¢dr £
‘v frp—

3
2(1? mz—éﬁ +Cj:§t3(3h1t—l)+C

:>I=2J.t2 lntz.dt=4j'z2 Int.dt. Dat: {

:>I:2(lt3 lnt—ljtzdtj
3 3
=zx;(3h1\/;—l)+

3
x2 (3Inx-2)+C.

\OI»—* o

hl(x+3)

Gia s F(x) 1amot nguyén ham cua f(x)= sao cho F(-2)+F(1)=0. Gia trj cia

F(-1)+F(2) bang

A. E1 2—§1n5 B. 0. C. Zln2. D. gln2+iln5.
3 6 3 3 6

Huéng din giai
Chon A. Cich 1: Ta c6 ham s f'(x) lién tuc trén céc khoang (—3;0) va (0;+0).
1

43 u=In(x+3) du =
Tinh_[ ) . Pt dx x+3 (Chon Cc = 1)
A 11 x+3 3
X T3 e
X

In(x+3 3 1

Suy ra: F(x)zj%dx:—%]n()ﬁﬂﬂfgdx: x3+31 (x +3)+—1n|x|+C
o X¢ét trén khoang (—3;0),ta co: F(—z):§1n2+q; F(—l):§1n2+C1

o X¢t trén khoang (O; +00) , ta co:

F(1)=—§ln4+C2=—§ln2+C2; F(2)=—%1n5+%1n2+cz
1 8
suyra: F(2) (1) =05 110246 Jo( 202+ |00 ¢ e, - L2,
2 5 1
Do do: F(-1)+F(2)= 51nz+cl + —gln5+§ln2+C2

:zln2—21n5+lln2+zln2 :mln2—zln5.
3 6 3 3 3 6
Cach 2: (Tan dung may tinh)
e Xét trén khoang (—3; 0) ta co:

=_ff( desz,ZM—)A(luuvao AH())

X

o X¢t trén khoang (O; +00) , ta co:
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Cau 29.

Cau 30.

Tuyén chon va gi6i thiéu: Nguyén Quéc Hoan

In(x+3)

2
X

0913 661 886

F(2)—F(1):jf(x)dxzj—dxz0,738—>B (luu vao A4)(2)

e Liy (l) cong (2) theo vé ta duoc:

F(-1)+F(2)-F(=2)-F(1)=4A+B < F(-1)+F(2)=A4+B~0,969.

4-—

Tim nguyén ham ctia ham s6 1 (x)=x"In ( 1

2
* 19
+x2

_ 2 4_ _ 2
A. x*In 4 x2 —2x. B. x 16 In 4 x2 —2x.
4+ x 4 4+ x
_ 2 4_ _ 2
C. x'In 4 xz +2x7 D. | X 16 In 4 x2 +2x%.
4+ x 4 4+ x
Hwéng dan giai
4—x* d :—16x
. ju=l > x* =16
Chon B. Dit: 4+x° | Y .
4 > X g -16
V=X dx 4 4
_ 2 4_ _ 2 4_ _ 2
:>jx4ln 4 x2 dx=|2 16 In 4 x2 —I4xdx= x —16 In 4 xz -2x*+C
44+ x 4 44+ x 4 44+ x
2
Tim 7 - | xdr 9
(xsinx+cosx)
X X
A. H = - +tanx+C. B. H= - —tanx+C.
cos x(xsinx +cos x) cos x(xsinx +cosx)
—X —X
C. H= - +tanx+C. D. H= - —tanx+C.
cos x(xsinx +cos x) cos x(xsinx +cosx)
Huéng din giai
2
Chon C. Tacc’):H:J' * zdxzj R
(xsinx+cosx) (xsinx+cosx) cosx
Y= du:xsinx+cosxdx
5 cosx cos® x
Pbat . =
: XCOS X d(xsinx+cosx) 1
dv= ) Tdx= ; 2 VE—-—
(xsinx+cosx) (xsinx+cosx) X $in x +cos x
1 1 —X
S H=— - I s—dx = - +tanx+C
COsSX Xsinx+cosx * cos’x cos x(xsinx +cos x)

3 7
J.(Zx\/x2 +1+xlnx)dx c6 dang %(\/xz +1) +%x2 lnx—ix2 +C, trong do a, b 12 hai soO

hiru ti. Gia tri 4@ bang:

A. 3. B. 2.

C. 1. D. Khong ton tai.

Hwéng dan giai

Chon B

Ciach 1: Theo dé, ta can tim I(2xv x*+1 +x1nx) dx . Sau do, ta xac dinh gia tri cua Q.

Ta co: J‘(Zx\/x2 +1 +x1nx)dx=j2xxlx2 +1 dx+jxlnxdx.

Pé tim I(Zx\/xz +1 +x1nx)dx tadat 7, = j2x\/x2 +1dx va l, :lenxdx va tim 1,1,
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*1 :I2x\/x2+1dx.

Dung phuong phap d6i bién. Dit £ =~/x" +1, 1>1 ta duoc £ =x +1, xdx=tdr .
Suy ra:

3 s ’
11=I2x /x2+1dx=j2t2dt=§t3+cl=§( /xz+1) +C, , trong do G la 1 hang so.

*1, =jxlnxdx.

du =—dx
5 =1
Dung phuong phap nguyén ham ting phan. Dat weamy ¥ tadugc
dv = xdx 1,
V=—Xx
2
I, :J.xlnxdxzjudv:uv—.[vdu
=llenx—.[lx2~ldx=lx21nx—ljxdx=lx2lnx—lxz+C2'
2 2 x 2 2 2 4

3
I(2x\/x2+l+xlnx)dx=11+lz=§(\/x2+1) +C1+%x21nx—%x2+C2
, .
=g(\/x2+l) +lx2 lnx—lx2+C
3 2 4
Suy ra dé '[(2x\/x2+l+xlnx)dx c6 dang %(x/x2+1)3+§lenx—%x2+c thi

a=2eQ,b=3€Q.
Cach 2: Dung phuong phap loai trur.

3 X .
Ta thay gia tri cua 4 & cac dap an vao %(\/xz +1) +§x2 1nx_ix2 + C . Sau @6, véi moi a

7 3
cua cac dap an ta lay dao ham cua %(\/xz +1) +§x2 lnx—ix2 +C.

Khong khuyén khich cach nay vi viéc tim dao ham ctia ham hop phuc tap va co 4 dap an nén
viéc tim dao ham tré nén kho khan.

Sai lAm thwong gip:

A.DPap an A sai. Mot s6 hoc sinh khong doc ki dé nén chi tim gia tri cua b. Hoc sinh khoanh
dap an A va da sai lam.

C. bap an C sai. Mot sb hoc sinh chi sai 1am nhu sau:

*1, =J2x x* +1dx.

Dung phuong phap d6i bién. Dit £ =+/x* +1, 1>1 ta duoc £=x +1, tdt =2xdx .
Suy ra:

3 \ 7
I = [2xx* +1dx = [£dt =%t3 +C, =%(x/x2 +1) +¢,,trong d6 G 1a 1 hang sd.

Hoc sinh tim dung 7, =%x2 In x—% x* + C, theo phan tich ¢ trén.
3
I(Zx\/x2+1+xlnx)dx=11+lz=%(\/x2+1) +Cl+%x21nx—ix2+C2
N L 1, .
=—( X +1) +—x"Inx——x"+C
3 2 4
Suyradé I(Zx\/x2+l+xh1x)dx c6 dang %(\/xz +1)3 +§x2 lnx—%xz +Cthiag=1,0=3

Thé 13, hoc sinh khoanh Qép an C va da sai ‘lﬁm.
D. Pap an D sai. M4t s0 hoc sinh chi sai lam nhu sau:
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Cau 32.

Cau 33.
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*11:I2x\/x2+1dx.
Dung phuong phap d6i bién. Dt t—\/x2 +1,1>1 taduge £ =X +1, tdt =2xdx

Suy ra: [, _sz\/x +1 dx—_[t dt = z +C, = 3(\/;5 +1 )3+C1,tr0ngdé G 1a 1 hang sd.

Hoc sinh tim dung 7, = % x*Inx— % x* + C, theo phan tich ¢ trén.

3
I(2x\/x2 +1+xlnx)a’x=]1 +1, =%(\/x2 +1) +C1+%x2 ln)c—%x2 +C,
, .
=%(\/x2+1) +%x2 1nx—%x2+C

Suy ra dé '[(2x\/x2+l+xlnx)dx c6 dang %(x/x2+1)3+§lenx—%x2+c thi

a=1€Q, b= % ¢ Q. Hoc sinh khoanh dap an D va d4 sai 1am do tinh sai gia tri cia b.

Cho F(x)= 217 12 mot nguyén ham caa ham sb @ Tinh J. f'(x)Inxdx bang:
1

2 2 2 2
e -3 2—-¢ e -2 3-¢
A I=— B. [=— I=— D. [=—
2e e ) e 2e
Hwéng dan giai
Chon A
Do F(x)zL 12 mot nguyén ham ctia ham s6 SO pen SO (L) f(x)z—i.
2x? x x 2x’ x’
j, {1nx=u ldxzdu
Tinh 7 =| f'(x)Inxdx. Pat y , =9X .
Khidé I=f(x j e 3
1d0 = .
1 (X)l 27|, 262
Cho F(x):—(lnx+b) 12 mot nguyén ham ciia ham s6 f(x)= 1+lnx ,trong d6 4, beZ.
X
Tinh S=a+b.
A. S=-2. B. S=1. C. §=2. D. §=0.

Hwéng dan giai

1+1In x l+lnx=u —dx =du
Chon B. Taco I=If(x)dx=j( . ]dx bat { — ¥ khi do
X x—zdxzdv _l

=y

1 1 1 1 1
1:—;(1+lnx)+jx—2dx :—;(1+lnx)—;+C:—;(lnx+2)+C =Sa=-1;b=2.

Cho cac s6 thuc 4, b khac khong. Xétham s6 £ (x) = ~+bxe* voi moi Xkhac —1. Biét

(x+1)
£(0)=-22 va jf )dx=5.Tinh a+b?

A. 19. B. 7. C. 8. D. 10.
Huéng din giai
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Cau 34.

Cau 35.

Cau 36.
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Chon D. Taco f'(x)=——2—+be* +bxe’ nén f'(0)=-3a+b=-22 (I).

()c+1)4
1
.[ x)dx = _[ ++bxe’ dx:aj dx +bjxe*dx—a1+bJ
(x+1 o (x+1)
1 _ —
Tinhjzj. dx = ! z‘lzi. Tithzjxe"dx.Bét{u_x :{du—dx-
o (x+1) 2(x+1)710 8 0 dv=e"dx v=e"
1
Khi do Jz(xe"):) .([e"dx—e —e’ :)zl.Suyrachb:S (2)
-3a+b=-22 =8
Tu (1) va (2) t . Va b=10.
u()va( ) aco 3—a+b=5 @{bzz ay a+

Cho a la s thyc duong. Biét ring F (x) la mot nguyén ham cua ham s

f(x) =¢e (ln(ax) +lj thoa man F(lJ =0 va F(2018) =¢™"" . Ménh dé nao sau day dung
X a

?

A.ae ( ! 1} (O L} C. a€[1;2018). D. a€[2018;+).
2018’ 2018

Huéng din giai
ChonA. [= J. (ln (ax)+ l)dx=J.e)‘ln(ax)der.[e—xdx (1)
x x

_ _1 .
* Tinh [e*In(ax)dx: it {”_ln(“’“): W= = [ In(ax)dv=e* In(ax)- [ < dr
dv =e"dx : *

v=¢

* Thay vao (1), ta dugc: F(x) =¢" ln(ax)+C.

Cc=0

1 1
.. a e’.In1+C=0 _
Vi < In(.2018)=1" “~ 2018~

=
F(2018):e2018 e2018 ln(a.2018)+C:e2°18 {

7 DANG 4
Phat biéu nao sau day la dung?
A. jex sinxdx =¢” cosx—je" cos xdx. . B. Ie* sin xdx = —e” cosx+jex cos xdx..
C. jex sin xdx =e¢” cosx+je" cos xdx. . D. jex sin xdx = —¢* cos x — J.ex cos xdx.

Huéng din giai
Chon B. bit u=e = du=edx :Ie”sinxdx=—e"cosx+J.excosxdx..
dv =sin xdx V=-C0SX

Tim sze .smxdx?

e ) e
A. Jzz(cosx—s1nx)+C. B.J= 3(s1nx+c0sx)+C

X e, .

C. J=3(31nx—cosx)+C. D. J—E(s1nx+cosx+l)+C,

Hwéng dan giai

H73



Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
Chon C. Pit: u =e N du, = e".dx
dv, =sin x.dx v, =—C0SX
= J=-e"cosx +Ie* cosxdx=—-e cosx+T (T = _[e".cos xdx)
Tinh T = J.ex.cosxdx. T=e sinx—.[e)C sinxdx =e*sinx—J

X

) . e, .
=J=-¢" cosx+exsmx—J<:>2J:ex(s1nx—cosx)<:>J:—(smx—cosx)+C.

H 74



Tuyén chon va gidi thiéu: Nguyén Quoc Hoan 0913 661 886

TiCH PHAN
A. KIEN THUC CO BAN
1. Dinh nghia
Cho f 1a ham sé lién tuc trén doan [a;b]. Gia stt F 1a mot nguyén ham cia f trén [a;b]. Hiéu sd
F(b)— F(a) dugc goi 1a tich phan tir  dén b (hay tich phan xac dinh trén doan [a;b] ciia ham s6 f(x),

b
ki hiéu la j F(x)dx.
Ta ding ki hidu F(x)| =F(b)-F(a) d& chi higu sb F(b)-F(a). Viy

[ f(0)dx=F()[, = F(b)~F(a).

b b
Nhdén xét: Tich phan ctia ham s £ tir a dén b c6 thé ki hiéu boi j f(x)dx hay j f(#)dt. Tich phan

d6 chi phu thude vao fva cac céan a, b ma khong phu thude vao cach ghi bién sb.
Y nghia hinh hoc cua tich phdan: Néu ham s6 f lién tuc va khong am trén doan [a;b] thi tich phan

b
j f(x)dx 14 dién tich S cuia hinh thang cong gidi han béi d6 thi ham s6 y = f(x), truc Ox va hai dudng

b
thing x=a,x=b. Vay S =[ f(x)dx,
2. Tinh chit ciaa tich phan
a b a
1. j F(x)dx=02. j F(x)dx=— j £ (x)dx
a a b

3, j F(x)dx +j F(x)dx = j F(x)dx(a<b<c). j k.f(x)dx = k. j f(x)dx (keR)

5.

Q C— >

[/ ()£ g(0)ldx = [ f(x)dx +[ g(x)dx.

B. CAU HOI TNKQ
AP DUNG PINH NGHIA, TiNH CHAT VA BANG NGUYEN HAM

Caul. Chohamsd y=f(x), y=g(x) lién tuc trén [a;b] va sb thuc k tiy y. Trong céc khing
dinh sau, khéng dinh nao sai?

Al j.f(x)dxz—;'if(x)dx. B. [of (x)ar=x[ £ (x)dx.
C. jkf(x)dxz(). D. i[f(x)+g(x)]dx=jf(x)dx+fg(x)dx.

Huéng din giai
Chon B.  Dya vao tinh chét cua tich phan, A, C, D d¢ing nén B sai.
Cau 2. Khiang dinh nio sau day sai?
b b b b b c
A [ (x)+g(x)]dx=[ £ (x)dx+[g(x)dx. B. [f(x)dr=]f(x)dr+]f(x)dr.

c

C. if(x)dx=jf(x)dx. D. if(x)dx=jf(z)dz.

a

Huéng din giai

H75



Cau 3.

Cau 4.

Cau 5.

Cau 6.

Tuyén chon va gidi thiéu: Nguyén Quoc Hoan 0913 661 886
Cho hai ham s6 £ (x) va g(x) lién tyc trén K, a, b€ K . Khang dinh nao sau day la khing
dinh sai?

A.j.[f(x)+g(x)}dx:jf(x dx+jg )dx. Bjkf dx:kff(x)dx

C. i.f(x)g(x)dxzij(x)dx.jjg(x)dx. D. j.[f(x)—g(x)}dx:i.f(x)dx—i.g(x)dx.

Huéng din giai

Chon C

Cho hai sb thyc a, b tuy §, F(x) 1a mot nguyén ham cia ham s6 f(x) trén tap R. Ménh
dé nao dudi day la dang?

A. ij(x)dx:f(b)—f(a). B. | f(x)dx=F(b)-F(a).

Q C— Q C—

C. [f(x)dx=F(a)-F(b). D. [/ (x)dx=F(b)+F(a).
“ Huéng din giai
Chon B.  Theo dinh nghia, ta c6 jf(x)dx =F(b)-F(a).

Cho f(x) laham s6 lién tuc trén doan [a;b] va ¢ e[a;b]. Tim ménh dé dang trong cac ménh

dé sau.
A. jf(x)dx+jf(x)dx:_zf(x)dx. B. if dx+jf jf(x)dx.
C. ij(x)dx—j:f(x)dxzjjf(x)dx. D. ij(x)dx+‘!.f(x)dx:i[f(x)dx.

Huéng din giai
b a b
Chon D. jf(x)dx+jf(x)dx=F(b)—F(a)+F(a)—F(c) =F(b)-F(c) =jf(x)dx
Cho hamsé y = f (x) lién tuc trén khoang K va a,b,c € K. Ménh dé nao sau day sai?

A j:f(x)dx+jjf(x)dx:jf(x)dx. B. [jlf(x)dx:if(t)dt

C. [ f(x)dx=—] s (x)dr. D. |/ (x)dr=
“ Huéng din giai
Chon A.  Ménh d dung la: jf(x)dx+jf(x)dx=jf(x)dx

Cho ham s0 f'(¢) lién tyc trén K va a,beK, F(t) 1a mdt nguyén ham cia f(¢) trén K.
Chon khang dinh sal trong cac khang dinh sau.

A. F(a) J'f r)dt. B. jf(t)dt:F(t) :

b

8 jm)dr:(ff(r)dt] -

a

D. [f(x)de=[rf(t)de.
Huéng din giai

b
Chon A. Theo dinh nghia ta c6: J.f(t)dt = F(t)r; = F(b)—F(a). Suy ra phuong 4n A sai.
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Ciau8. Chohamsd y=f (x) lién tyc trén doan [a;b]. Ménh dé nao dudi day sai?

A [ £(x)de=] £ (r)ar. B. ff(x)dx:-ff(x)dx

b b
C. [kdx=k(a=b), VkeR. D. [ f(x)dx jf j x)dx, Vee(ash).
Huéng din giai

b
Chon C. Taco: zzkb—kazk(b—a).

Cau9. Giastr f 1aham sé lién tuc trén khoang K va a, b, c 1a ba sb bat ky trén khoang K . Khing
dinh nao sau day sai?

A. j.f(x)dle. B. j.f(x)dxz—]‘f(x)dx.

C. [ £(x)ates [ £(x)de=[ (), < (aih). . [ £(x)de= [ £(1)a
“ C a Huoéng dan giai a a
Chon A. Ta co: if )—F(a)=0.
(

Cau 10. Chohamsb y=f x) lién tyc trén doan [a b] Ménh dé nao dudi day sai?

A. If(x)dxz—!f(x)dx. B. jf(x)dx=jf(x)dx+jf(x)dx, VeeR.

C. [ £(x)de=[ £(0)ar D. [ £(x)dx=0

Cau 11. Cho F(x) 1a mt nguyén ham ctia ham sé £ (x). Khi d6 hiéusé F(0)-F (1) bing
1 1

A [ f(x)dx. B. [—F (x)dx. C. [-F(x)dx. D. [~/ (x)d.
Hwéng dan giai

9, =-[F)-F(0)]=F(0)-F(

Cau12. Chohamsé y= f(x) lién tuc trén [a;b], c6 d0 thi y = f'(x) nhu hinh v& sau:

1
ChonD. Taco: [—f(x)dx=—F(
0

Menh dé nao dudi day ding?

A. I f'(x)dx 1a dién tich hinh thang ABMN . B. | f'(x)dx 1a do dai doan BP.

QY C— > R C—y >

C. J.f )dx 1a d6 dai doan MN . D. | f'(x)dx l1a d¢ dai doan cong A4B.
Huéng din giai
b
ChonB. [ f'(x)dx=f(x)| =f(b)-/(a)=BM-PM =BP.
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Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Tuyén chon va gidi thiéu: Nguyén Quoc Hoan 0913 661 886
Cho hai tich phan [ f(x)dx=m va [ g(x)dx=n.Gid tri ctatich phan [[ f(x)-g(x)ldx

—a

A.m—-n. B.n-m. C. m+n. D. Khong thé xac dinh.
Hwéng dan giai
Chon A. Cho hai tich phan [ f(x)dx=m va [g(x)dv=n. Gié tri ciia tich phan

—a

T[f(x)—g(x)]dx la: j[f(x)—g(x)]dxzTf(x)dx—jg(x)dxzm—n

b a b
Cho tich phan 7, = [ f (x)dx=m va I, = [ f(x)dx=n. Tichphan I = [ f(x)dx c6 gié tri la:
A. m+n. B.m—n. C.-m—-n. D. Khong thé xéac dinh.
Huéng din giai
b a b
Chen A. Cho tich phan 7, = [ f(x)dx=m va I, =[ f(x)dx=n. Tich phan I = f (x)dx

b b a
c6 gid tri 1a: Quy tac “ndi dudi” cho ta: [ = If(x)dx = If(x)dx + ff(x)dx =m+n.

b
Tich phan I f (x)dx duoc phan tich thanh:

>

j:.f +:I. -f x)dx. B. Jf J. (x)dx
C. If +If (x)dx. —If I (x)dx .

Hwéng dan giai

o

b
Chon A. Tich phan j f(x)dx dugc phan tich thanh:

Ta co: zf(xﬂx:j!lf(x)dx+;l;f(x)dxzj.f(x)dx—f[f(x)dx.

Cho jf(x)dx:S. Tinh tich phéan 7 = j[Zf(x)—l]dx.

A. 9. B. 3. C. 3. D. 5.
Huéng din giai

Chon C. Tacé I= j.[2f(x)—1]dx =2jf(x)dx—jdx =6-x, =

Cho ham f(x) c6 dao ham lién tyc trén [2;3] ddng thoi f(2)=2, f(3)=5.Tinh jf’(x)dx

bang

A. -3. B.7. C. 10 D. 3.
Hwéng dan giai

Chon D.

Tacojf dv=f(x )| =1(3)-f(2)=3.

Cho.[f Jdx=7 va f(b)=5.Khid6 f(a)bang
A.12. B. 0. C. 2.

I
L
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Huéng din giai
Chon D. [ f'(x)dr=7 & f(b)-f(a)=7 & f(a)=f(b)-T=2.
Cau19. Cho ham sb f(x) co dao ham lién tyc trén doan [a;b] va f(a)=-2, f(b)=—4. Tinh

b
T={f(x)dx
A T=-6. B.T=2. C.T=6. D.T=-2.
Hwéng dan giai
Chon D. Taco: T = jf dx = f(x)|" = £ (b)- £ (a)=-2.

1
Ciu20. Chohamsé f(x) lién tuc trén [0;1] va £ (1)- f(0)=2. Tinh tich phan If’(x)dx
0

A, I=-1. B. I=1. C.I1=2. D. 1 =0.
Hwéng dan giai

1
1
Chon C. Ta co: jf'(x)dxzf(x)|0=f(1)—f(o)=2.
0
Céu2l. Cho ham sé y=f(x) thoa man diéu kién f(1)=12, f’(x) lién tyc trén R va
jf )dx=17.Khi do f(4) bing

A 5. B. 29. C. 19. D. 9.
Huéng din giai

Chon B. Ta c6 jf Jdv=17 & f(x)) =17 & f(4)-f(1)=17 & f(4)=
CAu 22. Cho ham sb f( ) c6 dao ham lién tyc trén doan [-1;3] va théaman f(-1)=4; f(3)=7.
Giatricua [ = j 5/ (x dx bang

A. 1=20. B. I1=3. C. I=10. D. I=15.
Huéng din giai

ChonD. /= isf'(x)dx =57 (x)[, =5/ (3)-5/(-1)=57-54=15.

, b , \ ;
Céu 23. Cho ham so f(x)=%+—+2,vc'ri a, b 1acéac so hitu ti thoa diéu kién If(x)dx:2—3ln2
X x

N =

.Tinh T=a+b.
A. T=-1. B.T=2. C.T=-2. D. T=0.
Huéng din giai
1 1 1
Chon C. Taco If(x)dx J.(% L j =(—£+bln|x|+2x) =a+1+bIn2.
1 1 X X L
! 1
Theo gia thiét, ta c6 2—31n2 a+1+bln2. Tudésuyra a=1, b=-3.
Vay T=a+b=-2.
Cau 24. Tinh tich phan [ = J.
x+2
A.Izﬁ. B.Izlogé. Q.Izlné. D.Iz—ﬂ.
5000 2 2 100

Hwéng dan giai
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5

i+ =
0

22018

Cau 25. Tinh tich phan [ = j dx
X

A. 1=2018.1n2—1. B.=2%%, C. 1=2018.In2. C. 1=2018.
Huéng din giai
ln(22018)—1n1 =2018.In2.

22018

Chon C. Taco: [ = ln|x|

Chu 26. Tinh [ = j( +3\/—j
A. 2+In4/3. B. 4+In3. C.2+In3. D. 1+In+/3.
Hwéng dan giai
Chon A. Taco
1
1:]( 1 +3\/;jdx: —1n|2x+1| +3 =—ln3+2 In~/3+2.
o\ 2x+1 2
1
Tinh tich phan [ = J.xzm (1+x)dx
Cau 27. 0
=L L B.I=L+L,
2018 2019 2020 2021
cor=— 1 p.I=— 4 1
= 2019 2020 2017 2018

Hwéng dan giai

1 1 2019 2020
Chon C. Tacézlzjx2°18(1+x)dx:j(x2°18+x2°19)dx:[x + 2 J -
0 0 2019 2020 .

1 1
+ .
2019 2020

3x2 khi0<x<1

2
. Tinh tich phan x)dx
4—x khil<x<2 P ’([f()

Cau28. Chohamsé y=f(x)= {

AL B. 1. 2 .2
2 2 2
Huéng din giai
Chon A. Taco
2 1 1 3x32 2 2 7
dx = x)dx = (4-x)dx =" +|4x——| ==—.
e -frtoa i foepe feu 3o 5 -
1
2 khi 0<x<I1 3
Cau29. Chohimsé y=f(x)={x+1 77 Tinh tich phan [ f(x)dx
2x—1 khi 1<x<3 0
A. 6+In4. B. 4+1n4. C. 6+In2. D. 2+2In2.
Huéng din giai
Chon A.

Ta cb: if(x)dx=jf(x)dx+jf(x)dx j—dx+ (2x—1)dx

0
:21n|x+l||1 +(x2 —x)‘1 =In4+6.

3x>  khi 0<x<1

Ciu 30. Chohamsd y= f(x)= {4 b l<c<2’

Tinh j.f(x)dx.
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AL B. 1. c.2. D.>.
-2 2

2
1 x” )2 5 7
+HA4x——| =l+=—=—.
0 2 )1 2 2

Hwéng dan giai
1 2 1 2
Chon A. J.f(x)dx +If(x)dx = I3x2dx +I(4—x)dx =x’
0 1 0 1
4
va I = _[f(x)dx. Hoi c6 tit ca bao nhiéu sb
-1

" . A 6x> khi x<0
Cau31. Cho hamsd y= f(x) =
a—a’x khi x>0

nguyén a dé 1+22>0?

A. 2. B. 3. C. 4. D. 5.
Huéng din giai

Chon C. Taco

0 4 0 ) 4 ) o _azxz
I=_[f(x)dx+.([f(x)dx=‘[6x dx+‘([(a—a x)dx-2x ‘_1+[ax 5 J

I1+22>20 < 2+4a-8a>+22>20<2a>—a—-6<0 @—%Saﬁ2iz—>ae{—l;0;l;2}.

4

=2+4a-8d.

0

Vay c6 4 gid tri nguyén cia o thoa man.
b
Cau 32. Biét j (2x—1)dx =1. Khang dinh nao sau day la ding?
A.b—a=1. B.a'—b*=a-b-1. C.b"—a*=b—a+l. D.a-b=1.
Hwéng dan giai

Chon C. Ta co: j(Zx—l)dx:(xz—x)b b ~b—(a’~a).

b
Ma [(2x-1)dx=1b"~b-d’ +ta=1 b -a’ =b-a+1.

2
Cau33. Pat I=[(2mx+1)dx (m la tham sb thyc). Tim m @& [=4.
1

A. m=-1. B.m=-2. ~Q.mzl. D. m=2.
Hwéng dan giai
Chon C. Taco I=j(2mx+1)dx=(mx2+x)‘f =(4m+2)—(m+1)=3m+1.
I=4 <:>3m+1:4c1>m:l.
Cau34. Cho i f(x)dx=a, j f(x)dx =b. Khi do j £(x)dx bing;:
0 2 0

A. —a—b. B. b—a. C. a+b. D. a-b.
Hwéng dan giai
Chon D

Do if(X)dx =if(x)<b€+jf(X)d)C < jf(X)dx = jf(X)dx—jf(X)dx < if(X)dx =a=b

b
Cau 35. Gid tri nao cita b dé [(2x—6)dx=0?
1
A. b=0 hoac b=3. B. 5=0 hoiac b=1 ~C. b=5hodac b=0. D.b=1hodc b=5.
Hwéng dan giai
Chon D

Ta ¢6 }(2x—6)dx:(x2 ~6x) =(b* ~6b)~(1-6)=b* ~6b+5.

1
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b=1

Theo bai ra, co b2—6b+5=0<:>{

Cau 36. Co bao nhiéu gia tri thuc cua AD dé co J. 2x+ 5 dx=a-4
0

A. 1. B. 0. C.2. D. V6 sb.
Huéng din gidi

Chon A. Taco ]ﬁ 2x+5)dx=a- 4©(x +5x)‘ —a—4(H)y=\/;—1
0

Cau 37. Xac dinh s6 thuc duong m dé tich phan I(x —-x’ )dx c6 gié tri 16n nhat.

0

A.m=1. B.m=2. C. m=3. D. m=4
Huéng din gidi
m 2 3" 2 3
Chon A. sz(x—xz)dxz N "
0 2 3 2 3
~ m2 m3 [ 2 ' =~
bat f(m)zT—T:f(m)zm—m = f'(m)=0<m=0 hoic m=1
Lap bang bién thién

Vay f(m) dat GTLN tai m=1.

2
Cu38. Cho a la 6 thuc thoa man |a| <2 va [(2x+1)dx=4. Gid tri biéu thirc 1+a’ bng,

A. 0. B.2. C.1. D. 3.
Huéng din gidi

2 5 2 5 X |a|<2
Chon B. Ta co: I(2x+1)dx=(x +x) =6-a’—a. Theo dé: =a=1.
a ¢ 6-a’*—a=4
Vay 1+a’ =2.
2
Cau 39. Tich phan / =I2x.dx c6 gia tri la:
1
A.1=1. B.7=2. ~2.123. D./=4.
Hudéng dan giai
2 2 2 2
ChonC. [= J.2x.dx=2.J.x.dx=(2.?J =3
I I I
1
Cau 40. Tich phan 7= [ (x+3x+2)dxco gid tri la:
|
A.1=1. B./=2. C.1=3. D.I=4.

Hudéng dan giai
1
=4.

-1

1
ChonD. = j(xs +3x+2)dx z(lx4 +§x2 +2x)
4 2
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Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
-1
Cho g4 tri cta tich phan 7, = | (x Yo Ve =a, I, =|(x +3x)dx=>b.Gidtri cia — la:
o v e pin 1, [ (x*+20 i 1, = [ (430} :
A.Pz—i. B.P=£. Q.Pz—g. D.P=i.
65 65 ) 65 65
Hwéng dan giai
-1

Cho g tri cta tich phan /, = | (x Y40x Ndx = a,l,=|(x"+3x)dx=>b. Glatrlcua—la:
g p I J J(* +3x)a ;

-2
1

: TR s 1) _2 2
Ta co: Ilzj(x +2x )dxz —X +=x =—=a=—.
e 5 2 ), 5 5
-1 -1
12
1, —I(x +3x)dx—( X +E 2) =—E:>b:—2 :pzﬁz___ Chon C
° 2 ), 6 6 b 65
Tich phén [ = I(x3 +ax+2)dx co gia tri la:
-1
A T=1-% B.1=2-% c.r=142. D.7=2+4.
= 4 2 4 2 4 2 4 2
Huéng din giai
0 0
Chon A. I=J.(x3+ax+2)dx=(lx4+gx2+2x) =L 2
4 2 » 2
1
Tich phan [ = j (ax2+bx)dx co gia tri la:
A 1294t B.1=%:2 c.r=9.2 D. =242
2 3 3 3 ) 2 2 -
Hwéng dan giai
1 1
Chon D. I=I(ax2+bx)dx=(gx3+éx2j _a.b
0 3 2 ), 3 2
Tich phan I = j (Lz+2xjdx c6 gia tri la:
X
2
A. I=—l—l+a2. B. I=—2—1+a2. C. I=—§—l+a2. D. I=—1—1+a
2 a 2 a ) 2 a 2 a
Hwéng dan giai
Chon D. 1:](%+2xjdx:(_l+x2j o LT
S\ X X 5 a 2
2
Tich phéan Izﬂxz—x)dx co gia tri la:
-1
A T=2. B.I=1. C.r=-2. D. [=—1.
2 6 2 6

Huéng din giai
Chon A. x>—x=0<x=0vx=2. Tirbang xét dau ta duoc:
7(x)
1
f-ipile
L 37 2

I- ﬂx = j x _x)dx+j 5= __xj

Tich phan [ = ”x3 +x° —x—l‘dx co gia tri la:
-1

_3

0
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Cau 47.

Cau 48.

Cau 49.

Cau 50.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

A1=2 B.I=2. c.r=-2. p.1=-1.
=3 2 ) 3 2
Hwéng dan giai
Chon A. ¥’ +x*~x-1=0& (x-1)(x+1) =0 x=1vx=-1
e

Tir bang xét ddu ta duoc:
1

1 1
I= ”x3 +x2—x—1‘dx:—J.(x3 +x2—x—l)dx=—(lx4+lx3 —lx2 —x) =i.
e Y 4 3 2 3
*“x3—3x+2‘ o
Tich phéan [ = I—ldx c6 gia tri la:
x—
-2
A.1=—Z. B.I=1—7. Q.1=1. D.I=—1—7.
6 6 6 6

Huéng din giai
Chon C. ¥’ —3x+2=0< (x-1)"(x+2)=0< x=1vx=-2. Tirbang xét dau ta dugc:
1)

1 -1

¥ =3x+2 /o, 1, 1, 7
[=J—dx=J(x +x—2)dx= — X +—x =2x| =—.
| 2 37 2 , 6
tlxP—x-2
Tich phan [ =I }dx c6 gia tri la:
_
-2
A. I=3-2In3. B. /=-2In3. C. [=3+2In3. D. /=3-3In2.
Hwéng dan giai
2_ —_— r
Chon A. f(x)=x—x12:f(x)=0<:>x=—1vx=2/\x¢1 Tir bang xét déu ta dugc:
_

0.2 -1 2 0 2
-—x-2 —-x-2 —-x-2
St N | et e A PO et P
x—1 x—1 o ox-1

:%+2ln2—2ln3.

T x—x-2 T 2 x’ ]
Ilz—j[—jdx:—— (x——jdx:—(——2ln|x—1|]
b x—1 b x—1 2 R
S xr—x-2 x*
12 —JI(T]JX—...—(T—ZIDLX—HJ

-1
1
Tich phén [ = j (2ax3 +—jdx co gia tri la:
)

0

:l—2ln2 =[1=1,+1,=3-2In3.
2

-1

X
A.1=—15—a+ln2. B.1=15—a—ln2. g.1=15—a+ln2. D.1=—15—a—1n2.
16 16 16 16
Huéng din giai
—1 -1
Chon C. I:j(Zax3+ljdx:(£x4+ln|x|j :—12—1n2.
° X 2 . 16

1 2
Biét tich phén 7, = [ 2xdx = a. Gié tri cita 1, = [ (x* +2x)dx la:
0 a

1 1 1 1
AT A ) 3
Hwéng dan giai

Chon C. I, =j2xdx=(x2)‘10 =1=1, z‘lz‘(x2 +2x)abc=_2[(x2 +2x)a7x=(%x3 +x2j
0

a 1
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Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

b
Cau 51. Cho tich phéan [ = I (x2 + l)dx . Khang dinh nao dudi day khong dung?

A.Izj.(szrl)dx:j.xzderidx. E.I:(x3+x)z.
C. I=%b3+b—%a3—a. D. Chi c¢6 A va C diing.

Huéng din giai

b
ChonB. [ :Jj(x2 +1)a’x=(%x3 +xj

a

=lb3 er—la3 —-a.
3 3

Phat biéu (A): ding. Phit biéu (B): sai.
Phat biéu (C): dung. Phat biéu (D): dung.

3e
Ciu 52. S6 nghiém nguyén am ciia phuong trinh: x° —ax+2=0 véi a = I —dx la:
1
A. 0. B. 1. C.2. D. 3.
Huéng din giai

Chon B. S nghiém nguyén 4m ctia phuong trinh: x° —ax+2=0 véi a = J.ldx la:
1

3e
Tacé:a:'fldx:(ln|x|)‘fe :3:>x3—3x+2:O<:>(x—1)2(x+2):0<:>x:1vx:—2.
X

1
Ciu 53. S6 nghiém duong cua phuong trinh: X’ +ax+2=0, v6i a = ijdx, a va b 1a cac s6 hitu ti
la:
A. 0. B. 1. C.2. D. 3.
Huéng din giai

1
Chon B. S6 nghiém duong ctia phuong trinh: x° +ax—2=0, véi a = j2xdx la:

Ta co: aszxdxz(xz)‘L=1:>x3+x—2=0<:>(x—1)(x2+x+2)=0<:>x=1.

& \/x+1—1 .

CAu 54. Tim tit ca cac gia tri thuc cua tham s6 k déco 2x l dx =41lim

1 x—0 X
k=1 k=1 k=-1 k=-1
A. . B. . C. . D. .
e s - e
Hwéng dan giai
: ¢ 2x-1)"[ (2k-1
Chon D. Ta co: [(2x—1)dx lj(zx—l)d(zx—l)z( x1)| (k) 1
1 24 4 L 4 4
11 (Vr+1-1)(Vx+1+1) !
Ma 4lim =4lim =4lim—=2
0 X ¥—0 x(\/m—i-l) =0 Sy +1+1
k Jr+l- 2k—1)" -1 k=2
Khi d6: [ (2x - 1)dx = 41im Y1 1@( b 4) =2<:>(2k—1)2=9<:>[k_ -
Céu55. Cho F(x) la mot nguyén ham cia ham s6 f(x)=|l+x|—[I-x| trén thp R va théa main
F(1)=3.Tinh tong F(0)+F(2)+F(-3).
A. 8. B.12. C. 14. D. 10.
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Cau 56.

Cau 57.

Tuyén chon va gidi thiéu: Nguyén Quoc Hoan 0913 661 886
Huoéng din giai
Chon C. Bang khir dau gia tri tuyét doi:

—00 -1 1

1-x + | +0 -

ﬁ(x) -2 2x 2 2 2
Taco: [ f(x)dx="F(2)-F(1)=F(2)-3 ma [ f(x)dr=[2dr=2 nén F(2)=5.

> [f(x)dx=F(1)-F(0)=3-F(0) ma jf(x)dx=j2xdx=x2\g =1 nén F(0)=2.

> ]).f(x)dx:F(O)—F(—l):2—F(—1) ma _Tf(x)dx:jf2xdx:x2‘°l:—l nén
F(-1)=3. i )

> _ff(x)dx=F(—1)—F(—3)=3—F(—3) ma _jlf(x)dxz_f—zdx:—4 nén F(-3)=7.
Véy3F(O)+F(2)+F(—3)=2+5+7=14. i i

2
C6 bao nhiéu gia tri nguyén duong »n théa man j(l — P F2x 437 +4x + o+ nx™! )dx =-2
0

?

A. 1. B. 2. C.0. D. 3.
Hwéng dan gidi

Chon C. Tacé:

2 2

I(l—n2+2x+3x2+4x3+...+nx”_1)dx=—2<:>(x—n2x+x2+x3+x4+...+x") =-2

0 0

S22+ 2+ 2 42+ 42 =2 S 142427+ 42 =0+

&2 -1=n’+1<2"-n*-2=0.

Thir v6i cac gia tri n e {1;2;3;4} déu khong thoa man.

Véi neZ, n>5 taching minh 2" >n’>+2 (1). D& thiy n=5 thi (1) ding.
Gia str (1) ding véi n=k v6i keZ, k=5.Khido 2" >k>+2.

Khi dé: 2 > 2(k* +2) = k> +k° + 242 > k> + 2k +1+2 = (k+1)" +2.

Do d6 (1) dung véi n=k+1. Theo nguyén ly quy nap thi (1) dung.

Vay khong ton tai sO nguyén n .

Cho ham sé y = f(x). Ham s6 y = f’(x) c6 dd thi nhu hinh v& dudi day

P
v - fExY
| 4
-2 ¥ i

H 86



Cau 58.

Cau 59.

Cau 60.

0913 661 886
Biét rang dién tich hinh phang giéi han béi truc Ox va dd thi ham sé y = f'(x) trén doan
[-2;1] va [1;4] lan lugt bang 9 va 12. Cho £ (1)=3. Gid tri biéu thic f(-2)+ f(4) bang
A. 21 B. 9. C.3. D. 2.

Hudéng dan giai

x)|dx=9 va J.|f'(

Tuyén chon va gi6i thiéu: Nguyén Qudc Hoan

1
Chon C. Theo gia thiét ta co J. |f’( x)| dx=12.
b5}

Dua vio do thi ta co j|f’(x)|dx=—j f(x)dv=—f (x), ==/ (-1)+£(-2)
=—f(1)+f(-2)=9. Tuongtut;lcé —f(4)+f(1)=12.
Nhu vay [—/(1)+f(=2)]-[-/(4)+f(1)|=-3 < f(-2)+ fF(4)-2f (1) =-
= [(2)+f(4)-6=3 f(-2)+/(4)=
Cho ]:j(sz—x—m)dx va J:j(x2—2mx)dx. Tim diéu kién cia m dé I<J.
A.-m=3. B.m=>2. C. m=>1. D. m=>0.
Hwéng dan giai
Chon A. Taco ]zjz.(sz—x—m)dx :(Z_f_x_z_mx] =E—2m
3002 , 3

=%—m. Dodo I<J @%—sté—m Sm23

1 2
Biét rang ham s6 f(x)=ax’+bx+c théa min jf(x)dx:—%, [f(x)dx==2 va
0 0
3
If = (V01 a, b, ceR). Tinh gia tri cia biéu thic P=a+b+c.
0
A.P=—§. B.Pz—i. C.Pzi. D.Pzg.
4 - 3 3 4
Huéng din giai
€ a b a b
Chon B. Taco Jf(x)dxz —x3+—x2+cxj =—d’+=d’+cd.
0 3 2 s 3 2
1 7
ff(x)dx:‘g a b1
0 3 2 2 a=1
2 8 4
Do do: ¢ [ f(x)dx=-2 < Ja+2b+2e="2b=3 . Viy P=a+brc=—
(3) 9 13 c——E
0 2
TiCH PHAN HU'U TI
Biét Iz 2dx:aﬂnb v6i a, b 1a cac sb thuc. Ménh dé nao dudi day dang?
12X+
3
A. abzﬁ. B.a+b=l. C. abzg. D.a+b=i.
81 24 ) 8 10
Hwéng dan giai
Chon A
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Cau 61.

Cau 62.

Cau 63.

Cau 64.

Tuyén chon va gidi thieu: Nguyén Quoc Hoan 0913 661 886

1
Ta co: I = J.(l——] 1(x 61n|x+1|)‘ 1(1—6ln2—l+6lnij
2" 210 2 2 30003

W=

3

3_3

=l+1ni Vay abzl .
377 327 81
1
Tich phan 1 = [2% dx = In2. Gié tri ctia a 1a:
o X+1

In2 In2 In2
a= . B.a=—. C.a= .
1-In2 - 2-2In2 1+In2

Hwéng dan giai

ChenB. /= jza"l v =2a j(l—%)dx 2a(x~Infx+1)[ =2a(1-1n2).

0

In2

Ma I=In2<2a(1-In2)=In2 < a=—7""—.
2-2In2

Cho /= [———dx—(a—b)In2+bIn3. Gidtri a+ b la

03+ 2x— x*

1

B. .
6

Hwéng dan giai

N | =

1
4
x+1 3—x

~
Il
[SY S——
L
Il
© C— ) —

Biét '2[
A. (8;10). B. (6;8). C. (4;6).

Huéng din giai
Chgn D. Taco

2 2
(x—l+Lde= x——x+1n(x+1)
x+l x+1 2

Vay Se(2;4).

2

=1n3=a+1nb:{

0

2
Tich phan 7 = [ (xz +LJ dx ¢ gia tri 1a:
1 x+1

A. I=?+ln2 In3. B.I=%—ln2+ln3.

C.Iz%—an In3. D.I=¥+ln2+ln3.

Hwéng dan giai
Chon A.

2 3
1= I(x +—jdx I(xz+1—%)dx=(%+x—ln|x+l|j
X

1
=§+2—ln3—(l+l—lnzj=£+ln2 In3
3 3 3

2

1

H 88

C. - D.

W | —

In2

T 2422’

=L+t -mp-3) =im3sa=p=toars=1
4 0 4 4 2

dx=a+Inb (a,beZ).Goi S=2a+b, gia tri cia S thujc khoang nao sau day

D. (2;4).

=5=3.



Cau 65.

Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
Nhan xét: Khong thé ding may tinh dé tinh ra két qua nhu trén ma ta chi c6 thé dung dé kiém

2
tra ma Tich phan [ = J.(Lz + 2xj dx c6 gia tri la:
X
1

A.I=§. B.Izz. C.1=2. D.1=1—1.
2 - 2 ) 2 2
Hwéng dan giai
201 1 Py
Chon B. I:I(—2+2xjdx:(——+x2j =L
X 1
Tich phan [ = j (——Zaxj dx co gia tri la:
A. I=-aln2. B./=-2In2. C.I=2In2. D. /=aln2.
Huéng din giai
Chon A
1
I = I(——Zaxjdx aijrldx 2ajxdx a(x ln|x+l|)‘ —a(x )‘Oza(l—ln2)—a=—aln2
Tich phéan [ = J.( jdx,vc’ri a#0 cogiatrila:
X a
2
A. = aln|a| a’ +1 B.I=alna+a *1
2a 2a

2 2

! . D. /=alna+ a

2a 3 2a
Hudéng dan giai

a

C. 1:a1n|a|+

¥ 2
Chon C. [ = j( jdx— aln|x|+— :aln|a|+g—izaln|a|+a 1.
X a 2a )| 2 2a 2a
2 . .
Tich phéan I = dex c6 gia tri nho nhat khi s6 thyc duong a co gia tri 1a:
S ax
A. 245. B. ~. c . D. 5.
V5 V5
Huéng din giai
322 3 3
Chon A. Iz'[wdxzj(ax+zjdx=(ﬁx2+ng :5_a 2
S ax S a 2 a ), 2 a
Sa 2 /
Vi a la s6 thuc duong nén 1=224,259 Z=245.
2 a 27
h b
Tich phan [ = I(axz +—j dx c6 gia tri la:
X
1
7 7
A.1=§a—bln2. B. I=3a-bIn2. g.1=§a+bln2. D. I=3a+bIn2.
Huéng dﬁn giai
ChonC. I= J.(ax += ]dx (% 3+bln|x|j =7?a+bln2.
Tich phan I = j (ax3 + }L\ c6 gia tri la:
% x+2
A. I =—bIn3. B. 1=%-b1n3. C. I=%+bln3. D. I =hIn3.
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Hwéng dan giai

1 1
Chon D. I=I(ax3+ b jd:(£x4+bln|x+2|j =bIn3.

b x+2 4 5

Cau 71. Tich phan [ =
A.I=1—l+i2. B.Izl—l—lz. C.I=1+l+i2. Q.I=1+l—i2.
e e e e 3 e e e e
Hudéng dan giai
x+1 J.( +—)dx—(ln|x|—lj =1 l—iz
. e e

Cau 72. Gia tri cua tich phan 7 = J.—dx a. Biéu thirc P=2a-1 c6 gia tri la:

A. P=1-1In2. B.P=2—21n2. C.P=1-2In2. D. P=2-In2.
Hwéng dan giai
Chon C
1 1
I= Labc:j(l—Ljd)ﬁ(x—1n|x+1|)\1 =1-n2=a=1-In2=P=2a-1=1-2In2
o X+1 x+1 0
R e . (1+x+x Y R
Cau 73. Gia tri cua tich phan I=J ——— dx=a.Biéu thuc P=a-1 co gia tri la:
X
A. P=e+lez+le4. B. P=—e+lez+le4.
2 2 2 2
C. P=—e—lez+le4. D. P=e+lez—le4.
2 2 ) 2 2
Hwéng dan giai
& 2 e 2\ 2 4
ChonB. /= Trxex x=J' l+1+x x = ln|x|+x+x— —l-e+S+ S,
’ X -\ X 2 . 2 2
& 4 2 Bt 2 ot
>a= —e+?+—<:>a—1=—e+—+—<:>P=—e+—+?
0 2 _
Ciu74. Biét [ = 3x+—5;1dx:aln§+b,véri a,be Q. Tinh gia tri a+2b.
x_
-1
A. 30. B. 40. C. 50. D. 60.
Huéng din giai
Chon B. Taco
0~ 2 _ 0 0
I= dezj(3x+ll+ 21 )dx: 3 ce2tinfe-2| | =210 2422,
ox=2 ° x=2 2 . 3 2
Vay a+2b =40.
Cau 75. Tinh tich phan: [ = Ix+l
7
A.I=1-In2. B.7/=2n2. C.I=1+In2. D.I=Z.
Hwéng dan giai
Chon C.
x4l o1 2
Taco I = j =I 1+— dx=(x+lnx)|1 =1+In2.
1 X
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Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

Cau 76.

A.1=llnl. B.l=—tml C. I=1m2. D. /=ln¢2.
6 2 6 2 6

Huéng din giai

1 1
Chon A. [ = dr :I:l ( 1 jdleln
x—=3 x+3 6

1
x—3
x+3],

:l lnl—lnl :llnl.
6 2 6 2

0 - 0

Cau 77. Biét [ = I =aln2+bIn3+cIn5, voi a,b,c 1a cac s6 nguyén. Tinh S=a+b+c.

x*+x
A.S=6. B. §=2. C.S§=-2. D. §=0.
Huéng din giai
4
Chon B. I:j zdx . Ta cé: ! ! —l—L. Khi do:
X +Xx Xt +x x(x+1) x x+1

3
fode (11
I= :I(———)dx (Inx—In(x+1))[;=(n4-In5)—(In3-In4)=4In2-In3-In5.
x
3

Suy ra: a=4,b=—l,c=—l. Vay §=2.
3

Ciu 78. Biét rang '[ dx=aln5+bIn2 (a,b € Z) . Ménh dé nao sau day ding?

x> +3x

A.a+2b—0. B. 2a-bH=0. ~C.a—b=0. D. a+b=0.
Hwéng dan giai

5 5 .
Chon D. jx +3xdx !(x x+3} =(Infx|-In|x+3[)| =In5-n2 =a=1va b=-1.

Ta co: a+b 0.
1

Cau79. Gia sir J.43dx aln5+bIn3; a,beQ. Tinh P=ab.
x +4x+

A. P=8. B. P=-6. C. P=-4. D. P=-5.
Huéng din giai
ChonB
2
e e T L [ R
x? +4x+3 o ( x+1 x+3 o\x+1 x+3
Suy ra:. Do do: P = ab——6

2
jdx:(—ln|x+l|+21n|x+3|) =2In5-3In3
0

X’ +2x

Céu 80. Cho gia tri cua tich phan a=2,b=-31, = '[ dx:a, I, = ~[ld)c=b. Gi4 tri ctia biéu
X
1 e
thuc P=a—-b la:

A.P=%+ln2—ln3. §.P=§+ln2—ln3.

C.P=§+ln2—ln3. D.P=%+ln2—ln3.

Huéng din giai
Chon B

2
I = IX +2x —j(x+1—Ljdx=(x—+x—ln|x+l|}
1 x+1 2

(32

2

:§+ln2—ln3:>a:§+ln2—ln3
2 2

1

1, =]%dx=(ln|x|)‘ =1=b=1. P=a—b=%+ln2—ln3.

e e
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0
Cau 81. Gia tri cua tich phan [ = j szzdx gan nhét voi gai tri ndo sau day?
X" +x
A -2 B.1n2-1. C. 2 ma. p. -3
2 2 3
Hwéng dan giai
Chon A
I jx -3x +2
e X 4x— 2
x —2x- 2 - p 2 ’
—J jx 2~ 2dx I(x 4+ ]dx: x——4x+6ln|x+2| :6ln2—2
x+2 . x+2 2 . 2
Cau 82. Tich phan [ = ILﬂd =§ln4+3lng Gia tri cua a la:
X’ +3x+2 535 3
A.azl. B. a—E C.azi. D. azi.
5 5 ) 5 5
Hwéng dan giai
2 2
Chon D. Ta co: I=J. 2ax+l xzaJ. 5 dx+J. > dx .
X" +3x+2 1 X" +3x+2 1 X" +3x+2

2 2
I =af——dv=af| == -— v =a(2nfx+2)~Infx+ 1))
Xé X" +3x+2 x+2 x+1 !
et !
=a(21n4—31n3+1n2)=2aln§+aln§
. 1 2 4 2
Xét 1, = 4dx (1n|x+1|—1n|x+2|)‘ =-In—-In—.
x +3x+2 ! 3 3
4 2 . 3.4 3 2 4
=1=1+I,=(2a-1)ln-+(a—-1)In= Theodébai: /=—In—+-In—=a=—.
3 3 5 3 5 3 5
Cau 83. Tich phan 7/ = Ix +1 :llnz.Giétri cta a la:
X +3x 3 2
A. a=1. B.a=2. ~C.a=3. D. a=4.
Hwéng dan giai
& +3a 3
Chon B. Taco: [= Ix—Hd 1 Jldt— (1n|) ’ llna +3a,vérit=x3+3x.
x +3x 3 ) 3
A N 1 a3+3a 7 3 2
Theo dé bai: ~In=— =§m5¢>a+3a—M=0¢>@—2xa+aa+ﬂ=0¢>a=z
Ciu 84. Bltj———%%}—jm:cﬂnh—ﬂ+bhﬂx—ﬂ+C,%beZ.Tmhgmnidmb@uﬂMCa+b
A.a+b=1. B. a+b=5. C.a+b=-1. D.a+b=-5
Huwdng dan giai:
—x—1 A B
Chon C. al = o x—1=A(x-2)+B(x-1).

(x—l)(x—Z) x=1 x-2
{A+B=—1 {A:Z
= < .
24-B=-1" |B=-3
j x+1 j( & }uzthx—q—mnp—q+c.
x-1 x-2
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Vay a=2,b=-3.Vay a+b=-1.

Cau 85. Biét J.de = SInE—E, trong d6 a,b 1a hai s6 nguyén duong va 2 1a phan s6 t6i
X" +6x+9 b 6 b
gian. Tlnh ab ta duoc két qua.
A. ab=-5. B. ab=27. C. ab=6. D. ab=12.
Huéng din giai
1

Chon D. J

5 ~dx Datr=x+3=>dt=dx;x=1-3
0 X +6x+9

3x-1 J- 3x—1
x+3
Pdican: x=0=¢=3;x= 1:>z—4 Khi d6:

j3x 1 —j3(t L j(———jdt (3ln|t|+$j‘:

x+3

=3In4- 31n3———31 i—§:>a 4,b=3=ab=12.
6 3 6

Cau 86. Biét I#dxzalnﬁrbln?wrc v6i a, b, ceZ.Tinh T=a+2b"+3c’.
S X —x+
A.T=4. B.T=6. C. T=3. D.T=5.
Huéng din giai
Chon A
w42, M. 2x-l ; ==l
jx e, j( i jdx:(x—ln‘xz—x+1‘) =—In7+In3+1,suyra Jb=1
S ¥ —x+1 5 —-x+1 2
c=1
Vay T=a+2b" +3c’ =4.
Cau 87. Gidsir [ = jMd :a.ln%+b.Khid()giétria+2bla‘1:
-1
A. 30. B. 40. ~C. 50. D. 60.
Hudéng dan giai
Chon B. Taco
0 2 _
1=jde=j° se 11+ 25 e 2 s s 20 2| |=21in 2B
x—=2 -1 x—=2 2 3 2
Ciu 88. Biétring '[ 3 dx=aln5+bIn2 (a, beZ). Ménh dé nao sau day dung?
x” +3x
A.a+2b—0. B. 2a-bH=0. C.a-b=0. D.a+b=0.
Huwéng din giai:
Chon D
3 AT s
[= dxzj(———}dx:(ln|x|—ln|x+3|)| =In5-In2. Vay a=1,b=—
X~ +3x X x+3 !
N 4 f x+2 e, .
Ciau 89. Néu Iz—dx:aln5+bln3+3ln2 (a,beQ) thi gia tri cia P=2a-b 14
5 2x" —3x+1
A. P=1. B. P=T7. C. P——l—s. D.P=1—5.
2 2
Hwéng dan giai
Chon C. Taco

+2 1 4x-3 117 1
fzx— =—f 2x —Jz—dx
22x —3x+1 422x —3x+1 492x" -3x+1

2
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3
Y TN T
49 2x"=3x+1 4 (x—l)(2x—1)

3
TERE N
x—1 2x-1

1 3

2x -1,

1 3
=—ln‘2x2—3x+1‘ +

:—1n\2x —3x+1\ len

l(1n10—1n3)+E lng—lnl
4 405 3

=lln&+21ng =l(lnS+1n2—1n3)+£(1n2+1n3—1n5) =—éln5+éln3+3ln2.
4 4 5 4 4 22

3
Do do a=—§,b=§,P=—l—5.
2 2 2
¢ ox+3 :
CAu90. Cho [—————dv=mln2+nln3+pin5, véim, n, p la cc s6 hiu ti. Tinh
X" +3x+2
S=m’+n+p°.
A. §=6. B. S=4. C.§=3. D. S=5.
Hwéng dan giai
3 3
2x+4- +1
Chon A. Taco [0 dr = [ —*+3 jx (x
X" +3x+2 1(x+1 x+2 1 x+1 x+2
_i 2x+4 x+1
1

(x+2)(x+1) (x+2)(x+1)

3 2 3 1 , s
=!x+1dx—jx+2dx =2ln(x+l)|l —ln(x+2)|1 =2In4-2In2—(In5-1n3)

m=2
zzln(%J—ln5+ln3=2ln2+ln3—ln5 San=1 ©S=22+1+(—1)2=6.
p=-1
f 2 x2
Cau 91. Bict rang J. 1dx:a+lnb voi a, beZ, b>0. Hdi gia tri 2a+b thudc khoang nao sau
o X+
day?
A. (8;10). B. (6;8). C. (4;6). D. (2;4).

Hwéng dan giai
2

=1In3

2 2 2 2
Chon D. Tacé: [——dv= (x—1+Ljdx: Zx+injx+|
o X+1 0 2

=a=0, b= 3:>2a+b=3.

0

Ciau 92. Biét /= j =aln2+bIn3+cln5 véi a,b,c 1a cac sé nguyén. Tinh S=a+b+c

x + X
A.S:6. B.S=2. C.S=-2. D. S=0.
Huéng din giai
Chon B.
4 4
Céch 1: j j L e =23 —4m2-n3-ms.
(x+1) x+1, 5 4

Suy ra a—4,b—c:—1 :>S—2.
Cach 2: Ta co:

4 1 4 41
I={— dxzj dx:J.—dx —dx n4-In3-In5+mn4=4n2-In3-In5

X" +x x( 3 X
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Suyra a=4,b=c=-1 =85=2.

Cau 93. Biét J.Lzl+l, v6i a, b 1a cac s6 nguyén thudc khoang (=7;3) thi a va b la
4x+1 a b
nghlcm cua phuong trinh nao sau day?
A. 2x* —x-1=0. B. X’ +4x-12=0. C.x*-5x+6=0. D. x* -9=0.
Huéng din giai

ChgnB Ta co

2 2 2

1 1 1 1
j = | dr j(zx 1)7d(2x-1) SO S N
4x* —4x+1 12x 1 24 2 2x-1j, 6 2 -6 2

a=—6__ |a=2 . o . 5
Suy ra hoac va a, b la nghiém ctia phuong trinh x° +4x—-12=0.

Cau %4. J.x +x+1dx:a+an V6i a, b 1a cac s6 nguyén. Tinh S=a—2b.
3
A. S=-2. B. §=5. C.5=2. D. §=10.
Huéng din giai
Chgn C
5 2 5 5
Ta co J.Lx“dxzj.(x+Ljdx=(lx2+ln|x+1|] =£+ln6—2—ln4 8+ln3
> x+1 3 x+1 2 , 2 2 2
Vay a=8, b=3.Suyra S=a-2b=8-23=2.
Cau 95. Biét J.Lzaln2+bln5+cln7, (a,b,ce(@). Gi4 tri cia biéu thic 2a+3b—c
(x+2)(x+4)
bang
A. 5. B. 4. C.2. D. 3.
Hwéng dan giai
Chon D
3 3
ILJI[L— ! ]dx =1(1n|x+2|—1n|x+4|)\3=11n5—11n7+11n2.
0(x+2)(x+4) 29\x+2 x+4 2 o2 2 2

Khi d6: 2a+3b—c =2.l+3.l+l=3.

2 2 2
4
CAu 96. Tim gié trj cita ¢ dé [ ———dr=Ina.
L(x—-1)(x-2)
A12. B2 c.l D.>.
3 . 3 4
Hudéng dan giai:
Chon B
4 4 4
J';dx:f( ! _Ljdlenx_z :mz_mlzln(z,zjzmi:ma
L (x—1)(x-2) Ax—2 x-—1 x—1], 3 2 31 3
4
=>a=—
3

1
Cau97. Cho | (L— ! jdx=a1n2+bln3 véi a, b 12 céc sb nguyén. Ménh @3 ndo duéi day
o\x+l x+2

dang ?

A.a+b=2. B. a-2b=0. C.a+b=-2. D. a+2b=0.
Huéng din giai

Chon D
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x+1

1 1

Ta co: I dx 1n|x+1|1:1n2 va J.izln|x+2|1:ln3—ln2
o X 0 X+2 0
1

Dodo ( j =In2-(In3-In2)=2In2-In3=a=2, b=-1. Vay a+2b=0.
x+1 x+2

Cau 98. Bi t'[ Sx+12 dx=aln2+bIn5+cln6. Tinh S=3a+2b+c.
x> +5x+6
A. 3. B. -14. ~C. -2. D. —-11.
Hwéng dan giai
A+ B +3A+2B
Chon D. Ta c6: 25x+12 _ 5x+12 _ A B ( )x
X +5x+6  (x+2)(x+3) x+2 x+3 X +5x+6
A+B=5 A=2
& .
34+2B=12 B=3
3 3 3
Nén jf";lzdxzj 2 dr + > de =2+ 2] +3In[x+ 3
S X +5x+6 x+2 x+3 2 2
=3In6-In5-2In4 =—4In2-In5+3In6. Vay S=3a+2b+c=-11.
2
Cau 99. Cho f%dx:aln2+bln3+cln5 v6i a, b, ¢ 1a cac sd nguyén. Ménh dé nao dudi
1 X" +5x+6
day dung?
A. a+b+c=4. B. a+b+c=-3. C.oa+bte=2. D.a+b+c=6.
Hu’o’ng dan giai
2
1 -1
Chon C. Ta cé: j— —j( j = (Inx+2~In[x+3))[
X +5x+6 x+2 x+3 1

—(1n4 lnS) (ln3 1n4)=21n4—1n3—1n5=4ln2—ln3—ln5.
Vay a+b+c=4+(-1)+(-1)=2.

2
Cau 100. Biét [ — _6;“ Illlx 6dx:1n‘(x—1)m(x—2)n(x—3)p +C. Tinh 4(m+n+ p).
A. 5. B. 0. C. 2. D. 4.
Hwéng dan giai
2 2
ChenD. Taco — 21 _ s 4,8, C
X —6x’+1lx—-6 (x—-1)(x—2)(x-3) x-1 x-2 x-3
x2+1 A(x—2)(x—3)+B(x—l)(x—3)+C(x—l)(x—2)
= =
(x—l)(x—2)(x—3) (x—l)(x—2)(x—3)
c>x2+1=A(x—2)(x—3)+B(x—l)(x—3)+C(x—1)(x—2)
A+B+C=1 A=1
=-54-4B-3C=0<<B=-5.
6A4+3B+2C=1 Cc=5
x2+1 1
S = —dx 5 dx+5
uyraJ.x3—6x2+11x 6 -[ X — " -[x—

=1n‘(x—1)(x—2) (x=3)+C. Vay 4(m+n+p)=4.

3

Céu 101. Cho j 2“8 2dx=aln2+bln5 v6i a, b 1a cac s nguyén. Ménh dé nao sau day dung?
S X +x—
A.a+b=3. B. a—-2b=11. C.a-b=5. D. a+2b=11.

Huéng din giai
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Chon B

3 3
Tacoj X8 j dv =3In[x—1[ ~2In|x+2[, =7In2-2In5.
X +x-2 Cx+2

2

Suyra{b =a-2b=11.

X +2x° +3 1 3

Cau 102. B I dc=—+bln=  (a,b>0) tim cac gid tri coa &k
0 x+2 a 2
ab (*+1)x+2017
dx < lim .
) T x 42018
A. k<0. B. k0. C. k>0. D. keR.
Huéng din giai
1.3 2 1 1
Chon B. Ta co: J.de=j(x2+ & jdx=lx3+31n|x+z| “Llism2
, X+2 0 x+2 3 0o 3 2
a 3 ab
:»{b_ :jdx jdx_l
a (£ +1)x+2017 (K +1)x+2017
dx < lim = 1< lim
! o x+2018 e x+2018
_(P+1)x+2017
Mat khac tacdé lim =k”+1.
e x+2018
ab (k*+1)x+2017

Vay d&é | dx < lim thi 1<k’ +1 =>k*>0=k=#0.

oo x4+2018

8

TiCH PHAN HAM VO Ti
2
CAu 103. Tinh tich phan 7 = [4x+1 dx.
0

A 13. B C.4. p. 2,
3 ) 3
Hwéng dan giai
b b 1 12 E K
Chon B. Tacd I =[ax+1 dr=[(4x+1): dv =22 (4x+1)) ==
0 0 0
1
s 3
Cau 104. Biét rang 1, = [(x+ x+1)dx=%+b\/5. Gi tr cia a—=b I
0
A—1. B.-2. C.-3. D.—4.

Hwéng dan giai

1 42 4

S A Y Sute S VS, §
6 3 3 4

Chon B.
1 x 2 3 1
Ilz_([(x+ x+1)dx=(?+§ (x+1) JO
2
1 S
Cau 105. Tich phan [ = | ———dx ban
P ’([2\/x+2 s
A T=1-— B. I=2V2. Cr=2-L. D. 1=2-2.

V2 V2

Hwéng dan giai

Chon D
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Cau 107.

Cau 108.

Cau 109.
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2
Ta cé: I:J.;dx:\/x+2‘2:2—\/§.

0 2Nx+2
1
dx 8 2 .
Cho [——=aVb-=a+=, (a,beN"). Tinh a+2b.
I Vs )
A.a+2b=17. B. a+2b=8. C.a+2b=-1. D. a+2b=5.
Hwéng dan giai
Chon B. Taco

1
—23-20242,
0 3 3

iﬁzj(ﬁ Vi) dx = (J(Hz) \/(x+1)3)

Dod6 a=2, b=3, a+2b=8.

, a+b\/7 , ,
Biét tich phan dx = v&i a, b lacac so thuc. Tinhtong T =a+b
P '[\/3x+1+\/2x+ 9 g
A. T=-10. B.T=-4. C.T=15. D. T=8.

Hwéng dan giai
(\/3x+ —N2x+1 )

X

X
Chon D .
i ‘([\/3x+1+\/2x+1

dxzj.(\/3x+1—\/2x+l)dx

3 1

(1) = (21 fas=| (o1 -5 (2x01)7

0

9 T 9

Tich phan [ = j xv/x+1dx c6 gia tri la:

0

5 3 5 3
N 1:2\/(a+1) +2\/(a+1) 4 N 122\/(a+1) 2(a+) 4
5 315 5 315
. 1:2\/(a+1)5 +2\/(a+1)3 4 o 1:2\/(a+1)5 2 )(a+1)’ 4
5 315 5 315

Huéng din giai
Chon B

Izj.x\/de I(x+l \/dex J.\/dex Jx+l)2dx j‘(x+1)%dx

2 s T2 ‘2 5 2 T 4
=l=(x+1)2 +1 =— +1) —— +1) +—

R R N N E

p X

Tich phan [ = | ————dXx ¢06 gia tri la:

P :[\/x+1—1 s
ar=b2 B2 L2 a2

3 3 3 3
Huéng din giai
Chon A
N [(Jr=i 2 (set)ex| = B2

— =x+t1l+1l= 1= —dx x+1+1)de=|—=(x+1)2+x =—+2
Vx+1-1 j\/ -1 J;( L’( ) }1
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-x+2 a—4Jb

Céu 110. Biét ring I = j dx = .Véi a, b, ¢ 1asb nguyén duong. Tinh a+b+c.
x+\/x 2 c
A. 39. B. 27. C. 33. D. 41.
Hwéng dan giai
Chon A
4 2 4 2 4
X —x+2 X2 D\ 25-8Y2  25-448
Tacs [ 2 g = f(x-rm2)de=| £-2(5m2) | = -
e O e e L ) e
Suyra a=25, b=8, c=6.Vay a+b+c=39.
, 2 dx ,
Cau 111. Biét :\/5+ b—c v6i a,b,c 1a cic s6 nguyén duong. Tinh
‘x\/x+2+(x+2)\/; s s
P=a+b+c.
A. P=2. B. P=8. C. P=46. D. P=22.
Hwéng dan giai
Chon B. Taco
J'2 dx _J-Z dx _.'-Z(Vx+2_\/;)dx
P xvx+2 +(x+2)\/; ! \/;\/H_Z(\/m+\/;) NN

I[2\/_ 2\/ij =(\/;_\/H—2)Lz=\/5+\/§_3_

Vay a= 2b 3;c=3nén P=a+b+c=8.

Cau 112. Biét [ = J. dr =Ja-b-c véi a, b, ¢ la cic sb nguyén duong. Tinh
x+1)\/;+x\/x+1
P=a+b+c.
A. P=24. B. P=12. C. P=18. D. P=46.

Huéng din giai
ChonD. Tacéd: Vx+1-/x#0, Vxe [1;2] nén:
r dx ° dx

I:JI.(x+1)\/;+Xx/x+l z’!\/x(x+1)(\/x+l+\/§)

G (iR e

_’!.\/x(x+l)(\/m+\/;)(\/E—\/;) 1 ()

Iy Jar = (2T -z 2 -2 - - -2
a=32

Ma I =va—+/b—c nén b=12.Suyra: P=a+b+c=32+12+2=46.
c=2

TICH PHAN HAM LUQNG GIAC
Cau 113. Tinh tich phan j sin 3xdx.
0

c.-2

3
Huéng din giai

A, ——. B.

w

W | =
IS
W | N
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Chon D. Taco J.sin3xdx:—lcos3x|z =—l(—1—1)=2.
3 3 3

0
% T
Cau 114, Tinh tich phan 7 = [sin (Z - dex :
0

A.I=%. B.I=-1. C. 1=0. D.I=1.
Huéng din giai

Z—x}dx:cos(z—xj
4 4

Il
— N

VY

2
Chon C. [/ =|sin —cos| - Z |=cos| Z | =0.
0 0 4 4
3
Cau 115. Tich phan [ = | ‘df bing?
v sin” x
7
A. cotz—cotz. B. c0t£+cot£. C. —cot£+cot£. D. —cotz—cotz.
3 4 3 4 - 3 3

Hwéng dan giai
& f

2

Chogn C. Tacod I=|—
sin” x

=—cotx

BN — |y

EE

Cau 116. Biét [cosxdx=a+b3,Vv6i a , b 1a cac s6 hitu ti. Tinh T =2a +6b.

—o | N

3

3
A. T=3. B.T=-1 C.T=-4. D.T=2.
Huéng din giai
2 -
Chon B. Tacé: jcosxdx=sinx|g=1—g.vay 2a+6b=2-3=-1.
3

Cau 117. S6 =—c0t%+cot%céc s6 nguyén thda mén J.cos2xdx:OIa‘1
0

A. 643. B. 1284. C. 1285. D. 642.
Huéng din giai.
Chon B. Taco

Icos2xdx=0<:>%sin2x31=0@%sin2m=0<:>sin2m=0<:>2m=k7r<:>m=k7ﬁ,keZ

0

Vi m e(0;2017):>0<k7ﬁ<2017c>0<k< 4043 ~1284,06.
T

Vi k € Z = cb tat ca 1284s6 nguyén cia m .

B

Cau 118. Tich phan [ = J.sin xdx c6 gia tri la:

0
A I=1. B. /=0. C.I=-1. D. Ca A, B, C déu
sai. )

Hwéng dan giai

Chon A.
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Cau 120.

Cau 121.

Cau 122.

Cau 123.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

1= sinxdx=(—cosx)|0% =1.

O o |y

b
C6 bao nhiéu sb thuc b thudc khoang (7337) sao cho j4cos 2xdx =1?

A. 8. B.2. C.4. D. 6.
Hwéng dan giai
, L |p=Srka
Chon C. Tacé: [4cos2xdr=12sin2x[’ =1 @sin2b=— | 12
2 Sx
g b=—+knr
12
Do d6, ¢ 4 s6 thuc b théa méan yéu cAu bai toan.
3
Tich phan [ = J (sinx—cosx)dx co gia trj la:
5
A. I=1. B.71=2. C.1=-2. D. I=-1.

Huéng din giai

(sinx—cos x)dx = (—cosx—sin x)|f£ =-2.
2

Chon C. m e(0;2017):I:

o | N

DN

s
Tich phén I = J (sin 2x —cos 3x)dx co gia tri la:

A T=2 B. =2 coI=-2 D.I=-=.
3 4 = 4

Huéng din giai
6

e 1 1.
Chon C. = I(s1n2x—cos3x)dx=(—Ecos2x—551n3x)

a

Két qua cta tich phan (2x—1—sin x)dx dugc viét & dang «, beZ. Khang dinh ndo sau

O 0 [y

day la sai?
A. a+2b=8. B. a+b=5. C. 2a-3b=2. D.a-b=2.
Hwéng dan giai

2 z 2
Chon B. J.(2x—l—sinx)dx=(x2 —x+cos.x)‘2 =ﬂ——£—1=ﬂ££—lj—l .
0 0 4

Vay a=4, b=2.Suyra a+b=6. Vay B sai.

B

Cho tich phan I

0

A. P=9. B. P=29. C. P=11. D. P=-25.
Huéng din giai

C0s 2x dx=a+bx v6i a,beQ. Tinh P=1+a’ +b’

1+sinx

Chon D.
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dx =

% cos2x 51 2sin’ x
s =) T

O ey |y

—-2sinx+2— ! )dx

1+sinx 1+sinx

3
J- —2sinx+2— S dx.=(2cosx+2x)
0

S S
1+cos| F—x 2cos?| 2T
2 2 4

7

——2+7r—l 2tan(£—£] 2 =-=3+7. Vaya=-3,b=1. P=l+a’ +b’=-25.
2 2 4 0

dx

z
2 _
0

ot—lN

Cau 124. Cho tich phan (4x—l+cosx)dx=7r££—%)+c, (a,b,ceQ).Tinh a—b+c

S o |y

a
A -3 B. 1. C.-2. D.%.
Hwéng dan giai
3 -
Chon B. Taco [(4x—1+cosx)dx=(2x" —x+sinx) :ﬂ[ﬁ—ljﬂ
) 0 2 2
Suyraa=2,b=2,c=1nén a-b+c=1.
Cau 125. Bletj 3+4sm x)dx—7—cf,trongdé a,b nguyénduongvé%téigién. Tinh a+b+c
A. 8. B. 16. C.12. D. 14.
Hwéng dan giai
Chon D. Tacé:
5 5 s sro3
[(3+4sin”x)dv = [[3+2(1-cos 2x) |dr = [ (5-2cos 2x)dx = ?”_T\/_
0 0 0

Suyra a=5,b=6,c=3. Vay a+b+c=14.

— N

CAu 126. Cho gi tri cua tich phan /, = | (sin2x+cosx)dx=a, I, = | (cos2x+sinx)dx=b. Gia tri

ﬁt—‘w‘§

Wy

2
ciaa+bla:

3 3 43 3
A. P=2443. B. P==+2 C.P=2-3. p. P==-X2,
=y V3 4 2 V3 4

Huéng din giai

N
[\

Chon A. Cach 1:

3
Taco: I,= J.(sin 2x+cosx)dx=(—%cos2x+sinxj

T

3 3 3 3

2

3
I, = I (0052x+sinx)dx=(%sin2x—cosx}

3
=—=b=— = P=a+b==++/3.
2 TPy V3

3
Céch 2: Duing may tinh cam tay vi cic gia tri rat quen thudc hoc sinh c6 thé nhén ra.
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2z

2

3 2e
Cau 127. Cho gia tri cia tich phan [, = I(sin3x+cos3x)dx=a , 1, = J.(lJri—L)dx:b. Gia
x x° x+1

s

e

3
tria.b gan nhat voi gia tri nao sau day?

A. 8. B. 16. C. 10. D. 1.
2z 2
, . 1 1. 3 2 2
Chon D. Ta co: 11=J‘(sm3x+cos3x)dx= —gcos3x+§sm3x =—§:>a=—§.
. .

111 1 * 11
L=||—+——-——|dx=| Injx|——-In[x+1]| =In2——+—-In(2e+1)+In(e+1
= (o= (Lol ] 2o st inGaes ) singes)
3b:—L+l+ln2—ln(2e+1)+ln(e+1)

2¢ e
= ab~-0,2198.
3
Cau 128. Tich phan I = I(sin ax+cosax)dx, voi a#0 c6 gia tri 1a:
.
A. ]:ﬁ sin| aZ-Z | =sin| aZ+Z
a 2 4 2 4
B. Izﬁ sin| aZ~Z |4sin| aZ+Z
a 2 4 2 4
C I=—2 sin| aZ -2 |+sin| —aZ+Z
a 2 4 2 4
D. ]:ﬁ —sin| aZ-Z |4sin| a Z+Z
a 4 2 4
Hwéng dan giai
Chon B

P 1 TR 2 2
I= j (s1nax+c0sax)dx=(——cosax+—smaxj =(£s1n(ax—£n

a a a oz a 4 -

-5 2 3.

V2 T .
=—/|sin| a——— |[+sin| a—+—
a 2 4 4
. %x+xcosx—sin3x b : :
Cau 129. Biét I:I dx=—-—.Trong do6 a, b, c la cac s6 nguyén duong, phan so
0 l+cosx a c
b i gian. Tinh T =a’ +b* +c*.
c
A. T=16. B. T=59. C.T=69. D. T=50.
Hwéng dan giai
T T
Chon C. Tacé[:jx xcosx—sin'x . :f oSy
) : 1+cosx 0 1+cosx
2 2 7’ 1 2 71
=dex—j(1—cosx)sinxdx=—+(cosx——cos2xj == .
o o 8 2 0 2
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Cau 130.

Cau 131.

Cau 132.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
Nhu vay a=8, b=1,c=2.Vay T =a’ +b> +c’> =69.

b

Cho ham s f(x)zasian—bcost thoa man f'(%j =-2 va jadx =3 . Tinh tong a+b

a

bang:

A. 3. B. 4. C.5s. D. 8.
Huéng din giai

Chon C.  f'(x)=2acos2x+2bsin2x f'(%) =2 2a=-"2<a=1

b b
Iadx:jdx=3©b—1=3©b=4. Vay a+b=1+4=5.
a 1

0
Cho tich phan J. cos2xcosdxdx = a+ b3 , trong 46 a, b 1a cac hang s6 hitu ti. Tinh

3

e’ +log, |b| .
A. 2. B. 3. c.%. D. 0.
Huéng din giai
Chon A
Ta co: J.O cos 2x cos 4xdx —ljo (cos 6x +cos 2x )dx —l[lsin6x+lsin2x)0 _1 3
3 235 206 2 Pt

3

Dodoétacod a=0, b:—%.Véy e“+log2|b| =e°+log2é=—2.

Cho F(x) 1a mdt nguyén ham cuia ham s6 y = —— v6i Vxe R\ L v km ke Z Y, bibt

1+sin2x 4

F(0)=1; F(r)=0.Tinh P=F A Nz .
12 12

A. P=2-43. B. P=0. C.Khongtdntai P. D. P=1.
Hwéng dan giai

Chon D

Ta c6 P=F(%)—F(%)=—{F(O)—F(—%ﬂ+[F(7z)—F(111—2”ﬂ+F(O)—F(7Z)

0 V4
B N SR O B
' 1+sin2x 11, 1+sin2x
12 12

1 1 A
= nén

. = 2
l+sin2x  (sinx+cosx) 2c0s2(x—7[j

0
I I . 1
— =t x=Z|  =1(—144B):
1+sin2x 2an(x 4) . 2( #\3);

12

Taco

—_—

B

SN 5

_;dletan -z =l(—1+\/§). Vay P=1.
1+sin2x 2 4 )uz 2
12

1

—_
)
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Cau 133. Cho M, N 1a cac s6 thuc, xét ham sb f(x) =M .sinmx + N.cosmx thoa man f(l) =3 va

1

2
J.f(x)dxz—l. Gia trj cuia f’(%) bang
0

T

512 5n2 \/_ 2
5

B. - . C.—— D. —.
2 T 2
Hwéng dan giai
Chon A. Tacod f(1)=3 < M.sinn+N.cosn=3 < N=-3.

1

Mt khac ff(x)dxz -

A.

(M .sinmx—3.cos mx)dx = 1
T

S

O C— 1O | —

Q|-

1
2]

m I /i n T T

3.
= (——cosnx——smnx
0

Vay f(x)=2sinmx—3cosmx nén f’(x)=2ncosnx+3nsinnx:f’(ijzsnz\/z.

b
Cau 134. Tich phén 7 = [ (cosx—1)cos’ xdx c6 gid tri 1&:
0
Ar=2__. B./=-2_=. C.I:%+%. D.r=-%42

o Hwéng dan giai
Chon D. Ta bién doi:

2 3 .2 P 2 £ 1 1 . : 2
I= J(cosx 1)cos’ xdx Icosx(l—sm X x—jcos xdx=|t—— || ——| x+—sin2x | ==-=, voi
0 0 0 3 2 3 4
0 0
t=sinx.
X 3 fx’+l .
Cau 135. Biét tich phan /, =Isin xdx =a . Gia tri cia [, =J. ——dx=bIn2—cIn5. Thuong so6 gilra
’ )X’ +x
3
bvacla:
A—2. B.— 4. C.2. D. 4.

Hwéng dan giai

SR

Chon B. Tacé: I = Isinxdx = (cosx)E =%.

3

1
:>12_J'x +1dx Ix +1 1n|t|)‘ :gln2—%ln5:>b_i :_ljé:_4_

X +x 1x3+x 3 3 ¢

2

V3

Cau 136. Cho / :J.(sin3x+cos2 x)d (a c0s 3x + bx sin+ ¢ sin 2x)| Gia tri cua 3a+2b+4c la:
0
A.-1. B. 1. C.-2. D. 2.
Huéng din giai
Chon B
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3

I = J.(sin 3x+cos’ x)dx = I(sin3x+mjdx = (—lcos3x+lx+lsin 2x)
2 3 2 4

z
3
1

0 0

0

:az—l,bzl,c=l:>3a+2c+4c=l
3 2 4

Cau 137. Cho 7, = [tan" xdx v&i neN. Khido I, +1,+2(L,+ I, +..+I;)+1,+1,, bing

Ed (tanx)r Ed tanx s tanx tanx !
A. +C. B. +C. C. +C. D.
- ,Z::‘ r ,Z:‘ r+1 Z ,Z:‘ r+1

Hwéng dan giai
Chon A
I = J‘tan”‘2 x.tan” xdx = Itan’”2 x. [ J J.tan (tanx) dx—[n_2
cos’ x
n—1

=tarl x—In_2+C =1 +1 tan +C.

n—1 n—1

L+ 1L +2(L+ L+ + 1)+ 1+ 1, =(110+] V4L + 1)+ (L+ 1) +(1, +1,)

tan’ x tan®x tan’ x tan” x
= + ot +tanx+C = Z

9 8 2 r=1 r

+C.

TiCH PHAN HAM MU - LOGARIT
1
Cau 138. Tich phan Ie"‘dx bang
0

A e—1. B. 11 c &1 p. L.
(4] N (4] €
Hwéng dan giai

1 1
Chon C. Taco: Ie’xdxz - =—(l—1] ezl .

0 0 e e

2018 .
Cau 139. Tich phan 7= [ 2°dx béng
0

A 22018 _1 22018 _1 C 22018 D 22018

=~ 2 ) "2’
Hwéng dan giai

2018 2018 2018
2F 27 —1

ChonD. I= j 2 dx =

0

In2|, In2
i 4 1 0 _1 4
Cau 140. Biét [ f(x)dr= S va [ £ (x)dxe = - Tinh tich phan = [[4e> +21(x)]dx
-1 -1 0

A. T=2¢e% B. ] =4¢* -2. C. I=4¢". D. [ =2¢* —4.
leé’ngdﬁngiéi

+2jf dx+2if(x)dx

Chon A. Tacd = j (4 +2/(x) dx =
8 1 1 8
eI=2(c"~1)+2.-+2.-=2¢".
2 T2
Cau 141. Cho F(x)= [¢"dt. Tinh F'(2).
0

A. F'(2)=4¢". B. F'(2)=8¢".

e

F'(2)=4e". D. F'(2)=¢".
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Hwéng dan giai
Chon C. Goi G(x) la nguyén ham ctia ham sd ¢ .
= F(x)=G(x*)-G(0) = F'(x)=2xG'(x") =2xe" = F'(2)=4¢"

x2

Céu 142. Cho ham s6 g(x)= J‘Ldt voi x>0. Pao ham cua g(x) 1a

* Int
-1 1-x 1
A. o'(x)=2"2. . g'(x)= . cgl(x)=—. . g'(x)= .
A. g'(x) . B. g'(x) . C. g'(x) T, D. g'(x)=Inx
Hwéng dan giai
Chon A.
Gia str F(¢) 1a mot nguyén ham ciia ham s6 IL
nt
Khi d6 F'(l):L hay F'(x):L. Ta c6 g(x):TLdtzF(xz)—F(x).
Int In x * Int
S (x)=(F(x*)-F(x)) = F'(x*) - F'(x) = —— 2y L =L
uyrag(x) ( (x) (x)) (x) (x) In x* * Inx Inx

v(x)

Chii y: ta c6 cong thirc [ j f(t)dtj =v'(x).f[v(x)]-u'(x).f[u(x)]
3z
Ciu 143. & f f(x)dx=6.Goi S 1a tap hop tht ca cdc sd nguyén duong k théa man
>
jek”dx<w. S6 phan tir caa tap hop S bang.

1

A. 7. B. 8. C. V6 sb. D. 6.
Huéng din giai
Chan
2 ok Lk
Ta co: J. e“dx = (1 ’“j _¢ ¢
1 k 1 k

je’“dx< 2018.e" —2018 - ez"k—e" - 2018.6;—2018

ot (ek —1) < 2018(ek —1) (do k£ nguyén duong).

& (" -1)(e" —2018) <0 = 1<e" <2018 <0<k <In2018~7.6.

Do k nguyén duong nén ta chon dugc k €S (voi S ={1;2;3;4;5;6;7}).
Suy ra so phan tircia S 1a 7.

1 —nx

Ciu 144, Cho [, = [——
o l+e

dx véi neN.

bat u, =1.(L,+1,)+2(1L,+ L) +3(L+ 1) +..+n(L,+1,,)—n

Biét lim u,=L.Ménh dé nao sau day l1a dung?

A. Le(-1;0). B. Le(-2-1). C. Le(0;1). D. Le(1;2).
Huéng din giai

Chon A.

—hnx —X —nx

V6ineN, [ —dx = I'"’“dx ‘[

> T+l

IHe -

0

e,
0
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:Inﬂ :j.e—nxdx—[n :>In+1 +]n :l(l_efn)
0 n

Do d6 u, =(1-¢")+(1-¢?)+(1-¢”)+..4(1-¢")-n =u,=—"'-e? -’ —..—¢"
Ta thiy u, la tong n s6 hang dau ctia mot cap s6 nhan lii vo han voi u, = ' vd g=—,nén
e

limu :i_l :L:_—1 :>Le(—1;0).
! 1 e—1

1-=
e
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TiCH PHAN POI BIEN SO

PHUONG PHAP TiCH PHAN POI BIEN SO DANG 1
Cho ham s6 y = f(x) lién tyc trén doan [a;b]. Gid sir ham s6 u=u(x) c6 dao ham lién tuc
trén doan [a;b] va a <u(x)< B. Gia sit ¢ thé viét f(x)=g(u(x))u'(x),x €[a;b], véi g lién tuc
b u(b)
trén doan [«; B]. Khi 6, ta co I:jf(x)dxz j g(u)du.
a u(a)
Déu hi¢u nhén biét va cach tinh tinh phan

DAu hiéu Co thé dat Vidy
. 3 x0dx
Co f(x) t=f(x) I= j Dt r=x+1
Vx+1
1 <
Co (ax+b)" t=ax+b 1=J.0x(x+1)2016dx.Batt:x—l
» getanx+3
C6 o/ t=f(x) [=[4=——dx.Djt 1=tanx+3
0 cos” x
- jc bié ; e Inxdx .
Co ﬂvd Inx £=Inx h?ac bicu thirc =| ———.Datr=lnx+1
x chta Inx I x(Inx+1)
Co o i t=e" hodc bi€u thuc 1=j;“2e2x 3¢ +1dx. Dit t=+/3¢" +1
chita e*
Co sinxdx t=cosx I:J.()Esin3xcosxdx. bat ¢ =sinx
-3
Co cosxdx t = sin xdx I:I”m—xdx bat t=2cosx+1
0 2cosx+1
, dx I=|4 dx=|4(1+tan’ x)
Co — /=tanx IO cos* x '[ cos’ x
cos” x
Pat r=tanx
dX K cotx cotx
Cé t =cot S P A dx . bat t=cotx
sin? x o I I1—-cos2x '[ 2sin? x

PHUONG PHAP TiCH PHAN POI BIEN SO DANG 2
Cho ham s0 # lién tuc va c6 dao ham trén doan [a;b]. Gid sit ham sO x = ¢(t) c6 dao ham va

lién tuc trén doan [04,3](*) sao cho p(a)=a,p(B)=b va a < p(t) < b vOIimMOi t €[a; ] Khi do:
ff(x)dx - ff(co(t))co'(t)dt.

1</I(}t 50 phirang phap ddi bién: Néu biéu thirc dudi diu tich phan c6 dang

1@ = : it x4 alsint; ze[—f;q 2. —a s dae x= al, [ }\{0}

2°2 int’
}a+x f
hoac :dat x=a.cos2t
a—x

Lueu y: Chi nén sir dung phép dit nay khi cac ddu hiéu 1, 2, 3 di v6i x mil chin. Vi dy, dé tinh
B oxdx

Vx?r+1

2, 2 ) T
. +q - xHaltant;, t €| —,—
34X +a =al ( 5 2)

thi nén doi

N
tich phan 7 = j X dx

0 \/x2+

thi phai doi bién dang 2 con v&i tich phan 7 = _[

bién dang 1.
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Cho ham sb y=r ( ) lién tuc trén [a,b] . Gia sir ham sd “ zu(x) ¢6 dao ham lién tuc trén
[a,b] v u(x) €[a, B Vx e|a,b] a,ﬂ].

Ménh dé nao sau déy 1a ding ?

b b u(b) b
A. If[u(x)]u'(x)dxzjf(u)du. B. uz[)fl:u(x):lu'(x)dx:_{!.f(u)du

hon nira / (u) lién tuc trén doan [

cjf[u ) Ju (x)de= [ f () du. D.zf[u(x)]u'(x)dlef(x)du.

Huéng din giai
Chon C. Pit u(x)=t=u'(x)dx=dr.
Boi can Khi X=a thi # =u(x )-khi x=b thi t=u(b).

Dodo.[fl:u ]u dx If dt_.[f

HAM PA THUC VA HAM HU'U Ti

3
Tinh tich phéan 7 = ~[)c()c— 1)1000 dx.

1

20032 . 1_1502.21001 c 1_3005.21002 o 1_2003.210‘“
1003002 = 501501 ’ 1003002 ' 501501

Huéng din giai
Chon B. Piat x—1=¢, khi x=1=¢=0; x=3=¢=2.

, 2 2 t1002 thOl
Do do 1:J'(t+1)z1°°°d(z+1):'[(t'o‘”+11°°°)dt:( + j
0

2

0 1002 1001
B 21002 . 21001 B 21001( 2 . 1 ] B 1502‘21001
1002 1001 1002 1001 501501

100

Gid tri cta tich phan [ x(x—1)...(x~100)dx bing
0

A. 0. B. 1. C. 100. D. Mét gi tri khac.
Huéng din giai
100

Chon A. Tinh [ = jx(x—l)...(x—lOO)dx. bit r=100—x = dx =—dr.

0
Ddi can: Khi x =0 thi #=100; khi x=100thi #=0.
Do x(x—1)...(x=100) =(100—7)(99—1)...(1—t)(~) =—t(¢-1)...(—=99)(£—100) nén

Izli)[ox(x—l) (x— 100 =—1j.0 t— 1 t IOO)dt——I &2[=01=0.
O % .
Tich phan .([x2+3dx bang
A. %logg. B. ln%. C. %ln%. D. %ln%.

Hwéng dan giai
Chon C
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Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

5
el 2 dt:lln|x|‘ 11
25017 (1-1) 2 2,
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L
3

Tacc’)'j al dlej ! d(x2+3)—11n|x2+3|2
X +3 20x2+3 2 .

Cho tich phan 7 = —aln§+b.Khi d6 a+2b bing

X+ X’
A2 B.2 c 2 D. >
2 4 8 16
Hwéng dan giai
ChenB. Tacs /= [ -2 - & __[__X 4
x4 x? lx.()c +1) U'x .(x +1)

bit t=x"+1,suyra dt=2xdx<:>%dt:xdx. Poican x=1=t=2,x=2=1¢=5.

Suyra J =J.Sl.;2dt.
22 (t-1) ¢
Ta can tach tiép ; vé dang w+ K dé c6 thé lay nguyén ham dugc. D& dang tim

(t-1) 1 (1-1)
dugc m,n,k bang phuong phap dong nhét hé sb. Ta tim duoc m=—1,n=2,k=1. Suyra

5
2 (l_lj_ll 4=tm2y
, 2224 )2 208

5

Ly
2

Su}’faa=l,b=i:>a+2b—§
2 8 4
1 5 ,
Tich phan 7 =I rduocket qua I =aln2-5b. Gid tri a+tb la:
0(1+x2)
A2 B. 12 c 4 p. %
16 16 17 17

Hmingdﬁngiﬁi
Chon A. Pit t=(1+x") = =—j(——— —jd L 2——

0
2x
Tich phan I =
;[ x*+1

dx co giatri la:

A. I=In3. B. /=-In2. C.I=-In3. D. /=In2.
Hwéng dan giai

Chon B. Tanhan thiy: (x*+1)'=2x.

1

=9 =Edt =(Inf)) =-m2.
2

2

, x=—1l=t=2
Ta dit: 1 = x* +1 = dt = 2xdx . Doi can:
x=0=r=1

1
—Ina,alacac sb hiru ti. Gia tri cua a la:

A. 2. B. 3. C. 4. D. 5.
Huéng din giai

dx:...zfidt S(in ) :—1n2:>a 2.
1

Tich phan [ = J. dx ,vo1 a #—-2 c6 gid tri la:

ax*+2
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_In2+Inja+2] B I:1n2—ln|a+2|
2 B 2
:—1n2—1n|a+2| D.]:—ln2+ln|a+2|
2 2

Hwéng dan giai
Chon B. Ta nhén thiy: (ax2 + 2)' = 2ax . Ta ding dbi bién sd.
x=0=>1r=2

Pit ¢ = ax® +2 = dt = 2axdx . Dbi can )
x=—1=t=a+2

| 1 2
I = J. ZdtZE(IHM) in =

a+2

%(ln2—ln|a+2|).

Cau 10. Gia su J

=aln5+bIn3+cIn2. Tinh gia tri
X’ —x

biéu thirc S = —2a+b +3c%.

A. S=3. B. §=6. C. §=0. D. §=-2.
Huéng din giai

4 2

5
X1 =lng—ln§=1n4—ln5—ln2+ln3=1n2+1n3—1n5

X

todx dx todx pdx
= = ——=1
'!xz—x -[x(x—l) '!x 1 5 x . 3

Suyra a=-1b=1;c=1. Vay §=2+1+3=6.

Caull. Bi tjzx +3Hg’dxza—lnb v6i a, b 1a cic s6 nguyén duong. Tinh P =a’ + .
o X +2x+1
A 13, B. 5. C. 4. D. 10.
Hwéng dan giai
L2x? dt =dx x=06r=1
Chon A. Taco Izjwdx. baitr=x+1= suy ra
0 X +2x+1 x=t— x=1lt=2
Khi @6
2o(1=1Y+3(1=1)+3 . F2P—t+2 . M. 1 2 ’
I=J' (=) 2( ) dt=f—2+ dt=j(2——+—2jdt=(2t—lnt—gj =3-In2.
! t ot AU t))
Suyra P=3"+2°=13.
b 2 i
Cau 12. Tinh I:ja—xzdx (v6i @, b 1a cac so thuc duong cho trudc).
a a+x2
-1)(b-1
Ar=—2_ B.1=—" g.]:w.n.lz%.
a’+b a+b (a+5*)(a+1) a*+b
Huéng din giai
a
b b 72—
Chon C. 1_j _dx = j X
(a+x a

(a )

X

o a a 2. A a

bat t=—+x:>dt=(——2+ljdx.£)010an: x=a=t=1+a; x:b:>t=;+b
X X

%*b 2ip ﬂ _ _
1l _117 _ b ~ 1 z(a b)(b l) kol

. -1
Khd’:IZ —dt =- =
i I 7o t tl., a+b> l+a (a+b2)(a+1)

14+a l+a
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Cau 13.

Cau 14.

Cau 15.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

. 1 - A N L4 . x2f(x)
Cho ham so f(x) lién tuc trén R va céc tich phan If(tan x)dx=4 va Iz—dx =2.
o o X1+

1
Tinh tich phan 1= If(x)dx.
0

A. 1=6. B./=2. C.1=3. D. /=1.
Huwéng din giai:
Chon A. Pat r=tanx = dt=(1+tan2 x)dxz ldttz =dx
+

Xe A N T
Poician x=0=¢r=0 va x:Z:n:l

n
Do do6: jf(tanx)dxdx 4=
0

1+¢° l+x

&,

0

Nen [ L) p Ty T (=6

1+x? o 1+x?

Cho ham s6 y = f(x) c6 dao ham lién tuc trén R va c6 dd thi hinh bén. Tinh tich phan

1=jf'(2x—1)dx.

A T=-2. B.I=-1. C.I=1. D.[=2.

Huéng din giai
Chon C. Dya vao d6 thi ham s6 ta c6 do thi ham s6 y = f(x) di qua cc diém (-1;-1),
(0:3), (2:-1), (3;3) nénhamsé y = f(x)=x’-3x"+3.

Ta c6: ]=jf’(2x—1)dx =%J2.f’(2x—l)d(2x—l) :%f(Zx—l)Lz :%[f(B)—f(l)] -1,

HAM VO Ti
1 3 .
Cho tich phan j J1—xdx, v6i cach dat # =+1—x thi tich phan da cho bang vdi tich phan nao
0

sau day ?
1 1 1 1
A. 3jtdt. B. Iﬁdt. C. 3jt2dt. D. 3jt3dt.
0 0 0 0
Hwéng dan giai
Chon D

pit t=1-x=>x=1-£ =>dx=-3Fdt, ddi can: x=0=>¢=1, x=1=7=0.
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1 1
Khi 6 taco [1—xdr=3[rds.
0 0

2
Cau 16. Trong cac tich phan sau, tich phan nao c6 cung gia tri voi [ = J.l X'\ X" —1dx

1 ¢2 4 V3 g
A. EL i —1dt. B. L tt—1dt C [T(e+1)rd. D7 (x+1)xdx.
Huwéng din gidi.
Chon C. Pit t =+/x° -1 = > = x> 1= tdt = xdx . x=1=1=0, x=2=t=43

1= Jx\/x_—dx IO (t +1)2dt

Ciu 17. Néu J.;dx = jf(t)dt , v6i t=+/14+x thi f(¢) 1a ham sd nao trong cac ham s6 duéi
1

01+\/m
day ?
A. f(H)=2+2 B. f(t)=t"—t C. f(H)=t"+t D. f(t)=2t" -2t
Hwéng dan giai
Chon D. bat t:\/m, suyra t* =1+4x, 2tdt = dx

3 2 2 2 2

X t—1
Ta co dx = 2tdt = | (1 =1).2tdt = | (2> = 2t)dt
;|).1+\/1+x !1+t Jl‘ !

4
; 1
Cau 18. Keét qua cua
£V2x+l
A. 4. B. 5. C.2. D. 3.
Hwéng dan giai
Chon C. Pat t =+/2x+1 =" =2x+1 = 2tdr = 2dx :>tdt =dx.

R

dx bing

DPéican: x=0=¢=1, x=4=1¢=3. Khidé,taco j

1
Cau 19. Tich phan j

dr bang
o V3x+1
AL B.2. c.l D. 2.
3 2 3 3

Hwéng dan giai
Chon D. Dit £ =\3x+1 = 12 = 3x+1 = 21 = 3dx :%dtzdx

2
. . 2
Poicin: x=0=¢=1; x=1=¢=2. Khido Hdt =— dt— ==,
J.\/3x+ 3'[ '[ 3
2 1
Cach khdac: St dung cong thirc ax+b+C thi 3x+1
g cong I —- V f 3

3
Cau 20. Cho j =—+b1n2+c1n3 voi @, b € 1a cac sb nguyén. Gia trj cia a+b+c
0

4+ 2\/ x+1
bang

A. 1. B. 2. C.7. D. 9.
Huéng din giai

Chon A. Piat t=vx+1 = =x+1 =>x=" -1 = dx=2udr.

Pdican: x=0=1=2; x=3=¢=4. Khi do:
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2

2 2 2 .3
jt ~L s = udt_'[(t —2t+3—Ljdt—(?—t 31— 61n|t+2|)
1

:%—121n2+61n3

4+ 2t L 1+2 1 t+2 1
a=7

Suyra 4b=-12 = a+b+c=1.
c=6
4 1

Cau21. Biét [ = [————dx=a+bIn2vdi a,b 1as6 nguyén. Tinh S=a+b.

'([\/2x+1—5

A. §=3. B. §=-3. C. S=5. D. S=7.

Huoéng din giai:
=0=>r=1

ChonB. t=~2x+1=>1 =2x+1=2udr=2dx, |
x=4=1=3

3 3
dr=[——dt = (1+— jdt—(t+51n|t 5|)\ =2-5In2.

4
[:I;
o N2x+1-5 1 1—35 1
Suyra: a=2;b=-5=>S=a+b=-3.
¢ dx
CAu 22. Tinh tich phan | ——— duoc két qua / =aln3+bIn5. Giatri a* +ab+3b* 1a
P '!.x\/3x+1 a
A. 4. B.5. C. 1. D. 0.
Huéng din giai
y i -1 2tdt
Chan bat r=3x+1=1¢ =3X+13X=T:>dX=T.

Pdicin: x=1=¢=2; x=5=¢=4. Khido
4 4 4
]zj'idtz (L—Ljdt zlng
A +1

Do d6 a* +ab+3b> =5.

a=2
b=-1

=2In3—-In5. Suy ra {

2

4
Cau 23. Cho tich phéan [ = I dr —a+blng v6i a,beZ . Ménh d& nao sau ddy dung?
1 34+/2x+1 3
A.a-b=3. B. a-b=5. C.a+b=5. D.a+b=3.

Hwéng dan giai
Chon C. Pit t=v2x+1 = > =2x+1 = dx=1sdr. DPdican: x=0=>¢=1; x=4=1¢=3

oo f dx ¢ tde
Khi d6 1:{3“/2“1:!3” I(l——)dr—(t 3ne+3)) —2+31ng
Dod6 a+b=5.

NG
Ciu 24. Biét Jxxlxz +1dx:§(a—\/g),véi a,b 1a cac s6 nguyén duong. Ménh dé nao sau day dang.
1
A. a=2b. B. a<b. C.a=b. D. a=3b.
Hwéng dan giai
Chon A.
Dit r=Vx’+1 = =x* +1=>1dr =xdx. Pdican x=1=1=+2;x=3=1=2.

. ,\5 \/2— 2 2 t32 2 \/— .
Khi d6 jx x +1dx=jtdt=§f=§(4— 2).Vaya=2b.

CAu25. Cho /= [——— =—1n5 (a>\/_) Khi d6 gia tri cua sb thue ala
g

5 X
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A 3. B. 2V5. C. 32. D. 242.
Huéng din giai

Chon A.

Pit t=vVx’+4 = =x* +4 = tdt = xdx.

Déi can: x=\/§:>t=3, x=a=t=v\a’+4.
2

1 jl‘ B a*+4 dt B a”+4 dt
FXx+4 -4 (t=2)(t+2)

3 3

] Vet ] 1 le=2 1 A +4-2
- j —  |dr=—m[=== — |5 YL TT T2
4 - -2 t+2 4 |r+2], 4

2 _ 2 —
Taco 1==%1n§@lln(5.L42]=lln§,(a>ﬁ)@i

Na' +4+2

1
Cau26. Cho [ = j
0

A.—1. B.-2. C.1. D. 2.
Hwéng dan giai

Chon A. Cho I=J. dx=a\2 +b. Giatri a.bla:

e

, x=0=t=1
Tacod: Pat 1 =x> +1= dt = 2xdx . Doi cén{

x=1=¢t=2"

2
idz:ﬁ—l:a=1,b=—1:>a.b=—1.

E!ﬁ
zm

CAu27. Véi a,b,c e R. Dit 1=j

b ... ., \
dx = a—In—. Gia tri cia tinh abc 1a :
X c

A3 B 253 c. 2 D, 3

Huwéng din giai
Chon D. Day la dang toan tinh tich phan dé tranh tinh trang bim may tinh nén chung ta can
phai nhd phuong phéap lam. C6 hai cach dé 1am bai toan nay 1a chuyén vé luong giac hoic pha
can. Dudi day la mot cach
2 j

bit t=vV4—x" = =4—x" = tdt =—xdx
0 _ 0 2 0

B ROy dt:J.(l+ 4 jdt [t+1n
5 4= -4 FU -4 t

Suy ra abc =—3(2=3)2+3)=—3

2
P

+

NG 2
Cau28. Cho j X —a- b+1nct/\_/g v6icnguyén duong va @, b, ¢ d e 13 cac sb
1 X e
nguyén t6. Gid trj cta biéu thue @ +b+c+d +e ping.
A. 14. B. 17. C. 10. D. 24.

Hwéng dan giai

2 N
ChonC. 7= [YF ”dx:j X
1

Hc_,&
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Cau 29.

Cau 30.

Cau 31.

Cau 32.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

, :1:>t:\/5

Piat t =+x*+1 = > = x> +1 = 2tdt = 2xdx = tdt = xdx. Doi can: o )
2 2 2

= jz dt—J{ l(L—LﬂdtzjdHlj(L—Lj t—t|f+—1 -1

111 [3+8 142
22—\/54‘511'15—511'1(3—2\/5):2—\/54‘11'1 3 —2_\/54‘1]1 \/5 .

Vay a+b+c+d+e 10.
3

x dx
Gia tri cia [ = J duogc viét dudi dang phan s6 tdi glan — (a b 1a cac sb nguyén
o N1+ x?

dwong). Khi d6 gi tri cia a—7b bang

A. 2. B. 1. C.0. D. 1.
Hwéng dan giai

Chon B

Ciach 1: Dit y =3/1+x* :%uzduzxdx.Béi can: x=0=u=1; x=7T=u=2.

3_
Vay I:%judu:%i(u“—u)du:%. Suyra: a=141, b=20. Vay a—-7b=1.

1 u 1
N/
Cich 2: Ding MTCT 1:jﬂ=7.01 141 Suyra: a=141, h=20. Vay a~7h=1.
0 \3/1+x2 20

64
dx 2 .
Giast I = | ———==aln=+b v6i a,b 12 sénguyén. Tinh gia trj @ = b
e

A. —17. B. 5. C. 5. D. 17.
Huéng din giai
Chon C. Détg/;=f =x=t" =>dx=65dt. Véi x=1=t=1,x=64=1=2.
2 5 2
Khi d6 1:j%dz:éj[ﬁ—t+1—Ljdt=(2t3—3tz+6t—61n|t+1|)|f:61n3+11.
ot 1 t+1 3

=a=6, b= 11Véya—b=—5

Gia sur j 1+x ( ) v6i a,b,ceN; 1<a,b,c<9. Tinh gia tri ctia biéu
thirc cfafL
A. 165. B. 715. _C. 5456. D. 35.
Hwéng dan giai
1
2 > 5. ]—+1
Vi+ \/ 2
Chon D. Izj al dxzf X dx. bat ¢ —1+ ! > = 2tdt = —idx:—tdtzde
Xt X x’ x

by

LR
Ta duoc Iz—j Pdt=—£| =
s 3 |5

1[2\/5 —i\/gj.
3 5+3
Vay a=2, b=5, c=3,suyra C,." =C, =35.
. ; t .
Tap hop nghiém cua bat phuong trinh | —=d¢ >0 (an x) la:
'0[\/t2 +1
A. (—oo;+oo). B. (—oo;O). C. (—oo;+oo)\{0}. D. (0;+oo).

Hwéng dan giai
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Cau 33.

Cau 34.

Cau 35.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

X

Chon C. Tacc’)_[ dt>0<:>l d(t2+1)>0<:> £ +1

t 1
0\/t2+1 20‘\jt2+1 0

o x2+1>1<:>x2>0<:>x;t0

>0 VxP+1-1>0

—

Cho biét J dr =" véi — la mot phén s téi gian. Tinh m - 7n.

o N1+ x° n n
A. 0. B. 1. C.2. D. 91.

Huéng din giai

= 3 2 3 2 2 3¢t
Chon B. Dbiat r=41+x" = ¢ =1+x" = 3¢r°df =2xdx = xdx = .
Déicém'khix—O:n:l'khi x=~T=t=2

2
-1 - S 141
j (L 3t E.j(t“—t)dtzi. Ll 2 7h141-720=1.
,3/1+x 27 2’5 2 20

X ,

Bibt [————dv=a+ b2 + 35 voi a, b c1acac s hitu ty, tinh P=a+2b+c-7
‘!3x+\/9x2—1
A -1 B. 3¢ C. 2. p. &
9 27 ) 27
Hwéng dan giai
Chon A
2 2
Cach 1:Taco_[ J.x(3x+\/9x2—1)dx (3x — xV9x? —l)dx
13x+\/9x -1 1

—_——— _._.N

=.|.3xzdx—j.)m/9x2 —1dx =x3‘2 +
1 1

1

2
xV9x* —1dx = 7—J.x\/9x2 —1dx
1

Tinh jxv9x —1dx. Piat VIx*—1=t=9x>-1=¢> :>xdx—t(9it

Khi x=1 th1t=2\/_'kh1 x=2 thi t:\/g.

3

35 V35
Khi d@6 Ix\/9x — _J tdt L 35\/_ \/_

Js 9 27,5 27

[ x 5 55+ 16\/— 16 35
Viy | ———dx= 7—— 2=a=7,b=—,c=—"—.
'!.3x+\/9x2 -1 27° 27
Vay P=a+2b+c-T7=7+ 2—3—5—7=_l.
27 27 9
2 1 3
Cach 2: Ix\/9x2—l =—I(9x2—1)2d(9x2—1)=i(9x2_1)2 :35\/3_@
1 18 27 1 27 27
2
3_[ X dr = 7__\/— 16\/— =7,b=£,c= 35
1 3x+9x7 1 27 27"
Vay P=a+2b+c-7=7+ 2—3—5—7=—l.
27 27 9
2
Biét I dr =Ja—-~b-+Jc véi a4, b ¢ 1a cic sb nguyén duong. Tinh
1x\/)c+1+()c+1)\/;
P=a+b+c.
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A. P=44. B. P=42. C. P=46. D. P=48.
Huéng din giai
Chon D.
2 2
Pat 1= | dx = dx :
1 X x+1+(x+1)\/; ,/x(x+1)(\/;+\/x+l)

Déttzx/;+\/x+1:>dt X+l +\/_ dr =2g.

2\/x x+1 \/x(x+1) 4

Khi x=1 thi £=+2+1,khi x=2 thi =~/3++2.
ﬁ+ﬁdt 1\/§+\/E

_2 dx — 0 =
I_MW(J% x+1)_2\/§“+1 c

] ]
=2 -
tﬁﬂ (\/§+\/§ \/§+1j
=a2-23-2=32-V12-V4 =a=32, b=12, c=4. Vay P=a+b+c=48

£2x2 +4x+1

. 1}
Cau 36. Giasu a, b, ¢ lacac sd nguyén théoa man I N dx = EJ‘(au4 +bhu’ + c) du, trong do
X+ 1

u=+2x+1.Tinh giatri S=a+b+c.
A. §=3. B. S=0. C.§5=1. D. S=2.
Hudéng dan giai
udu =dx
ChonD. u=+v2x+1=u’=2x+1= u? -1

X =
2

u —1 u>—1
25> +4 Ly i 2 +l 17
Khi dé j X X _j wd == [ (u* +2u* -1).du
0 V2x+1 29
Vay S—a+b+c—1+2—1—2.
1 2.3
Cau 37. Tich phan [ZJ‘ax o

o Nax® +1
A 1=4a=2) o P G § C. - .

4 2 4 2
Hu’é’ng dﬁn giz’li

dx,voi a>0 co giatri la:

1

. 1
Chon C. Ta bién déi: I = ja AL (e’ + ) J.(ax\/ax +1)d .

dx
o Vax’ +1 J. vax
Ta nhan thay: (ax2 + 1)' = 2ax . Ta dung ddi bién sé.
x=0=¢t=1

Dit ¢ = ax® +1= dt = 2axdx . Ddi can .
x=1=t=a+l1

a+l
I= Iltdtz(ltzj
2 4
3
1
Cau 38. Tich phan [ = | ———dx co gid tri la:
'([\/xz +9
3+243 3+243 3+243 3+243
. —

a+l

:ia(a+2).

1

. B./=—In————. C. /= D. /=In
3 3 3 3
Hudng dan giai

A. I=-In

Chgn C
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Cau 39.

Cau 40.

Cau 41.

Cau 42.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

[2
Détu=x+\/x2+9:>du=(l+ ad ]dxz)CJr er9dx= udx j@:L

\/x2+9 \/x2+9 \/x2+9 u x*+9 '
x=0=>u=3

34342
x=3=u=3+3\2 ln(1+\/_)

=1= J. —= 1 |u|)

Poi can {

Tich phan [ = J‘gdx c6 gia tri la:

o NV3xXT+12

A 1= B.[=——_1
\/5 2 3| 2
c.1=—i1n1_‘g. D. I=-%41
NE) 2 3 2
Hu’é’ngdﬁngiz’li
ChonD. Tacod: [=|—dx=
I\/3x 12 \/_I
Détu=x+\/x2+4:>du=wdx:>d—u=L.
Vx*+4 u x> +4
1445 145
=L I laiu:i(lnu) =% 1+45 )
VBau o A3, B2
Tich phén [ = I%a’ x =2+/3-1. Gia tri nguyén cua a la:
ax” —4x
A. a=5. B. a=6. C.a=17. D. a=8.

Hu’é’ngdﬁngiz’ui
2ax—4
Taco: (ax® —4x 2ax—-4=2(ax-2) = =— | ————=dx.
( ) ( ) '[\/ax —4x
< 2 2. A x=2=>t=4a-8
bat ¢ = ax® —4x = dt =(2ax—4)dx . Doi can )
x=1=>t=a-4

4a-8

1:1“‘]16#:(0 i s-aa

Choj ! dx =1 2+\/; avablacacsohuu‘u Giatri — la

1NVX +1 1+\/E

A2 B.2. c 2 D.3.

5 2 3 2
Hudéng dan giai
, =l=t=14+2

Chon B. Tadat: t=x+vx+1=>% o ®  péican 1™ V2 .
t o xr+1 x=2=t=2++/5

2445

+5
J.ﬂz(ln|t|)2 51n2+\/§.
ot 2142

5

7
X
Tich phén [ = dx c6 gai tri la:
-(’)‘ 3[8_)63

A 1= B. 1= c.r=-2 p. ="

5 5 5 5
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Hwéng dan giai
Chon A. Cdch I: Tanhn thiy: (8—x°)'=-3x. Ta dung déi bién so.

) x=0=1¢=8
Pit t =8—x’ = dt = -3x’dx . Doican .
=i/_:>t:1
7 7 (8 t)
Taco: 1=
[t =

1
87

/-8 (2 B 3 5 2
:>I=j3—dt=j(t3—8.t 3]dt=( 31283 j
8 \/; 8 5 8

Cdch 2: Ding may tinh cAm tay, tuy nhién chd may giai cling kha mét thoi gian.

4 [
Cau 43. Bi tj 2x +1dx a+bln2+cln§(a,b,ceZ).Tl'nh T=2a+b+c.
0 2x+3y/2x+1+3 3
A.T=4. B.T=2. C.T=1. D. I =3.
Hwéng dan giai
Chon C
I:i V2x +1dx :j 2x +1dx 232(\/ )(\/ +1+2)dx
3 2x+33/2x +1+3 0(J2x+1+1)(J2x+1+2) d (\/2x+ )( 2x+1+ 2)
:j 2dx _I dx
0(\/2x+1+2) 0(\/2x+1+1)'
bat u =+2x+1 = udu =dx. Véix—0:>u=1,véix=4:u=3.
3 3
Suyra [ = I2udu_ ﬂ I( j I(I—L)du
u+2 Ju+l u+2 1 u+l1
=(u—4ln|u+2|+1n|u+l|)1=2—4ln§+ln2
—=a=2,b=1,c=1=>T=2.1+1-4=1.
dx 1 .
Cau4d. Biét [————=a 3+bﬁ+c+—1n(3ﬁ—3) véi @, b ¢ 1a cac sb hitu ty. Tinh
L 1+ x+ 1+ x7 2
P=a+b+c.
1 1 5
A. P=—. B. P=—1 C. P=—. D. P==.
2 2 2
Huéng din giai
Chon C. Taco
g ( s
] — _jw _lnf f L,

3 1+x—\/l+x2)dx 1
( Inx+— xj
+\/1+x 1
B 2
Xétjzjw
1
2
dt 1 1. -1
1 I =lt+ _[[——Ljdz {t+—ln—}
\/52 - t+1 2 2 t+1],

1 V2-1
{2 \/_+—1n§—51n\/5+1}

!1 2x*

1 1

biat ¢ =1+ x> = tdf = xdx

1
2
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1 1 1 2 1
:5{2—\/5—51113—5111(\/5—1) } =§[2—\/§—ln\/§—ln(\/§—l)}

ﬁ —

Vay J‘L=llnﬁ+&—l[2—\/E—ln\/g—ln(\/i—l)}
11+x+\/1+x2 2 2 2

1
dr =21n£2+\/;

o Nx +dx+3 1++b

Ciu 45. Biétring J v6i a, b 1a cac s6 nguyén duong. Gia tri cia a+b
bang
A. 3. B.5. C.9. D. 7.
Hu’é’ng dan giai
1
Chon B. Ta c6 j j Dit £ =+/x+3+/x+1
\/x +ax+3 oy(x+1)( x+3)

:dtzl(;+;jdmdt=1 Natl+yx+3

2\Vx+3 Jx+l 2| J(x+1)(x+3)

B 1[ t ] 2dr dx
osdt=—| —m—— e
2 (x+1)(x+3) t (x+1)(x+3)

Khix:Othit=1+x/_-khilethit:2+\/5.

1 N a=2
IL—Z N .. N 2ln&:>{ =a+b=5.
oNxT+4x+3 5t 1+/3 b=3
Cau 46. Biét I i/x—L+2 L—L de=23c, véi a,b,c nguyén duong, 6 gian va c<a.
x X b b

Tinh S—a+b+c

A. §=51. B. §=67. C. §=39. D. §=75.
Huéng din giai

Chon C.

2 2
1 1 1 1 2
Ta cé i/x——+23———de= 3x——[l+—jdx.
'!.[ x’ x XM x° x

1

bat 1 =3 x—%:ﬁ =x—L2 :>3t2dt=(1+%jdx.
X X X
7

o 1 ‘E 3 \ﬁ
Khi d6: !Li/x—%jﬁi/%—?}dx:fyﬁt :Zt4 4

=%%/ﬁ. Viy S=67.

0 0

2
. dx \
Cau 47. Cho s0 thuc duong k>0 thda =1In(2++/5). Ménh dé nao sau day ding?
Jo‘\/x2+k ( )
3 1 1 3
Al k>=. B.0<k<—. C. —<k<1. D.1<k<=.
2 2 T2 2
Hwéng dan giai
Chon C.
1+ 2X
Pat £ =In(x+ k) = dt = —2 K e o i = dx
x+x+k x +k
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“—in(2+445)

0

2 2
Ta cod I dx =jdt=t|z<:>ln(x+\/x2+k)
0 0

x +k

e (20 ET )tk =tn(2445) o ZEE o 5) 0 20K o s

N i
24 Ek =(245)Vk o 44a+k+aark =(2445) k & VArk =(2+45)k-2
2
2 2 k>
k> k>
- 245 - 245 - k—20+\/§
ak=(2445) K +a-a(2445 )k |(2445) K —(9+4J5)k =0 [ B
k=
HAM LUQNG GIAC
Ciu 48. Tim khing dinh dung trong cac khang dinh sau
1 1 1 1
A. J.sin(l—x)dxzjsinxdx. B. jcos(l—x)dx:—‘[cosxdx.
0 0 0 0
. . % . 3
C. jcos—dxz.[cosxdx. D. jsin—dxzj.sinxdx.
0 2 0 0 2 0

Hwéng dan giai
1
Chon A. Xét tich phan [sin(1-x)dx
0
batl-x=t=>dx=-df . Khi x=0=¢=1;Khi x=1=1¢=0.
1 0 1 1

Do d6 jsin(l—x)dx =J.Sint(—dt) :jsintdt :jsinxdx‘

0 1 0 0
3
Cau 49. Tinh tich phan /= [~ dx.
) COS™ X
AT=2. B.I=>. c.r=2:2. D./=2.
2 2 3720 4

Hwéng dan giai

Chon B. Dit t =cosx = df=—sinxdx. Pdicin: x=0=1r=1; x=§:>t=%.
1
2 1 1!
Khi do I:J.—ldtz‘[%dt:—l2 :—l+2:§.
1t 1t 2002 2
2 2
; b \
Cau50. Cho [ = jsinz xtanxdx =Ina — 3 Chon ménh dé dung:
0
A.a+b=4 B.a-b=2 C.ab=6 D.a" =4
Huéng din giai
w=Z =l
Chon C. DPat u = cosx = —du = sin xdx Pdican |© 3 =| 2
x=0 u=1
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1
2(1_.,2\(_ 1
ol f(Lowpi=[ma- ] w2
1 u \u 2 8
2 2

0
Cau 51. Biét rang [, = I—
' 1+cos2x
P
Thuong s6 giita a va b c6 gia tri la:

0
dx=a va I=Ix3/x+2dx=bi/_—%, a va b 1a cac sd hiru ti.

AL B. L. c.2 D. 2.
2 -3 4 3
Huwdéng dan giai
Pl 1 1 17 1
ChonB. Taco: [,= [ ————dv=— [ ——dv=..=—[wdt=—,véi t=tanx.
- 1+cos2x . COs” x 2° 2
4 4
h 3 ‘3 3 1, 3 a 1l
I=J.3x+2dx=—[3(x+2)4} 2—3/5—— Sa=—b=—=—=—.
b 4 4 2 4 2 2 b 3
A 4 cos2x 1 T .
Cau 52. I =—In3. Tim gid tri clia a la:
01+2sm2x 4
A.3 B.2 C.4 D.6
Huwdéng dan giai
Chon C.
1+251n77
: A 1 dt sin2z/a
bat ¢ =1+ 2sin2x duadénl= — J. a1y P S
4 t 4 4

1

Suyra 1+ 2sin2/a =3 suyraa=4.
i | |
Cius3. Biét [, = [(1+tan’x)dv=a va I, = [ (¥’ +4x Jd :(bx3+cx3j
0

0

1

,avablacac so hitu ti. Gia

0

trictaa +b+cla:

A. 1. B. 2. C.3. D. 0.
Hwéng dan giai

Chon B.
i 2 i !
Taco: I, =|(1+tan” x)dx = dx=..=|tdt=1,véi t=tanx.
: -([( ) ;[coszx -([
1 1\
Izzj(x2+\/;)d = lx3’+%x3 :>a=1,b=l,c=%:>a+b+c=2.
0 3 3 . 3 3
® sin2x o
Cau 54. Tich phan / I dx c6 gia tri la:
0cosx+cos3x
! B. /=

[ \/—IJ (\/_2 \/§+1J
\/_\/_+2 \/_+1 \/_\/_+2 \/—1

L2l oo L[ 2+2  V2-1
\/_\/_+2 \/_+1 . \/_\/_2 \/_+l

Chon C.

Huéng din giai
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Cau 56.

Cau 57.
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T T
3 . 3 .
X ez sin 2x sin x sin x
Ta bién doi: I = j dxl = dx :I
s COS X +cos3x » €08 2x 0

V2-2  V2-1

—In J VOl t =cosx.

2\/_( V242 241

i
2cos’ x—1 \/_ \/_t+1

2x+cosx

x> +sinx

2 2 2 2
A. I=n ”——1 —In ﬂ—+£ . B. /=In ”—+1 —In ”—+£ .
4 16 2 - 4 16 2

2 2 2 2
C./=In ”——1 +1In ”—+£ . D./=In ”—+1 +In ”—+£ .
4 16 2 4 16 2

Hwéng dan giai

Tich phan [ = dx c6 gia trila:

BN oy

Chon B.

%H 2 2
2SN e I L= 2t} o 2o 2 v6i v = vsin.
X" +Sinx 2 \/‘ 4 16 2

162

Taco: [ =

BN — |y

7
Cho jsianln(taan)dx =arn+bln2+c v a@ b C13cacsd hituti. Tinh T:l+l—c
a

A.T=2. B.T=4. C.T=6. D.T=-4.
Huéng din giai

s

Chon B. Taco

O |y

4
sin 2x ln(tanx+ l)dx = —%J‘ln(tanx+1)d(cos2x)
0

FNTE

O |y

=—lcos2xln(tanx+1) +

5 cos 2xd [ln(tanx+1)]

1
2
0

T

1t 1 1
dx:

1 tcos’x—sin®x 1
tanx+1 cos® x 2

sinx+cosx cos? x

dx

O n |y

COS X

3
Xét tich phan 1 = J' _sin2x o Néu dat t=v1+00s X, khang dinh nao dudi day 1a ding?
0 Jl+cosx

V2 NF)
A T- j 44, B jﬂdz. C. 1=4f(r2—1)dt. D. 1=—4f(z2—1)dt.
st st I I
Hudéng din giai
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—ltcosxy >df=— X g SOY 4 2dr = =1+cosx= cosx=1>—1
241+ cosx J1+cosx

Ddi can x=0:>t=\/§;x=%:>z=l.

N I:f sin 2x dx T cos xsin xdx _ J'z(t ~1)(-2)dt = _4,[(t ~1)dt = 4]@ ~D)dr.

0\/1+cosx J1+cosx

¢
Cau 58. Cho Isin” x.cos xdx = L(n c N) . Tim glé. tri .
0
A.n=3. B. n=4. C.n=5. D.n=6.
Huéng din giai
Chon A.
[Phwong phap tu luin]

bat t =sinx=dr=cosxdx. V4i x=0=¢=0; x=%:>t=%.

1
1 2 n+l ] 1 1 1 n+l 1 (lj” n+1
in” x.cosxdx = — =] =—<|=| = 1
SHL LCOSXEX 64 '!; |:n+l:| n+l1 [2] 64 2 32 ()

Phuong trinh (l) 1a phwong trinh hoanh d6 giao diém cua y = (%) 12 mot ham s giam trén

Vay

ct—pa |y

+1 1
R vay= n32 (y = E > Oj 12 mot ham s6 tang trén R .

Vay phuong trinh (1) c6 toi da 1 nghiém.

3
Véi n =3 thay vao phuong trinh (l) ta dugc: (%) = ﬂ ( dng).

Vay n =3 1a nghiém duy nhét ciia phwong trinh (l) .
[Phwong phap tric nghiém]

Thay n =3 vao bAm may tinh: [sin® x.cos xdx = 61_4 . Ta chon dap an A.

S = [N

3
Ciu59. Chotichphan [————dv=aln5+bIn2 véi a, b < Z. Ménh d& ndo dudi day ding?
ﬁcosx+2
3
A. 2a+b=0. B. a—-2b=0. C. 2a-b=0. D. a+2b=0.
Hwéng dan giai
Chon A. Djt 1 =cosx+2 = df = —sinxdx. Dbi can x=%:>t=§, x=%:>t=2

WIN [N
%
=
=

1 31 s 5

=—j;dz =I;dt=lnt§ =ln5—ln2 =In5-2In2. Vaytaduoc a=1;b=-2.
5 2
2

cosx—sinx

Cau 60. Tich phan / = dx c6 gia tri la:

WY ——o |y

(ex COS X +1)cosx
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e’ (63 + 2] e? (63 — ZJ
A. I=In = . B. /=In = .
e’ =2 e’ =2
e’ (63 + 2] e? [63 - 2]
C./=In P . D./=In o .
e’ +2 e’ +2
Hwéng dan giai
Chon A.

s e*.(cosx—sinx)
Ta bién doi: I =

dx. Dit t =e" cosx = dt =e"(cosx—sinx)dx.
(ex cosx+1)e" CcoS X

WIN o[y

Déicénxzzznz—eﬂx — =t=——¢"
3 2 3
L L 2z ‘ z ‘ ez(e§+2]
2 2 3 3
- d:( Lj =i =t
767, t(t+1) t+1 leg 7_2 e§+2 67—2
%sin3x
Tich phan / ='f dx c6 giatrila:
= VCOos X
3
4 _ _ 4
A.1:19+17\/§. B.1:19+17\/§. - 19+17\/§. b 719 17\/3.

D D

Huéng din giai
Chon D. Ta nhan thay: (cosx)'=—sinx. Pt =cosx = dt =—sinxdx.

z YT

1 z 7
X=o=1= 2 gind 2(1—cos® x)sin x
Péi can 2 1:jsmxdx=j( ) dx
NE) 4 Jcos x " Jeos x
XZ_:tZT 3 3
& & L
2 2 (3 1 51 _174
:>I=It 1dz=f 2ot |ae=| 20| S22V 1743
LV 5 V2
2 2 1
2
% sin x
Tich phan [ = dx c6 gai tri la:
. 2
_z|lcosx+ 3smx)
3
A=V Br2,3 B 1B B2 ),3
16 (—3+2) 8 8 |(—3+2) 8
Cro V(B2 3 D 1= B[ Br2).3
8 —J3+2) 8 16 —J3+2) 8
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Hwéng dan giai

Wy

T
) ) 3 )
, sin x sin x sin x
Taco: I = dx = dxl = I dx

s 2 1 \/g ’ T ?
_g(cosx+ s1nx) ‘34(Zcosx+zsinxj '73[4[Sin(x+6ﬂ

NN

V4
x:_gzu:—g
. T V4 2. A
bPitu=x+—=x=u——=dx=du. Dbican
6 6 V4
X=—>=Du=—
2
T % T T . T z
2 Sln(“—6j 2 SINu.COS— —SsIn—Ccosu 2 f3.sinu —cosu
I=| ——= du:‘[ 6.2 6 duz—J.—' — du
e 4sin” u . 4sin” u 8i sin” u
6 6 6

—du— | ——du
' 1—cos u ' sin”u
6 3
3 .
xet 1= [ S g,
' 1—cos™u
6
% 3
7 U=—-—"=t=——
Détt:cosu,ue[O;ﬁ]:dt:—sinudu. Poi can 6 2
u=£:>t=0
2
OBde (11 G er1NT VB (VB2
:>Ilz'f zz—j —+——dt=—| In|— =——1In .
s1= 2 s\i-t 1+t 20 -1 2 (342
2 2 2
cosu
Xét I, = du.
= '[rsinzu
6
Vs 1
- i u:—gjt:—a
bat t =sinu,ue| ——;— | = dt =cosudu. DOI can .
22 V4
u=—=rt=1
2
1 1
1 1 1 2
12=j—zdu=[——J =—3.:>I:—(11—12)=—£1n 3+ +§. Chon D
t 1)1 8 16 (—/3+2) 8
= >

f
CAu 63. Tich phan /= | b v cogiaila
0 dcos

x—sin” x
1 1 1
A.I=—In2. B./=—In2. C.I=—In2. D./=In2.
3 2 ) 6
Hwéng dan giai
(a2 4 1 4 1
Ta bién doi: /= [ ——————dv=| ——dx.
v 9cos” x—sin” x o COS x(9—tan x)



Cau 64.

Cau 65.

Cau 66.

Tuyén chon va gi6i thieu: Nguyén Qudc Hoan

Nhan thdy: (tan x)' = . Ta dung d6i bién s6.

2

0913 661 886

COS X
x=0=r=0
Dt t=tanx=dt =———dx. Ddican{ .
cos” x x=—=1t=1
Lol 11 13+ 1
= Zdt:—j(—+—jdt: || ==In2.
) 9—¢ 63\3—1 3+t 6 |3-1]) 6

_1+\/§
T

sinx +cosx

dx

Tich phan I =
P '([(sinx—cos x)2

Gia tri cia a la:

Chon C

N

A.a=-Z. B.a=-Z. g.a=£. D.a=
2 4 ) 3
Hudng dan giai
Chgn C
Ta co: 1:_[de:(—1) = ! ———1, t=sinx—cosx.
O(Sinx—cosx) tl, cosa—sina
Theo d¢ bai, ta co: ! . _1:14.\/3 al_sq==.
cosa—sina 1—\/5 3
3 sin x
Tich phan [ = I - dx co giatrila:
Y sinx+cos x
3
4 Vs 3+l
A. I="+In(\3+1). B./=—+In :
12 ( ) 12 4
\/§+1
" V3+1
1==Z- D. /=242
- 12 2 12 2
Hwéng dan giai
3 cosx
Chon C. Xét [, = [ —————dx
Y sin x+cosx
3
3
L=1+1I=]dx 1443
Ta c0: 3 1_12_13 21——2, t=sinx+cosx.
i 2 12 2
L=1-I= [ ~di
1t
2
3
Cho biét j&dpamblnz véi a va b 1a cc s hiru ti. Khi do <
o SInx+cosx b
AL B.3. cl D. 3.
4 8 2 4
Hwéng dan giai
Chon C.
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i 3 3
" _cosx s1nx
Xeét :j x5 I I x =1, +1, j —
¢ sinx +cos x { Sinx +cos x 0
% 4
COS X —sinx 4 d(sin x + cos ) 1
j i dx I (sin x x) ln(smx+cosx)| =—In2
o SInx +cosx , Sinx+cosx o 2
1 1 1
=1 = £+_1n2 =>a=—;b=—= 4--.
8 4 8 4 b 2
Cach gidi khdc: Dit xz%—t
xs1n2018 a
Cau 67. Blet_[ oT8 . dx="— trong d6 a, b 1a cac sd nguyén duong. Tinh P=2a+b.
sin™ ° x4+ cos b
A.P=8. B. P=10, c.P=6 D. P=12.
Hwéng dan giai
Chon A.
bit x=r—-t=dx=—-dr. Khi x=0thifr=x. Khi x=x thi 1=0.
- ; J~ (7 —1t)sin®"* (7 —1) ds ]5 (7 —x)sin®" x q
aco [=— = X
sin®"* (7 —1)+cos™"* (7 —1) sin®"® x +cos™"® x
T . 2018 K4 .. 2018 2018
sin” " x xsin™ " x X
=7ZJ. - dx—_[ - dx = 7[] dx—1.
0 sin®"® x + cos™"® x 0 sin®"® x +cos™"® x sm2018 x+cos2018

2018

z .
T sin” " x
Suy ra Iz—f —oTs e dx.
24 sin”" x+cos
K4 - 2018
oy R sin™ " x
Xét tich phan J = j dx.
2018 2018
< sin” ° x+cos
2

Pit x=%—u:>dx=—du. Khi ng thi u=0. Khi x=7 thi tz—%.

. 2018 7
- sin®*| = —u
2

0 COSZOIS X
Nén J=—I T e du = J. Sin®"® x4+ cos™® 5 d
0 sin ——u |+cos ——u z
2 2 2
2018
YA I Cos X L 1s A 1S A
Viham s0 f(x)=—% T, 12 ham s0 chan nén:
sin®""* x + cos

T
. z
I cos™'® x dr j- cos?'® x J
= X
- 2018 2018 - 2018 2018
. sin” " x+cos o SIn” " x +cos
2
T doé ta co:
z
T 2018 X d T j. Sln2018 d +]§ Sl1,12018 X d
X =— X X
2018 2018 2018 2018 2018 2018
2 5 SIn™"" X +cos 2| ¢ sin +cos” T x °sin” " x+cos
2
z L4
T j. Sin2018 d +j_ 2018 X d
=— X X
+.. 2018 2018 2018 2018
2| ¢sin” " x+cos 7 sin” " x+cos
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Cau 68.

Cau 69.

Cau 70.
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T

T

2 2018 2018 2 2
.z[sm X+cos™" x | %

sin2'8

s
=—|dx=—.
x+cos™® x dx 2I 4
Nhuvay a=2,b=4.Dodd P=2a+b=22+4=8.

]”- sin xdx

(v6i ¢ >1) thi gia tri cia I bang:

A.2. B. =. C.2a. Q.g.
(04

Huéng din giai
Chon D.

t .
Pit t=+1-2acosx+a’ = > =1-2acosx+a’ = - dt = sin xdx
a

. 19dt 1 an 2
Vay I=— | —=—1t T
as, t a T «a
. A £ , . .t sinx
Co6 bao nhié€u gia tri cia tham s6 m trong khoang (0;6n) thda man I —_—
o d+4cosx

A. 6. B. 12. C.8. D. 4.
Hwéng dan giai
Chon A

Tacod —='f sin x d(cosx)
0

S+4cosx __-([5+4cosx

m

= —l]n.;d(5+4cosx) = —%1n|5+4cosx|

49 5+4cosx

0
" 1. 5+4cosm

Ma 5+4cosx25—4>0:>l:—lln(5+4cosx) =——In
2 4 4 9

5+4cosm S5+4cosm 9¢” -5
:>1nT:—2<:>T:e & cosm =

-2

< m = +arccos _5+k2n (keZ).

arccos

Theo dé bai m e (0;6n) =

k
k
k
,2 _
—arccos o 2 > +k2ne (0;67t) 3{

Véi mdi gid tri k trong hai trudng hop trén ta duge mot gia tri m thoa man.
Viay co 6 giatri cia m thoa man bai toan.

COoS X

3
Cho I

— : dx:alni+b, tinh tong S=a+b+c.
v SIn” x—5sinx +6 c

A. S=1. B. §=4. C. §=3. D. §=0.

Hwéng dan giai
Chon B.

bat t =sinx=>dr=cosxdx. x=0=¢=0, x=%:>t=1.
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Cau 71.

Cau 72.

Cau 73.
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1
COS X

1 1
v = [ 1 j(———jdt_l
sin” x—5sinx+6 o ! —5t+6 0

=a=1b=0,c=3=>S=a+b+c=4.

=1n2—1nE =1ni
2 3

0

oy

s

2 .2 :

] R x“+(2x+cosx)cosx+1—sinx c . C .z

Cho tich phan Izj ( ) dx=ar*+b—In— véi a, b, c 1acicso
0

X+COSX T

hiru ti. Tinh gia tri ciia biéu thirc P = ac® +b.

A. P=3. B.P:%. C.P:%. D. P=2
Hwéng dan giai
Chon D.
Tacd I j-xZ+(2x+cosx)cosx+1—sinxdx J2-(x+cosx)2+1—sinx
aco [ = =
< X +COS X ! X +COoS X

% 2 2
=Z f1+mZ :7T—+1—1nz
8 2

T

T

Z l—sinx X

=I x+cosx+—— |[dx = —+s1nx+ln|x+cosx|
0 X+cCcosx 2

:>a=%, b=1,c=2. P=ac’+b =%.8+1=2

3 .
Cho f 2t dr=alnd+b, véi @, b 1a cic s hiu ti, ©>0. Tinh tong
(cosx) —5cosx+6 ¢
S=a+b+c.
A. §=3. B. §=0. C. S=1. D. S=4.

Huéng din giai

Chon D. it ¢t =cosx = df = —sin xdx. Poican: x=0=t=1; x=%:>t=0

Ta co:
3 sin x ’ 1 off 1 1 =3 3
_[ dx=—I2—dt=I ———— |dt =In|— In2-In=
0 cosx —SCosx+6 1T =5t+6 o\t=3 -2 =2, 2
=lni=alni+b.
c
a=1
Do d6: s¢c=3. Vay S=a+b+c=4
b=0
b

Cho I(4cos2x+3sin2x)1n(cosx+2sinx)dx=can—%,trongd() a b ce N*, % la phan

0

s6 tdi gian. Tinh T =a+b+c,
A.T=9. B. T=-11. C.T=5. D.T=7.
Huéng din giai
3
Chon A. = I(4cos,2x+3s1n2x)ln(cosx+2smx)dx
0
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= | 2(cosx+2sinx)(2cosx—sinx)In(cosx+2sinx)dx.

o'—.wm

Dt t =cosx+2sinx = df = (—sinx+2cos x)dx.

Véi x=0 thi r=1. Véix:%thitzZ.
2 2 , 2 t22 3
Suyra I =|2tIntdt = [Ined(*) =(>.In¢)| —|tdt =4In2-—| =4In2—-=.
oo 1= [ =[n() = anf i a2 <23
a=3
Vay 16=2 =>T=a+b+c=9.
c=4
. 3 2
3 .
Ciu 74. Biét J. L, +\/_ﬂ +er+d-3 véi a,b,c,d la cac sO nguyén. Tinh
\/1+x +x° a b
a+b+c+d.

A.a+b+c+d=28 B.a+b+c+d=16 C.a+b+c+d=14 D.a+b+c+d=22
Huéng din giai

5 %(\/1+x6 —x3)sinx 5
Chon A. /= j sin ¥ = I dx = I(\/1+x6 —x3)sinxdx.
\/1+x +x .3 T
3 3 3
T
x=——=t==
it 1 = —x = dt = —dx . Ddi cn 3
Vid T
x==—=t=-=
3 3

3
(1+ﬁ+ﬁ%m(4X—m)=—j(1+ﬁ+ﬁ%mnh=—

(\/1+x6 +x3)sinxdx

~
Il
M\N‘—.wh

wiac_.wm

N

x> (+)+sinx

3x2 (-)—cosx \

6x (+)—sinx \

6 (-) +cosx \
\

0 +sinx
3

z 2
5= il —*/53” —27+63

< 27
3
Suyra: a=27,b=-3,c=-2,d=6.Vay a+b+c+d =28.

7[
XCOS X fﬂ

1= (x cosx—3x’sinx— 6xcosx+6smx)

Ciu 75. Biét dx = +—+—VO‘1 a b c diacacsh nguyén. Tinh M =a—b+c
J‘\/1+x +Xx ¢
A.M=35. B. M =41. C. M=-37. D. M =-35.

Hwéng dan giai
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Cau 77.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

Tacéj XCOSX dxzjq XCOSX j- XCOSX i I4J
TN+ x +x e+ X +x 0 1+x +Xx
6 6
0
Xét I = ﬂdx.]aét t=—x (Cm);Béicén: x=0=¢=0; x=—L ==L
Al X +x 6 6
6
—tcos(~t [ [
SuyraI—I XCOoSXx :J' ( ) _dt)zj' tcost dl‘=I XCOS X dx |
_”\/1+x2+x ﬁ\/1+(_1)2_f V1422 —¢ 5 1+ x
6 6
: : :
XCOSX —XCOS X XCOS X
Khi d6 dx = | ———dx+ | —dx
'[;\/1+x2+x '([\/1+x2 - X ‘([\/1+x2+x
6
: 1 1 :
=Ixcosx - dx=I—2xzcosxdx.
0 i+ +x A+ —x 0
¢ xcosx 2 . -\ 7 73
'f (—2x smx—4xcosx+4smx) =2+ +—.
S R
Khldo a=2; b=-36; c=-3.
Vay M =a—b+c=35.
3 5
If(x)dx=2018 Icost.f(sin?.x)dx
Cho © . Tinh ©°
1009
A.[ZT. B. 71=1009. C. 1=4036. D. 7=2018.

Hwéng dan giai

Chon B. Xét /= | cos2x.f (sin2x)dx.

o3I

. T
bat u=sin2x = du=2cos2xdx. Poicin: x=0=u=0 va xZE:u:E.

1 1
2 2
Khi d6 1=lj (u)du—lj (x)dx = 2018 =1009.
21 21 2
| 3
Cho f 1a ham s6 lién tuc thoa jf(x)dx=7.Tinh I= jcosxf(smx)dx
0 0
Al B.9. C.3. D. 7.

Hwéng dan giai

Chon D. bat t=sinx = d¢=cosxdx. Pdican x=0=¢=0, x=%:>t=1.

Tacod [ = cosxf(smx)dxzjf(t)dt=If(x)dx=7.

H 134
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Cau 79.

Cau 80.

Cau 81.

Cau 82.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

1
Cho ham s f(x) lién tuc trén R va J.f(x)dx=12, f(2cosx)sinxdx bang

-1

wmt_,m‘g’

A. —12. B. 12. C. 6. D. 6.
Huéng din giai
Chon C. Dbidt t=2cosx = df =-2sinxdx.

Pdi can

x F-3 X
I
v 2

f(2cosx)sinxdx =ff(t)(—ljdt =%_l[f(t)dt %_l[f(x)dx =

2

w\:}'—,m‘g’

dv=4 va | f(sinx)cosxdx =2.

Vi !

9
Cho ham s6 y = f(x) lién tuc trén R théa man I
1
3 N
Tich phan 7 = [ f(x)dxbing
0
A T=2. B. I=6. C. I-4. D. 7=10.

Huéng din giai
Chgn C

Pit tzx/;:dt: 1 dx:jff/{;)dx:Zj.f(t)dt:4—>Jj‘f(t)dt:2.

bit t =sinx = dt =cosdx = If s1nx)c0sxdx If dt=2.
3

/= jf j dx+jf )dx=2+2=4.
0

HAM MU - LOGARIT

ae—b

1
Cho 1 =J‘xel”‘2dx. Biét rang [ = . Khi d6, a+b bang

0

A. 1. B. 0. C.2. D. 4.
Huéng din giai

1 1-x? 1 1-x? 2 1 2|l e-1
Chon C. Taco Izjxe"xdxz—— e'xd(l—x)z——e‘x =—

0 2% 2 0 2
Vir=®=b o i 1ho1.Vay a+b=2.
Nguyén ham ctia S(x )—sm2xe 1a

sin? x+1 sin? x—1
A.sin’xe™ 7 +C. B, —; +C. C.e™ +C. D. .62 +C.
sin” x+1 sin” x—1

Huéng din giéii
Chon C. Tacd [sin2xe™ "dx = [¢™ d(sin’ x) —e™ 4 C

1
L — b
Biét rang _[36 gy =2+ et (a,b,ceZ). Tinh T:a+§+§.
0
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A.T=6. B. T=9. C. T=10. D. T=5.
Huéng din giai
Chon C. Dat t =+1+3x = =1+3x=2dr =3dx. Pdican: x=0=>¢=1, x=1=¢=2
3]136mdx =2Izte’dt =2(te"2 —re’dt)=2(le"2 —et‘2)=2(2e2 —e—¢’ +e):2e2.
0 1 1 1 1 1

a=10
= = T =10 nén cau C ding.
b=c=0

In12
CAau 83. Tich phan / = j Ve +4dx co gia tri 1a:
InS
A. I=2-In3+1In5. B. I=2-2In3+2In5.
C./=2-2In3+In5. D. /=2-In3-2In5.
Hwéng dan giai

Chon B. Dit: t=ve' +4 o' =e" +4=2dt =e"dx = dx = Ztdt

2

o [x=In5=x=3 Lo '
boi can I=I 4dt=2 t—2In =2-2In3+2In5.

x=lh12=>x=4" 312—

t+2

|

t—

3

2 2
Vx +1dx — 2500‘eVm +1 )

2 L, , £ m
Cau 84. Tim tat ca cac gia tri duong cua tham sO m sao cho IO xe

A m=2"2" -2 B.m=+2"+1. C.m=2%V2"+2. D.m=+2""-1.
Huéng din giai

Nm?+1 2
te’dt:(te‘—e’)1 —( m2+l—l)e mH

w3 o4l
Chon C. Tacé J.O xemdx =L 1

Theo bai ra

[ 3ot ar =2l e 20 T (Yt 41— 1)e T o 2 = o 411

PN mz +1= (2500 +1)2 o mz _ 21000 +2501 _ 2500 (2500 +2) — ;= 2250 /2500 12

3
Cau 85. Cho Iem =ae’+he+c.Véi 4, b ¢ 1acac sd nguyén. Tinh S=a+b+c,
0

dx
Vx+1
A. S=1. B. §=2. C.§5=0. D. §=4.
Hwéng dan giai

dr sdat u=vx+1=>du=

Vx+1
Poican: x=0=u=1; x=3=>u=2
r 2

= [ =[e"2du= 2¢"
1

1

dx .

3
Chon C. Xét [ = jeﬁ
0

1
24x+1

=2¢"-2¢e =>a=2,b=-2,c=0, S=a+b+c=0.

sin® x

Cau 86. Cho tich phan 7 = | €™ *sinxcos’ xdx. Néu ddi bién s6 7 = sin® x thi:

A. T =%Ue’dt+.:[te’dt}. B./ =%Ue’di—:[te’dt}.

O o [N

0 0
1 1

C.I= Z{J.e’dﬂrjte’dt}. D. /= Z{J.e’dt—jte’dt}.
0 0

0 0
Huéng din giai
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Cau 88.

Cau 89.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

sin’x 3

Chon B. Tacd I =|e"" "sinxcos xdx = e (1 sin x)smx cos xdx .

O 0 [N
O 0 [N

< . . . 1
Dit ¢ =sin? x = df = 2sin x cos xdx = s1nxcosxdx=§dt.
Ddi can

< o

»—Nla

t |o

1 1 1
Vay Izlj.e’(l—t)dt =1{Ie’dt—jte’dt}.
2 0 2 0 0
n+l

lim o
Tinh ~ n €
A. 1. B. 1. C. e. D. 0
Huéng din giai
n+l dx n+l xdx
Chon D. Tinh /= j =
+e' 5 e(1+e)
Pitr=e* = dt=e'dx. Doicin: x=n=t=e", x=n+l1=t=e""
1
ol dt ol 1 1 o 1+T
Khi do 1_j j(-——sz_(lnz—ln(zH)) =1+lh—<.
t(e+1) A\ 141 4 o L
en
n+l 1+in
—=lim /= lim | 1+In—&- |=1-1=0.
X—>+0 X—>+0 e+7
el’l
2 2016
Tinh tich phan / =I —dx.
e +1
2018 2017 2018
A. I=0. B.;-2%2 . c-2_. D./-2 .
2017 3 2017 2018
‘Huéng dan giai.
Chon C. Pat x=—t=dx=-d¢r. DP0ican: Vi x=2=¢=-2;x=-2=1¢=2
-2 2016 22016 x 2 2017 |? 2018
X 2 2017
Khid():]-jt—dt— L,suyraﬂ:szmdx: | = :>[:2_.
el Y l+e 2 2017, 2017 2017
2 x
Cho biét I dr=Letc véi a , ¢ 1a cac s6 nguyén, b 1a sb nguyén duwong va 2 1a
x+2) b b
phan s6 ti gian. Tinh a—b+c.
A. 3. B. 0. C.2. D. 3.

_ Huéng dan giai
Chon D. bat t=x+2:>dt=dx,déicafm x=0=>¢t=2, x=1=>¢=3.

3 9\ a2 3 3 3
:J-(t 22 € d Zj[l—i‘{‘izjet_zdt ZJ‘et—Zdt_i_J‘(_ﬂ_i_izjet—zdt
X+2) 2 t 2 t t 2 ! !

2

Tacod I = J

0

—_

2 YK
e “dr =¢' 2‘Zze—l.

+ Tinh /, =

N Sy 0
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Cau 91.

Cau 92.
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3

4 4

+ Tinh I, =J.(—?+t—2je'2dt. bit u =§: du =—ti2dt, dv=edt=>v=¢"
2

3
4
Ta cod j? e 2dt = i.e"2
2

3 3 3
4 =2 _ 4 4 t=2 _ 4
; +-[_t2 e dr =1, _I(—7+—t2je dr _—§e+2.

2 2 2

Suy ra I=%1e+1:>a=—l, b=3,c=1.Vay a-b+c=3.

In6 X

P e ,

Biét tich phan [ ———dx=a+bIn2+cln3, v6i @, b, ¢ 1a cac sb nguyén. Tinh
£1+\/ex+3

T=a+b+c.

A.T=-1. B. T=0. C.T=2. D.T=1.

Hwéng dan giai

, x=In6 t=3
Chon B. Pit r=+e"+3 =t =¢"+3=2tdt =e"dx. Déicém{ 0 :{t 5
X = =
In6 3
e’ 2tdt 3
Suyra | ———— 2——— |dt=(2t—-2Injt+1]) =(6-2In4)—(4—-21n3
y £1+J€—+ 1+t JI 1+J ( | |)‘2 ( )= ( )
a=2
=2-4In2+2In3=b=-4. Vay T'=0.
c=2
9
%/Z cos(mc3) A 2 Z Z Z
Giatri [ = J.x2 sin(ﬁx3)e ~’dx gan bang s0 nao nhat trong cac so sau day:
1
=
A. 0,046 . B. 0,036 . C. 0,037. D. 0,038.
Huéng din giai
Chon C. Dat u=cos(7rx3) :>du=—37rx25in(7rx3)dx:>xzsin(7rx3)dx=—Ldu.
3z
Khlx:L thi u:—3. Khi x=— 9 thlu_—2
%" @
V2 V3
5 b LR (£ &
Taco[=——J.e”du——Je“du=— “I =—]e? —-e? [=0,037
75 37[£ RY/4 g 3z
2 2
1(x2+x)e" 4 b 7 _ b
Cho [*———dr=ae+bln(c+c) véi ¢, b, ¢€ZL Tinh P=a+2b-c,
o x+e
A. P=1. B. P=-1. C. P=0. D. P=-2.
Hu’é’ngdﬁngiz’li
x+1 exe
Chon D. Taco: = j —j
o Xx+e o xe'+1

bat r=xe* +1 = dt =(1+x)e"dx. Pdicain:x=0=7=1; x=1=t=e+1.
e+l e+l

Khi d6: I = j—dt - j(l—%jdtz(t—ln|t|)e+l

1

Suyra.a—l,b——l,c=l. Vay: P=a+2b—c=-2.

=e—In(e+1).
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Cau 93.

Cau 94.

Cau 95.

Cau 96.
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X +5X+6) ae+c . ‘ h
Biét I+w=ae—b—ln véi a, b, ¢ la cac so nguyén va e la co so cua
o X+2+e™
logarit ty nhién. Tinh S =2a+b+c.
A. §=10. B. §=0. C. §=5. D. §=9.
Hu’é’ngdﬁngiéi
x’ +5x+6 +2 +3
Chon D. Tacé: [ = j— _j x+2)(x
xX+2+e” x+2 e +1

0
Déttz(x+2)ex:>dt=(x+3)edx.Dmcan.x=0:>t=2,x=l:>t=3e.
3e
=Itd’ j(l——jdt_(t ln|t+1|)re=3e -2t
o t+1 t+1 2 3
Vay a=3,b=2,c=1=5=09.
jmf +2 +ex’ 2" 1 1 (

0

- dr=—+
T+e2 m elnn

j v6i m, n, p la cac s nguyén duong. Tinh
0
téng S=m+n+p.

A. §=6. B. §=5. C.5=17. D. §=8.
Huéng din glal
1 3 x 3 Ax 1 1 x
Chon C. Taco [*= T2 e (s =l+j =—+J
0 r+el2" 0 7r+e.2" 4 v rm+el”
1 X
Tinh J = 2 dx.Pat r+e2" =t=e2"'In2dx=dt < 2"dx = ! dr .
T+e2” e.ln2

bbi can: Khi x=0 thi t=x+e;khi x=1 thi t=7+2e.

1 X +2e
J=| CHN N Ildtz Lo = 1121n(1+ f j
mre eln e+

o T+el" eln2 - ¢ eln2
1 3 x 3 Ax

do [ trrer2 11 1n[1+ © j:>m=4,n=2,p=1.Véy S=17.
0 T+e2” 4 eln2 e+

Cho tam thtrc bac hai f(x)=ax’ +bx+c, (a,b,c €R,a#0) c6 hai nghiém thyc phan biét
XX, . Tinh tich phﬁn I = Ixz (2ax + b)eax2+bx+cdx ‘

A [=x —x,. B./=3""% C. 1=0. D.]:%.
Hwéng dan giai
Chon C. Dat t=ax2+bx+c:>dt=(2ax+b)dx
= t=ax] +bx,+c=0 % .
Khi {70 7T EPTOTE o do 1= [ (2ax 4 b) e dr = [ edi =0
x=x,=>t=ax; +bx,+c=0 g 0
Vi cach doi bién u =+/1+3Inx thi tich phan — DY 4y tr thanh
P '!.x\/ 14+3Inx
2 22 2 221/[2—1
A. = (u*-1)du. B. = |(u*—1)du. u2—1 D. — du.
o w2 e cof Zje

1 1

Huéng din giai

2
-1
Chon B. u=+143Inx =4’ =1+3Inx —lnx="2 :dx 23”
X

du .
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u’ -1
¢ Inx t 3 2u 2%,
Khi 36 | ———=dx = —du=—|(u" —1)du.
'!‘x\/1+31nx '!. u 3 9‘!( )
) x+llnx+2 e+1 , . . Car o A A,
Cau 97. Biét '[ dx=a.e+bIln| — | trong d6 a, b la cac sO nguyén. Khi do ti so — la
I+xInx e b
A.%. B. 1. C. 3. D. 2.

Hwéng dan giai

ex+1 lnx+2 J-1+x1nx+1+1nx zj- J- 1+xlnx

Chon B. Ta cé: j
1 1+xlnx 1+xlnx 1 1

(I+xlnx)|; =e-

e\/1+31nx

Cau 98. Tinh tich phan /= |

1+ xlnx

(1+e):e+lne—+1. Suyra a=b=1.Vay %:1.
€

dx bang cach dit £ =+/1+3Inx, ménh dé nao dudi day sai?

X
2 5] 27 22 14
A I=27]". B. [==[edt. C.1==[rdr. D./=—.
9 I 3 34 9
Huéng din giai
(§
N1+31
ChgnB.1=j—nxdx,datt=\/1+31nx:>t2=1+31nx:>2zdt:3dx:>%dt=%.
X X X
, 2t 2 52
Poicin: x=1=t=1; x=e=r=2. = Tdt 93 %
1
1
© (3x+1)

Inb . .
Cau 99. Biét I dx=ln(a+n—j voi @, b € 13 cac sb nguyén duong va ¢ <4 Téng
c

3x* +xlnx
a+b+c bing

A. 6. B. 9. C. 7. D. 8.
Hwéng dan giai

2 3 1 2 3+*
Chon C. Tacoj x+) dx:j X_dx.Pat t=3x+Inx, dt = 3+1 dx
3x* +xInx 3x+Inx X

Doi can x—1:>t—3, x=2:t—6+ln2.

1
2 34— 6+n2

[—2dx= | & g™ < 1n(6+1n2)~1n3 = ln(2+ln—2j
1 3x+Inx s 3

=a=2,b=2,c=3.Vaytong a+b+c=7.
L
! x(Inx+2)

A.a-b=1. B. 2a+b=1. C.a’+b'=4. D.a+2b=0.
Hwéng dan giai

Cau 100. Biét 7= | dr=aln ; +b, (a,b e Q). Ménh d¢ nao sau day ding?

1 .
ChonD. DPitr=Inx+2,suyra dt=—dx. Doicin: x=1=r=2, x=e=1r=3

X
. 3l—2 3 2 3
Khi do, Iijdt :(t—21nt)|2 =1+2h1§ :1—21115. Vay a=-2;b=1,nén a+2b=0.
2
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. lnx(2 ln2x+1+1)
Cau 101. Tich phan 7= |

dx co giatrila:
1 X
4243 442 +1 42 +5 42-3

A I= . B. = C.I= . D. 1=
3 - 3 3 3

Hwéng dan giai

elnx(2 1n2x+1+1) . ey
Chon B. Ta cé: Izj dx:jde+j&dx.
1 X 1 X 1 X
e 2
Xét11=j2h”— I e Pati=In®x 412 dr =20 gy
1 X X
7 =1=¢=1 2 ? _
Péican | .:Ilzj\ﬁdzz(%\/?j 422,
x=e=>t=2 1 3 . 3
<1 .. x=1=1=0 1
Xét[zjﬂdx. Dit 1= Inx= di =~dx. Dbicin = 1={di=1
X X x=e=>t=1 0
:>1=11+12—4\/§+1.
3
Cau 102. Tich phan 7 = [x(In’ x+Inx)dx cd gid tri la:
1
A. [ =-2e. B. I =—¢. ~Q.Ize. D. I =2e.
Hwéng dan giai
Chon C.
Ta bién ddi: 7= [x(In® x+Inx)dr=xInx(Inx+1)dsx.
1 1
. .. . |x=1=1t=0 I
bat r=xInx=dt=(Inx+1)dx. Doi can .:Izjdtze.
xX=e>t=e 0
1\/1n3x+3x(ln2x+;xj 5
Céu 103. Biét 7= dx=§(\/l+ae+27e2 1276 —3\5), a 13 chc sb hitu ti.
X

0
Gia tri cua a la:
A.9. B.-6. C.-9. D. 6.
Hudng dan giai

Chon A

e\/1n3x+3x(ln2x+3xj 5
Biét 7= dx = 5(\/1 tae+27 +27¢ -3\3 ) . Gié tri cua a 1a:

X
1
VIn® x+3x 1n2x+lx
r 3 1“\/1n3x+3x(31n2x+x)
Ta co: sz dszJ‘ dx
X

1 X 1

bat t=1n3x+3x:>dt=iln2x+1 Ddi can

X

x=1=¢t=3
x=e=>t=1+3e

1+3e

=/= ! ﬁdtz%(\/t—g’)

1+3e 2

:5(1/(1+3e)3 —3\/§)=§(\/1+9e+27ez +27¢6° —3\/§):>a=9

3

H 141



Cau 104.

Cau 105.

Cau 106.

Cau 107.

Cau 108.
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e [ 2
Tich phan I = jde c6 gai tri la:
X
1
A-I=4\/§_2. B, =22 =222 p. 1= 22+2
3 3 ) 3 3
Hwéng dan giai
Ta nhan thay: (ln2x+1)'=2lnx.Tadfmg d6i bién sb6. Dat t=1n2x+1:>dt=21nxdx.
x x
7 —1=1=1 2 3\ -
Péican | WEINZE 2, oH2-2 Chon A
x=e=>t=2 1 3 ) 3
l Inx .
Tinh I = I—)dx dugc két qua la
A B. L. c. p. 2.
3 3 3 3
Hwéng dan giai
Chon B. Déttzlnx@dt=ldx.V(')ix=e:>t=1;x:ezz>t=2
X
ez(l—lnx)z 2 ) 1 21 1
I=|—dc=|(1-t) dt=—=(1-t)| ==—0=—
[ = [ =500 =5-0=3
Cho tich phan [ = J'—“l+3lnxdx , dat t=+14+3Inx. Khing dinh nao sau day ding?
1 X
2 27 27 2¢
1==rd. B. /== [udt. C. I1==[rd. D. /==t
31 31 31 31
Huéng din giai
Chgn C
. 27
DétZZ\/1+31nx:%tdrzldx.ﬂf)lcanx=e:>t=2;x=l:>t=l.DOdO Izgj‘tzdt
X
Biét J' “3+lnxdx= a_;)\/g,trong d6 @, b ¢ 1a cac s6 nguyén duong va ¢ <4 Tinh gi4
X
1
trj S=a+b+c,
A. §=13. B. §=28. C. §=25. D. S=16.
Hwéng dan giai
Chon C
Détt=\/3+1nx:>2tdt=% Déi:Véix=1:>t=\/§;x=e:>t=2.
x
3+lnx ; 16-643
== f 2J.tdt—3 |4§ —

:>a=16 b=6,c=3=>S=a+b+c=25.

Cho I = 4dx ¢6 két qua dang I =Ina+b véi a>0, beR. Khang dinh nao sau
| X lnx+2)

day dung?

A. 2ab=—1. B. 2ab—1. C.—b+ln>e—2. D _prmo=L.
a 3 2a 3

Huéng din giai
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Cau 110.

Cau 111.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

Chon A. Pat Inx+2=t<Inx=¢r-2 :>ldx=dt.
X

Doi can: khi x=1 thi 7=2;khi x=¢ thi r=3.

3
3 3 3 a=—
t—2 1 2
Khid()Izj—zdt=j(———2jdt:(ln|t|+gj w2t 2 vay 2ap=-1
)t N\t ¢ t), 3 1
b=—
3
x+1 , - . A A ; 2 2
Bi tI dx=In(Ina+b) véi a, b 1a céc s6 nguyén duong. Tinh P=a>+b’ +ab.
x> +xlnx
AL 10, B. 8. C.12. D. 6.
Huéng din giai
Chon B
2
1
Tacc')j X+ _J‘ x+1
1x +xInx x+lnx
Détt=x+lnx:dt:( jdx—x—ﬂdx Khi x=1=t=1; x=2=t=2+In2.
x x

2+In2
Khido 7= | = nj
t

1

(1n2+2) Suy ra {b—Z' Vay P=8.

2+1n2

@ (x2 +1)lnx+1dx= ae* + be’

Cho tich phan [ = j +c+dIn2. Chon phat biéu diing nhit:

xInx
A.a=b=c=d E.azbzzx/zzé C. A va B dung D. A va B sai
Huéng din giai
x +l 1nx+1 &2
Chon B. Taco [= j e e T Fhr+liing
xlnx xInx

—I (x+1+ ! jdx=r (erljder o1 dx
x xlnx e X e xIlnx

62

2 2
Xét M:r (x+ljdx=(%+ln|x|] _
¢ X

2
e —e
2

+1

Xét N = dx,déttzlnx,suyradtzldx.
¢ xlnx X

Déicénx e=>t=1vax=e’=t=2 taduoc

N = I ln||‘ =In2-Inl=mn2.

Vayl— +l+ln2 Dodbé a=-b=c=d=1.

25 In(1+27)
Tinh tich phan / = I ——
0 (1+2 x)log4e
A I=In(1+2"")-In2. B. [=In(1+2"")-In’2.
C. [=In*(1+2"")-In4. D. /=In’(1+27")-In’2.
Huéng din giai
Chon B
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Cau 113.

Cau 114.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

’ 2018 ln(1+2x) 2018 L 2'In2 2018 ) )
Tacod I = ! mdhz! In(1+2 )dezzl In(1+2 )d[ln(1+2 )]

Do d6 I=ln2(1+2x)

2018
0

=1In’ (1+22°”‘)—1n2 2.

N o f(Inx) NP -
Chohamso y = f (x) lién tuc trén R va thda man j—dx=e. Ménh dé nao sau day ding

1 X

?

1 1 e e
A [ f(x)de=1. B. [f(x)dx=e. C. [ f(x)de=1. D. [ f(x)dx=e.

0 0 0 0

Hwéng dan giai
Chon B. DBit r =Inx = dt =ldx. Cinnx=1=t=0x=e=t=1
X

j‘@dx:j‘f(t)dtze@j‘f(x)dxze.

0
et 4
Biét J.f(lnx)ldx=4.T1’nhtichphén Izjf(x)dx.
e x 1

A. I=8. B. /=16. C.I1=2. D.71=4.
Hwéng dan giai

Chon D. Pat r=Inx :>dt=ldx.

X ‘ (& e4
t |1 4
]f(lnx)ldx=if(t)dt =jf(x)dx. Suy ra I=jf(x)dx=4.

e X 1 1 1

PHUONG PHAP TiCH PHAN POI BIEN SO DANG 2
Cho ham s # lién tuc va c6 dao ham trén doan [a;b]. Gia st ham s6 x = ¢(t) c6 dao ham va
lién tyc trén doan [; 8] sao cho g(a)=a,p(B)=b Vi a < @(t)<b véimoi ¢ e[a; B). Khi dé:
b B
[ £ @)= f (o)) @)at.

Mot s6 phwong phap ddi bién: Néu biéu thirc dudi dau tich phan c¢6 dang

1.vJa? —x* : dit x=a|sing; ze[—f;f} 2.x% - dat x:ﬂt; ze[—f-f}\m}
Sin

272 272
3.\/x2+a2 . x:|a|tant; tE[—Z,zj 4, a+xh05.c a-x dét X =a.cos2t
22 Va—x \/a+x
Luwu y: Chi nén st dung phép dit nay khi cac d4u hiéu 1, 2, 3 di v6i x mii chan. Vi du, dé tinh

s 3
X dx thi phai doi bién dang 2 con voi tich phan 7= Iﬁ xdv

Vxt+1 0 Vxt+1

thi nén d6i1

NE)
tich phan 7= I
0
bién dang 1.
2
Khi tinh 7 = [4—xdx, bang phép dt x = 2sin, thi dugc
0

A.

2(1+cos2¢)dr . B.

2 2
2(1-cos2t)dr.  C. I4cos2 tdr D. I2cos2 tdr .
0 0
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Hwéng dan giai
Chon A. Dit x=2sint = dx=2coszdt

2. A T
Po6icin: x=0=¢=0; xzzj[:E

: :
Khido I = J\/4 —4sin* t.2costdt = j4cos2 tdt.
0 0

1
Cau 115. Biét rang j\/4—x2 :2%+a .Khi d6 a bang:

-1

A V2. B. 1. C. 3. D. 2.
Huéng din giai

Chon C. Dbiat x=2sint=dx=2costds. Khido:

T T

: f o 6 ‘
J‘ ,4—x2dx=I4COSt|COSt|dt= I4cosztdt= I(2+2cos2t)dt=(2t+sin2t)‘_6,,=2?ﬁ+\/§.
| oz = ¢ 6

6 6 6

1
2
Cau 116. Cho tich phéan 7 =I ! - dx = ar ,a va b 1a céc s6 hitu ti. Gia tri cia a 1a:
0 1-x
AL B. L. c.l D. 1.
2 3 4 6
Hwéng dan giai
. x=0=¢t=0
Chon D. Pit x =sint,t €| —=;= | = dx =costdt . Ddi can 1 -
2 6
§
P S
0 6 6

3
Cau 117. Gi4 tri cia j V9—x*dx =%7r trong 46 a, beZ va % 1a phan sb t6i gian. Tinh gia tri cta
0

biéu thitc T=ab.

A. T=35. B. T =24. C.T=12. D. T=36.
Huéng din giai

Chon D. Pit x =3sint < dx =3costds. Doi can: x=0—>t=0;x=3—>t=%.

T

2 2 2
N —(3sint) _ 24, ‘1+cos2t 22 V3 _94-36
.([49 (3sint)".3costds 2|).9cos tdt ‘([9 — dt 47z Vay T =9.4=36
r o dx
Cau 118. D6i bién x =2sin¢ thi tich phan j tr& thanh
0 4—x2
: : - :
A. jtdt. B. jtdt. C. j—. D. [dt
0 0 0 t 0

Hwéng dan giai
x=0=¢t=0

Chon D. Pit x =2sin¢, khi d6 dx =2cosdz. Ddi cin e
x=1=t¢ :g
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Cau 120.

Cau 121.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

[N

¢ dx % 2cost & 2cost %2cost
1= = dr =

‘([\/4—x2 '([\/4—4sin2t '([\/4coszt '([
a+\/z 1

II
o'—.mm

2cost

Biétran — dv=" trong d6 a, b lacacsdnguyén duong va 4 <a++/b <5
| et sen dione .
. Tong a+b biang
A. 5. B. 7. C. 4. D. 6.
Hwéng dan giai

a+\/; a+\/17
Chon D. Taco J- ;dx: J. ;dx.

4 ’\/—X2+6X—5 4 4—(x—3)2

biat x—3=2sin¢, te(—% %) dx =2costdz.

Déicénx=4:>t=%,x:a+\/3:>t:arcsina+T\/Z_3:m.
J' 2cost d=[de=tfi =m-=.
N4 - 4smt z 6 6
6 6
Theo d¢é ta c6 m—zzz(:)arcsina-'_—\/g_3:E a+\/_ 3 \/_c> +\/_ \/§+3
6 6 2 3 2
Dod6 a=3,b=3,a+b=6.
3
Tich phan / = j JE=1)(3=x)dx co gid tri la:
A l= f—ﬁ B - V3 c1-7 ¥ D17 V3
6 4 3 8 - 6 8 3 8

Hwéng dan giai

3 3 3

Chon C. Tacé: 1= /(x=1)(3-x)dr=[V-3—x"+2xdx = [|1-(x—2) dx
5 5 5
2 2 2

X=—=1=
}: dx =costdt. D6ican

bat x—2=sint,te{—

lei
l\)|§]

\J1—sin’t.costdt = | cos® tdt =

== Ma’tzl x+lsin2t
2 2 2

N = [N
N —o [y
o [N o |

1
3+4x
Tich phan [ = | ————=—==dx co6 gia tri la:
‘!\/3+2x—x2
A.]:%—4\/§+8. B.1=7—”—4J§—8.
Ik
Q.I=?+4\/§—8. D. I——+4\/§+8

Huéng din giai
Chon C. Tac6: (3+3x—x")'=3-2x va 3+4x=9-2(3-2x)
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3+4x 7 22 2x ! 2 2x)
== dx = = dx dx .
J.\/3+2x X '[\/3+2x x° J.\/3+2)c X J‘\/3+2x X
Xét [ = | ——drx=| —=dx
1 £V3+2x—x2 £J4—(x—02
bat x—1=2sint,te[—%;%}:dx=2costdt. Poi can ¥=0=1=—¢
x=1=1t=0
j)- 14cost t_7_7z
T 4s1n t 6
6
, 2(2-2x)
Xét [, = | ——==dx
’ ’!.\/3+2x—x2
. ) .. . |x=0=>1=3
bat t=3+2x—x :>dt:(2—2x)dx. Poi can {oped’
X=1=f=
4 5 0
:>12=j—dt=4(t2] =4(2-43).
3 t 3
T
1:11—12=?+4\/§—8.
!
2 f—
Tich phan /= | %dx o6 gi tr Ia:
-1 +4x—Xx
A 1= B. 7=, c.r--2. p. -7,
3 6 3 6

Huéng din giai
Chon A. Cich I: Tacd:(5+4x—x")'=4-2x va 4x—3=5-2(4-2x).

7 7 7
2 = P 2 2(4-2
]=I dx—3 dxz_[ > dx—J. ( x) dx
TS +dx—x° TS +4x—x° NS +dx—x
2 2 2
7 7
2 2
Xét [ I\/ > zdxzj > 2dx
1 VS5 +4x—x 1./9—(x=2
i 1y9-(x-2)
s
- x:—it:g
bat x—2=3sint,te[—5 E}:dx 3costdt. DOi cin .
x=—:>t:—z
2 6
= J6‘ 5.3cost 57z
“rV9-9sin’ t
6
Xét [, =

N\.—'—,N\\l
\—/
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27
XZE:ZL:T
Pit t=5+4x—-x*=dt=4-2x. Dobican 27:>12:0.
X=—=t=—
4
:>I=5—”.
3

Cich 2: Ding méy tinh cam tay.
1

E Y r
Cau 123. Cho 1=I\/1—2X\/1—x2 dc=an+b v6i a,beR . Gidtri a+b gan nhat voi
0

AL B. 1 c. L D. 2
10 =5

Hwéng dan giai
Pép 4n C. Dit x=sint,r e {—%ﬂ .1 duogc vidt lai 1

i 6
VJ1-2sintcost.costdt = J.\/(cost —sint)2 .cos tdt :I (cost—sint)costdt
0 0

s

6 —lg 16
. 2 _ - . =
& —J. sinzcostdt + I cos” tdt = 2 J.sm 2td (2t) + 2 _([(cos 2t+1)d(2¢)

0 0 0

[ =

ot—a |y

s s

N

B cos2t|%+sin2t+2t|% :£+\/§—1.

1= Suyra =+

4, 4 |, 12 8 12
Nhén xét: Hai bai toan trén chinh la cach huong c6 thé ra dé dé tranh tinh trang sir dung
may tinh Casio. Thi sinh hiéu ban chat va cach lam thuc sy sé khong gap kho khan nhiéu khi
gidi quyét cdc bai toan nay.

~0,175.

NEIS|
8

1
Cau 124. Tich phan 7 = | L v c6 gid i la:
o X +1
A 1=Z. B. /=", ci1== pD.7==.
2 3 4 6
Huéng din giai
. { x=0=t=0 % ”
Chon C. Détx=tant,te(——;—j:>dx= ——dt . Cén T 3I=jdt=t|1=£
2°2 cos’ t x=1=t=— ° o 4

1
Chu 125. Cho ham s6 f'(x) lién tyc trén R théa min f(tanx)=cos’x, VxeR. Tinh [ = If(x)dx
0

T+2 2+

A. . B. 1. C. p. Z.

8 4 4

Hwéng dan giai
Chon A. Ddt t =tanx . Co > =l+tan’ x =1+¢ :cos4x=;2:f(t)= ! 5
cos” x (1+t2) (1+12)
1 1
1

I=]/(x)dx=[——5dr.

0 o(1+x)
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bat x:tanu,(%<x<§j:>dx=(1+tan2u)du;déi can: x=0=>u=0; x=1:>u=%.

z
4 24

{1+ tan’ o 1 F o1
I:J. = uzdu:... T2 d”:jcoszuduz(—qu—stuj
o(l+tan2u) 0(1) cos’ u 0 "y

cos’ u

CAu 126. Cho ham sb f lién tuc trén doan [—6;5] , ¢o do thi g6m hai doan théng va ntra duong tron

0

5
nhu hinh v&. Tinh gid tri 7 = J[f(X)+2]dx. ----------
-6

A. I=27+35. B. I =27+34.
C. [=27+33. D. [=27+32, e )
Hwéng dan giai

nl------
=

Chon D. Ta co
%x+2 khi —6<x<-2

f(x)z 1++4—x" khi —2<x<2

zx—l khi2<x<5
3 3

5

I= j[f(x)+2]dx=i6f(x)dx+2idx =j:(%ﬁzjdﬁi(u\/ﬁ)dﬁi@x—éjdﬁzz

-6 2
1 N 1
:(—x2+2x) +J+£—x2—£)
4 . 373

2
T T
Tinh J=I(1+\/4—x2)dx. bat x =2sint = dx =2costdr. x=2 thi t:_E; x =2 thi l‘ZE.
)

5

+22=J+28.

2

(I+cos2t)dt =4+27. Vay [ =32+2x.

2 3
J= j(1+\/4—x2)dx=4+4j cos2tdt = 4+2

,2 _E

2

o N.—'N‘N

1
Cau 127. Khi déi bién x=+/3 tant, tich phan 7 = j ——— tré thanh tich phan nao?
X
0

~ | —
o
~

[oN

~
O'—oc\\-\!

Q

N

o

~

Il
O ey [N

Hwéng dan giai

Chon B. Dit x=\/§tant:>dx=\/§(1+tan21)dt.Khi x=0 thi #=0; Khi x=1 thi z:%.

1+tan t)
2

6
Taco I'= J‘x +3 -([ 1+tan t)
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TiCH PHAN TUNG PHAN
Vi P(x) 1a da thirc cta x, ta thuong gép cac dang sau:
b b b b
[P(x).€*dx | [P(x).cosxdx | [P(x).sinxax | [P(x)Jnxax
a a a a
u Px) Px) Px) Inx
dv e dx cos xax sin xdx P(x)
DANG 1
3
Tich phan 7 = [ xsinaxdy, a =0 c6 gid tri la:
z
o oFEOTNE L Ae3e3E L me6e33 L me3e33
- 6a 6a 6a 6a
Huéng din giai
. du = dx
Chon A. bit ! )
dv = sin axdx V=——CO0SX
a
-1 R -1 Y1 r+6-33
:>I=(—xcosxj +—J.cosxdx=(—xcost +(—smxj =u,
a T as a = \a ks 6a
3 3 3
4 ,
Biét J(l +x)cos 2xdx = l+% (a, b 1a cac so0 nguyén khac 0). Tinh gia tri ab.
0 a
A. ab=32. B. ab=2. C.ab=4. D. ab=12.
Hwéng dan giai
: - :
Chon A. J.(l+x)cos2xdx:((l+x) Sn2x | cos2xj Ll 1z = a=4,b=8= ab=32
0 4 s, 4 8 a b

T 2 .
Tinh tich phén =[x’ cos 2xdx bng céch dat {” - . Ménh d nao duéi day dung?

dv = cos2xdx
e o 1, . t oAl
O—J.xsm2xdx. B. ] =—x"sin2x 0—2jxsm2xdx.
2

0 0

0

1>

Ll =lx2 sin 2x
2

C.1I =%x2 sin2x‘g+2‘|‘xsin2xdx. D. Izéx2 sin2x‘g+jxsin2xdx.
0 0
Huéng din giai
du =2xdx

2
Chon A. Tacé: {u -

= , .
dv = cos 2xdx VZEsm 2x

Khi do: Izsz cos 2xdx =%x2 sin2x"(§ —jxsiandx.
0 0

1

2
Biét 1 = [ xcos 2xdx = a3 +b|'sin 2xdx, a va b 1a cic s6 hitu ti. Gid trf cua % Ta:

AN o [N

6
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AL B. L. c. L. p. - L.
12 24 3 12 24
Hwéng dan giai
Chon A. Ta co:
T T V4 1
2 B B 2 a=—-—
I=J.xcos2xdx=[lxsin2xj —lj.siandx:—”—\/g—l sin 2xdx = 24:>£=i
. 2 29 24 . b 1 b 12
6 6 6 Y

1
Biét riang Ixcostdx=%(asin2+bc052+c) VOl a,b,c e Z . Ménh dé ndo sau déy la ding?
0

A. 2a+b+c=-1. B. a+2b+c=0. C.a-b+c=0. D.a+b+c=1.
Hwéng dan giai
du =dx
ChenC. Pjt{" N
T T | dv = cos 2xdx v=sm2 il
1 xsin2x 1 1
Khi d6 fxcos2xdx= 5 lo —E_[sin2xdx=Z(Zsin2+cos2—1). Véay a—b+c=0.
0 0
Tinh nguyén hém[:I(x—2)51n3xdx=—M+bsin3x+c. Tinh M =a+27b.
a
Chon dap an ding:
A.6 B. 14 C.34 D. 22
Huéng din giai
Chon A.

pat 14T 2 ta d e Do dé
a , ta duoc: . Do dé:
" |dv=sin3xdx p=— coz3x

-2 -2
1:—(X)+S3x+%jcos3xdx:—m+ésin3x+c:>a=3;b:é:>m:6

V4

. . 2 )
Biet M 1a s6 thuc théa man Ix(cos x+2m)dx =271+ %—1 . Ménh dé nao sau dudi day dung
0

?

A. m<0. B. 0<m<3. C.3<m<6. D. m>6.
Huéng din giai

Chon D.

T

3 :
x(cosx+2m)dx:jx.cosxdx+I2mxdx =I+J
0 0

O o |y
S IR

+) I =|x.cosxdx
_|u=x du =dx . I A Ll LA
bat = . Khido I = x.sinx|? —Is1nxdx:x.sinx 2 ycosx|?2 ==—-1
dv=cosxdx |v=sinx o9 0 o 2
: . : L
+) J=|2mxdx =mx*|>? =—m., Suyra | x(cosx+2m)dx="—m+=—-1
! . 4 Y l ( e =Zmm+ 2

o T o7 , T
Theo gia thiét ta co Tm+5—1:2ﬂ' +3—1 —m=8.
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V2

Cau8. Tinhtich phan [x(x+sinx)dx=az’ +br . Tinh tich ab:

0

A.3 B. L C.6 p. 2
3 3

Hwéng dan giai

b3 V3 p3 T 3 T P b3
Chon B. 7= [xdx+ [xsinxdx = [ x2dx — [ xd (cosx)=—| —(xcosx)| + [cosxdx
J e [sinade= [ e[ (cosx) = ~(reos)f «
7’ .71
="—+r+sinx| == +nx
Cau9. Tich phan J.(3x+2)coszxdx bang
0
A.zﬂ'z—ﬂ'. §.§ﬂ2+7z'. C.lﬂ2+7z'. D.lﬂ'z—ﬂ'.
4 4 4

Huéng din giai
Chon B. =%J.(3x+2)(1+0082x)dx = %[I(3x+ 2)dx+v|‘(3x+2)cos2xdx} = %(11 +1,)
0 0 0

T

=37r2+27z-
2

T 3
I =.([(3x+2)dx= (Exz +2x]

0

u=3x+2 du=3dx

I, = [(3x+2)cos 2xdx. Dung tich phan timg phan. Dit = :
? -([( X+ 2)cos 2x s P P ’ {dv=0052xdx v=%sin2x

V4

V.4

Khido 7, = %(3)( +2)sin 2x

_%Isin 2xdx = O+%(cos2x)
0

0 0

1
Vay [ =— i7r2+2ﬂ :2722+7z_
2\2 4

N‘N

m
T—=2
x.cosmxdx = ——

. Hoi s6 ™ thudc khoang nao trong

S

Cau 10. Cho s6 hiru ty dwong  théa man
cac khoang dudi day ?

NERTN G C

Huéng din giai

. du =dx
Chon D. bat { = 1 .
dv = cos mxdx v =—sinmx
m
o 1w T 1 o (7-2) 1
Suy ra jx.cosmxdx:isinmxz —ljsinmxde > +—.cosmx :(_j_z
o m o m 2m° m 0 2 )Jm
PRIy . =2 1 =2 . N A l~ o A =1
Theo gia thiét ta co = .—2:T<:>m=i1_ Vi M 1a s6 hitu ty duong nén M =1,
m
2x*+x khi x>0 1
S :{ inx khi x<0 =]/ (x)ds
Cau 11. Cho ham s X8 x ' *=%Y Tichtich phan =
A.[:Z+ﬂ. B.1:£+;z. C.1:_l+37z. D.1:£+2;;.
6 3 3 5
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Cau 12.

Cau 13.

I =

Cau 14.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

Hwéng dan giai ,
Chon A. Tacd: lim f(x)=lim f(x)= f(0)=0 nén ham so lién tyc tai x =0. Do d6 ham
x—0" x—0"

s6 lién tuc trén doan [—7[;1] .
1 0 1 0 1

Taco: [= [ f(x)dx= [ f(x)dc+]f(x)de= [ xsinxde+ (20" +x)de=1+1,.
g r 0 - 0

0
= I x.sin xdx
-
0

Dit u=x - du =dx I |O j de 0 ) o
4 =\~ + =(—- — .
A9 sindr — Jyve —cosx D (—xcosx)| + | cosxdr =(-xcosx) +sinx]’ =z

-

o/, =.i‘(2x2 +x)dx =(2—XS+X—2]
0

=—. Vay I=Il+12:%+72'-

Tinh jx(l +cosx)dr. Két qud 1a
0
2

2 2 2
T

A ——2. B.”—+3. C.”——3. D.ﬂ—+2.
- 2 3 3 2

Huéng din giai

y=x+sinx

Chon A. Dat =
{dv =(1+cosx)dv

i 2 2
S [ECERE ) A
. 2 2

Tinh tich phan I —dx ar +b . Phan nguyén cia tong a+b 1a?
cos’ x

A.0 B.-1 C.1 D. -2
Huéng din giai

T 2
Khi d():]zx(x+sinx)|z —J.(x+sinx)dx = —(%—cosxj
0

ﬂ'

Chon B.
u=x du =dx
bat dx = sin x
dv=— y=tanx =
cos” x coS X
Ap dung cong thirc tich phan timg phan ta co:

xtanx

= T 5 7 r
3 — ¢td(cosx z z
Ismxdx (xtanx)|3 +J.—( ) & [ =(xtanx)|3 +In(cosx)|3 =2 —n2
) 0 cos x 0

0 0 \/§

o w|§

COoS x

Suyra GZ%;bZ—IHZ_ Té)ng a+b=L—lr12z—O,1157969114

V3
Nhan xét: Bai todn trén doi héi kha néing bién doi ciia thi sinh va nhdc lai kién thire vé khai
niém phan nguyén, sé€ co thi sinh khi di thi da tim ra két qud phan tich nhung lung tung trong
viéc lwa chon dap an vi khong nho vé khai niém phan nguyén.

Cho J = [ xtan xdx_——ln\/z—— khi d6 tong a + b bang

a

O'—.&\k

A. 4 B. 8 C. 10
Hwéng dan giai

I
(@)

Chon D.
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Cos™ x V= > v=tanx
cos” x
-
I, =xtanx|} — Itanxdx——+1n|c05x|‘ =£—ln\/§ Véylzz—ln\/_——
o 4 4 4 32
T
Cau 15. Tich phan 7 = J' dx c6 gid tri la:
01+cosx
A. I:Ztanz—Zln cosz . B. Izztan£+21n cosz .
4 8 8 - 4 8 8
C. I1="tanZ —21n| cosZ ) D. =" tanZ 1 21n| cosZ )
4 4 8 4 4 8
Hwéng dan giai
Chon B
% | % u=x du =dx
=] al dx=—1| Y v, Pbat x> X
o L+cosx 0 cnc2 X dv =cos” —dx v=2tan—
cos 2 2
g G sin>
" 4 4 -
3I=l 2xtan— —2J.tan—dx =l £tanz—ZJ.—zabc
2 . 0 212 8
cos
~TtanZ 14 J. lclzzztaanrzln cos =
2 8 4 8 8
i ,
Cau 16. Tich phan j dx=ar+bIn2, v6i 4 b 1a cac sé thuc. Tinh 16a—-8b
1+cos2x
A. 4. B. 5. C. 2. D. 3.
Hwéng dan giai
Chon A.
U=x du =dx
bat dx = 1 .Taco
dv=——— y=—tanx
1+cos2x 2
s . z
I:lxtanx Z—lfjtanxdx=£+lln|cosx| 4 :£+llnL=£—lln2:>a=l,b=—l
2 2% 8 2 o 8 2 2 8 4 8 4

Do do, 16a—8b:4.

Cau 17. Tich phén 7 = IZ 5 —sinx dx co giatrila:
cosx
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Cau 18.

Tuyén chon va gi6i thieu: Nguyén Qudc Hoan

N 27[3\/5

+41n\/5+1n2j. B./

272'\/_
3

1
C.l=—|-7+

+4In2 - ln2j

0913 661 886

:l(—n 2B o J2- mzj.
2 3

1{
=—|-m+
2

27[3\/5 +21n\/§+1n2}

Huéng din giai

Chon C.

£ 2x—sinx

. 2 X
Ta bién déi: 1=

2—-2cosx 1—cosx

|
N | =
N —o [y
;—A

%
|
!

<
Il
= u

Z.
=
=

1
11 1 1 27r\/—
=1, =—[-dt==(In|f)| ==In2 I=1-1,=—| - 3 4lny2—In2
2 2'!-l 2( ||)‘ 1 2 2{ 3 J
2 1
2
E(x3+2x)cosx+xcoszx
Tich phan / J- dx c6 gia tri la:
) cos X
6
5z 2727 7w N3 5z 277 7 A3
(=2 BN p =% 2% ® N3
- 324 9 4 2 324 9 4 2
58 277 & 3 570 2 LT, 3
C. [=_ —_— =—+ J— __
324 9 4 2 324 2
Huéng din giai
Chon A
Ta co:
E(x3+2x)cosx—|-xcoszx 2, 2 1, 3 2
I:J. dxzj(x +2x)dx+jxcosxdx= —x"+x +J.xcosxdx,
6 6 6 6 %
% U=x du =dx z % T 3
Xeét I, = Ixcosxdx Pit =1, =(xsinx)[2 - Ismxdx-— =
d dv = cos xdx v=sinx - 4 2
6 6
% 4 2
:1:(1x4+x2j 11:5L+2ﬂ +Z 3_
4 . T34 9 4 2

(=)}
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a a 2
Cau 19. Cho 0<x<% va jxtanxdx =m Tinh 1:-"( X ) dx theo dva m

o o Lcosx
A. I =atana—-2m. B.I=-d’tana+m. C.I=a’tana—2m. D.I=a’tana—m.
Hudng dan giai
Chon C.
2
u=x
< du = 2xdx a 2 . -
bat 1 = I=J( ol dezxztanx| —_[2xtanxdx=a2tana—2m.
dv= > dx v=tanx o\ Ccosx o
cos’x

Cau 20. Tinh (x +sin’ x)cos xdx . Két qué la

oy

A. +§. B.Z_2. c.x_ 2

2 3 3 3
Hwéng dan giai

SYE
o
NN
|
w N

Chon D. Tacé:

T

o'—.N‘Q
O 0 [ N

2 2
I=J.(Jc+sin2 x)cos xdx = J(xcosx+sin2 xcosx)dx =

x cos xdx + sinzxcosxdlel +1,
0 0
) _ |u=x du = dx
Tinh II:Dat = o
dv = cos xdx v =sinx

T

s

3 z
Nén ], =Ixcosxdx =(xsinx)|? -

0

T

. T o
sinxdx =—+cosx|}=—-1
2 2

oe—wln

Tinh /,: Dat u=sinx. Ta c6 du = cosxdx. Ddi can: x=0:>u=0;x=%:>u=1.

1
1
sin? xcos xdx = Juzdu = lu3

0 0

1 <a T 2
=1,= :§,Vay1:11+12:z_§.

o t—o

Céu 21. Cho tich phan Izjoﬁ Jx.siny/xdx =az* +b. Tinh A=a—b. Chon dap an dung:

A.7 B. 10 C.6 D.2
Huwdéng dan giai
Chon B. Dat u=t" =du=2dt, dv=smtdt chon v=—cost

Vay [ = 2{—# cost

g+ Zjoﬂtcostdt} Datu=t=du=dt dv = costdt chon v =sint

/a

T .\ T,
Ilzj. tsintdt = tsint —I sintdt =cost| =-2
0 0 Jo

Do d6: 7 = 2{—? cost

3—4:|:2ﬂ'2—8361:2;b:—8214:10

. ! ; .
CAu 22. Véi mdi s6 nguyén duong 7taki higu 7, = [x* (1-x”)" dx. Tinh lim ]—1
0 n
A. 1. B. 2. C. 3. D. 5.
Hwéng dan giai
Chon A. Cach 1. Ty luan:
du =dx

) _12_2” VMZX __2n+1
Xét In—.([x (1-x*)" dx. Piit {dv:x(l—xz)”dx: . (21(’1)11)) :

H 156



Cau 23.

Cau 24.

Cau 25.

Tuyén chon va gi6i thieu: Nguyén Qudc Hoan

1

0913 661 886

_ —x(l—x2 )n+1 1 ! n+l _ 1 ! n+l
i +2(n+0£(k“ﬁ) dx_z(n+U£O_x2) &
0
1 ‘ n+
:>1n+1:2(n+2),([(1_xz)(1—x2) ldx

] =—
" 2(n+2)
Cich 2. Tric nghiém:
Ta thiy 0 < (1—x2) <1 véi moi xe[O;l] , nén

L= [ (-] de= [ (1) (1= ) < [ (1- ) o
0 0 0

n+l

suy ra

n

DANG 2

Cho J.xexdx = l(a c R) . Tim a?
0
A. 0. B. 1. C. 2.
Huéng din giai
Chon B. [re'dx=1¢ (x—1)e'

0

A . 1n+1 \ I3 ’ ,
<I, nén hm[— <1. Dya vao cic dap 4n, ta chon A.

Z=(a—l)e“+1=l<:>a=l.

=1,

1
Cho I = [xe™*dx = ae’ +b (a,b 1a cdc s6 hitu ty). Khi d6 tong a+b la
0

A 0. B. L. C. 1.
4 ~
Hudng dan giai
B du =dx
ChonD. Pat1"~"  taco 1,
dv =e*dx v=—e"
2
L 1 L 1
Vay Iz.[xe“dlexe“ —ljez““dleez—le“ =l
) 27 o 29 2 4 o 2
1
a=—
Suy ra 4:>a+b=—.
1
b=—
4

Biét rang tich phan J(2x +1)e’dx =a+b.e, tich ab bang:

0

A. 1. B. 1. C. -15.
Hwéng dan giai
Chon A.
o lu=2x+1 du = 2dx
bat = .
dv=e"dx yv=e"
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Cau 26.

Cau 27.

Cau 28.

Cau 29.

Tuyén chon va giéi thiéu: Nguyén Quoc Hoan 0913 661 886

Vayj2x+1 e'dx=(2x+1)e =(2x—1)e Suyra a=Lb=1=ab=1.

Biét = j(2x+3)e”dx =ae+b, véi a,b 14 cac sb hiru ti. Ménh dé nao sau ddy la ménh dé

dang ?

A.a-b=2. B. o’ +b’ =28. C.ab=3. D.a+2b=1.
Hwéng dan giai

Chon D

e’dx =5¢—-3-2e+2=3e-1.

Izj.(2x+3)e"dx =j.(2x+3)d(e") =(2x+3)e

Vélyoa =3,b=-1 nén0a+2b =1.

Tim a sao cho I = jx. eg dx =4, chon dap an ding

A.l 0 B.0 C.4
Hudng dan giai

=
[\

a x u=2Xx dl/l = dx
Chon D. Tacé: I = xe’dx. it . = .
0 dv=e?dx v=2e2

a a

= [ =2x.? :2(a—2)ei+4

- ZI e2dx=2ae? —4.e2
0

0 0

a

Theo dé ra ta co: 1=4®2(a—2)eg+4=4®a=2

1
Cho tich phan I = f(x+1)(e" —3)dx. Két qua tich phan nay dang 7 =e—a. Dap an nio sau
0

day dung ?
A a=2 B.a=2 C.a=2 D.g=8
2 4 5 3
Hwéng dan giai
Chon A u=x+1 du = dx
on A dv =(e —3)dx: =J.(ex—3)dx=(ex—3x)
1
v Vol s . ! . 3 9
:>I:(x+1)(e —3x)‘0—j0(e —3x)dx=(x+1)(e —3x)‘0—(e _Exzj():e_E
1
Tinh tich phan 1=£(a—x)(b+e“)dx=i+ie2 . Tinh 4 :%ab(aer)
A. 27 B. 30 C.16 D. 45
Huéng din giai
U=d—x du = —dx
a’\/z(bJrez")abc3 p= byt e
2

ChonD. /=(a-x) br+ Lo o= ab—b—tarl L), l(a—l)+l L
2 2 2 4 2 4 4 4

_ .
2 4 4:> ¢ = A4=45
b=2
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j. mx+1 e'dx=e

Ciu30. Timmdé ° ?
A0 B.-I C. ;_ D. 1
Hwéng dan giai
Chon D. Taco

1 1 1 1
I(mx+1)exdx = I(mx+1)dx(e") = (mx+1)e"‘10 —mJ-e’“d(merl) = (mx+1)ex‘i) —mIe"dx
0 0

0 0

=[(mx+l)ex]1O —[me)‘]; =(m+1)e—1—me+m=e+m—l

Cau3l. Cho /= J.(Zx—l)ez"dx. Tap hop tat ca cac gia tri ciia tham sé 7 dé I <m 1a khoang (a;b)

0
.Tinh P=a-3b.
A. P=-3, B. P=-2. C. P=-4. D. P=-1.
Hwéng dan giai
I du = 2dx
Chon A. Dét{ b, = e
dv=e""dx V=

2

2m—1 2m
- ez"dx=—( m-1)e l—16:2"mzme’”—ez'“rl
2 2 2 |0

(2x—1)ezx m

I=[(26-1)edx =

O ey I

I<m<:>me2’”—e2”’+1<m<:>(m—1)(e2”’—1)<0<:>0<m<1.

Suyraa=0,b=1=a-3b=-3.

Cau 32. Biét rang tich phan j()c—)dx =qge*+b.Tinh T = 4¢* - b*
2x+1

3

A T=l. B. T=2. C.1=3 3.

D. 7=
3 2
Hu’é’ng dan giai

¢ ox+l 2x+2 1( ¢
Chon B. Taco I = e'dx = e'dx =— 2x+1.
[ et 3| a3 o

4 ex
“dx + | —dx |.
}[\/2x+1 J

. du=e'dx
u=e 1
Xét I, = . Pit de =41 ¢ de 1 (2x+1)2
1 I\/X_Jr dv= — v-j TH_I—E. T =+/2x+1
2

4
Do do I, = ex.x/2x+1‘2 —Iex.x/2x+1dx.
0

4
Khldoa_zb:__le 2_1 2.
2 2 4 4

Suyra =

12 1

Cau 33. Cho tich phan 7 = J(l +x_lj e *dx= %,J ,trong d6 4, b, C, d la cac so nguyén duong

X
0

va cac phan so % 3 1a céc phan s6 t6i gian. Tinh bc—ad .

A. 24 B. C. 12. D. 1.

o-|>—‘

Huéng din giai
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Cau 34.

Cau 35.

Cau 36.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

12 1) wel 21 12 1) ot

Chon A. Tacé:]:.[(nx——}e x,dxzje X.dx+j(x——je cdr=J+K
1 * 1 iy
12 12 12

1
2o x+% du= l—i2 e ~.dx
Tith:Ie rdx. bat Jlu=¢ * = X
1 dv =dx

12

1 12
X+—
=J=|xe ~

1 1
2 12
145

—=J+K=—g?.
12

V=X

b 1 s 1as s
—I(x—lj.ex+x.dx=12.elz —i.e12 —K:&.e12 -K
X 12 12

. a - . . 2
Theo gia thiet: / :Z.ed véi 4, b, C, d la cac sO nguyén duong va %, % la cac phan so toi

giannén =143 3 22114_25:>a=143, b=12, c=145, d =12. Vay bc—ad =24.

b 12 d
DANG 3.
2
P ae +b
Cholzjxlnxde voiad,b ,ceZ.Tinh T=a+b+c.
c
1
A. 5. B. 3. C. 4. D. 6
Hwéng dan giai
du—ldx
o |lu=lnx x
Chon D. Ta co: nén
dv = xdx x?
v="—
2
e a=1
; x’ 1§ e’ +1
1= [xinyde == Ina| ——fxdv === =1b=1. Viy T =a+b+c=6.
! ! ! c=4

1
Két qua ciia phép tinh tich phan Iln(?.x +1)dx duoc bicu dién dang a.In3+b, khi dé gia trj
0

ctia tich ¢b° bang

A. 3. B. 2. C.1. D. 3.
2 2
Huéng dén giai
2
Chon D. Pit {u—ln(Zx-i—l):> du:2x+1
dv=dx _
v=X
. 1 ) 1 2X 1 1
Taco I =[In(2x+1)dr=xIn(2x+1)| - [ dr=In3-[|1- dx
0 0 0 2x+1 0 2x+1
1
=ln3—(x—lln|2x+l|) EPRPNNY Khidd a=2:h=—1.Viy ab’ = -2
2 o 2 2 2
b
(@.beZ) pp (at3)

1
Cho [In(x+1)dr=a+Inb,
0
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Cau 37.

Cau 38.

Cau 39.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

A. 25, B. L. C. 16. p. L.
7 ) 9
Huwdéng dan giai:
1
Chon C. pgt |~ (¥+1)_ Jdu=—mdx
dv=dx _
v=x+1

1

L 1
I=.([ln(x+1)dx=(x+1)ln(x+l)|0—_([(x+1).mdx=21n2—x|g =2In2-1=-1+In4.

S a=-1,b=4=(a+3) =16.
2
Biét tich phan j(4x—1)1nxdx:a1n2+b voi 4 beZ Téng 2a+b bing
1
A. 5. B. 8. C. A(L-21) D. 13.
Hwéng dan giai
1
Chon C. Dt u=1nx:>du=;dx
dv:(4x—l)dx.
2 2
Taco [(4x—1)Inxdy=x(2x=1)Inxf - [(2x-1)dr =62~ (x* ~x) =6l2-2.
1 1

Vay 2a+b=10.

4 3 — . 4 . . <R
Biét J' 3+ lnf de=dFnb-lne i g b Cla cac s nguyén duong. Gia tri cia biéu thire
1 (x+1) 4
P=a+b+c bang?
A. 46. B. 35. C.11. D. 48.

Hwéng dan giai

3 3
Chon A. TacéjS+mxdx=—j(3+MX)d( ! j: 3+Inx

3 3 1
d(3+In
+jx (3+Inx)

 (x+1)° 1 x+1 x+1 |, 1x+l
3 3 3
:_3+1n3+3+J- 1 .ldx:3_ln3+j(l— 1 ]dx:3_ln3+ln| x|
4 2 dx+1'x 4 Ilx x4+l 4 lx+1]|,
—3_;13 ol =373 s a2 =37 s mo
343n3-4In2 3+027-Inl6 |
_2omomAng Sl ) p—27= P=46.
4 4
c=16

2
Gid stt [(2x—1)Inxdr=aln2+b,(a;beQ). Khido a+b?
1

A B. 2. C.1. D. 3
2 2
Huéng din giai
Chon D.
_ 1
Dit u=Inx . du—;dx_
dv=(2x—1)dx )
v=X —X
2 5 2 x2 2 1
Tacod !(2x—1)lnxdx=(x2—x)lnx‘l —_!-(x—l)dx =21n2—(?—xj1 =21n2—5.
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Cau 40.

Cau 41.

Cau 42.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
Khi d6 ¢ = 2:b = _%. Vay a+b:%

Tinh tich phan /= f( )lnxdx

A j_2n2+6 B, 7 Sm2+2 C.y_2n2-6 D, j_6m2-2
9 3 9 9
Hudéng dan giai
Chon B
dx
2, u=Inx duz;
Cich 1: I:j (x*-1)lnxdr g X -
! dv=(x —l)dx x°
v="——x
3
3 2 3 2 3 2
Do d6 I = ——x lnx I x__ Ulde=| 2 —x lInx| +| 22— 6In2+2
3 3 . 9 | 9
2 X O 2
Cich 2: I(xz—l)lnxdx:Ilnxd(?—xj:[?—x}nx j[3 ) (Inx)
1 1 ) 1

20 2 3 2
:zlnz_I * dx:g— r :ﬂ'
303 3o 7)o

Tich phan I = j xInxdx co gia tri la:
1

alna 1-d* adlna 1-d
A = ) B. /= —
2 4 2 4
21n 2 21n 2
c -l e p, 7=l _1-a
- 2 4 2 4
Huéng din giai
Chon C. Dat
duzldx
u=Inx X
-
{d\/:xdx x2
v="—
2
2 4 4 2 a 2 \[|¢ 21 2
=D | R[] (2] <l 1-a
2 2 2 L4 2 4

11 1

Két qua tich phan Jj(2x+ln(x+l))dx =3In3+b. Gid tri 3+b la:

A.3 B. 4 C.5 D. 7
Huéng din giai

ChonC. 1= (2v+In(x+1))ds=A4+B

Tinh A:joz2xdx:x2‘z =4

2 1 1 du=-5
Tinh B=J.( x+l)dx Xem: J* 7~ n(x+ )tachonduoc Y
0 dv = dx v x4+l

Dung cong thirc tich phan timg phan
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I2x+1

B:J-Oz(ln(x_'_l))dx:(x+1)_ln(x+1)|z_ I

dx=3In3-x|] =3In3-2

Vay: I=[ (2r+In(x+1)ldr=3n3+2

2 _(a+b)x
Cau 43. Tinh tich phan [ = I(4x+3).ln xdx=T7Ina+b. Tinh SIHT:
1
Al B. -1 C.0 D.;—
Hwéng dan giai
1
:1 [
Chon B. Bét{z n: R du=—dx i
v-(x+ )x v=2x"+3x
2 f2x7+43x ¢
I=(2x>+3x)lnx| — dx=(2.2+3.2)In2—(2.1> +3.1)In1— [ (2x +3)dx
(2 sa)imafl-[2 - 22 322 (2 w12

=14In2-0—(x’ +3x)12:141n2—0—[(22 +32)~(1"+3.1)|=14In2-(10-4) = 14In2-6

Cau 44. Cho tich phan | =

O —

[3x2 —2x+In(2x + 1)] dx . Xac dinh a biét | =blna—c voi a,b.c la

cac 6 hiru ti
2 2
A.a=3 B. a=-3 C.a=— D.a=——.
3 3
Hwéng dan giai
1 1 1
Chon A. | = [[3x* - 2x+In(2x+1) |dx = [[ 3x* = 2x |dx+ [[In(2x + 1) Jdx = I, + 1,
0 0

0

u=In(2x+1) 3

Gidi /, bang phuong phap timg ph?m{ I = 5In3—1 =a=3

dv=dx
t3+Inx 2
Caud5. Cho I = _[de =a(ln3+1)+1Inb vdi a,beR. Tinh gia tri bicu thiuc 7 =4a+2b
L (X +
A. 4 B.7 C.5 D.6

Huéng din giai
Chon A. O bai toan nay may tinh dudng nhu khong giup duoc nhicu trong viéc giai quyet
bai toan, day la bai toan sir dung phuong phép tich phan thanh phan & mac do van dung.

u=3+Inx uzﬂ

bat dx < *
V=(x+1)2 v=__1+1=L
x+1 x+1

b

b
Ap dung cong thirc tinh tich phan thanh phan I udv = uv|z - jvdu thi ta dugc

33 3 3(3+1In3
;- B+Inx)x] ., dx _ (3+Inx)x| (e D] (3+m3) 3 (In4-n2)
x+1 | x4l x+1 |, ! 4 2
3(h13+1) In2 3(ln3+1)+1n1 Va —3b ! T=4a+2b=3+1=4
= — — = — — 1. a = : = — = = =
4 4 5 dy a 4, 2:> a+ +
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Cau 47.

Cau 48.

Cau 49.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

o X Maisé

Nhan xét: Diem mau chot dé xu li nhanh bai toan nam o viéc dat v =
x+1 x+1

thi sinh chon déap dn B vi khi lam dén [ = %(ln3 +1)—In2 khong dé y dau nén suy ra luon

a= i;b =2 dan dén két qud sai.
”ln smx) NE) ,
Cho tich phan 7 = L W aln Q/Z —br. Tinh 4=log ;a+log ;b
A. -3 B.2 C. -1 D. 1
Hwéng dan giai
< COSX
Chon C. Dit u =In(sinx)= du=——dx dv=——— chon v=tanx
sinx COs” X
5ln(sinx) =3
Vay [ = | ———=dx=|tanx.Inx(sinx) |3 — | dx
! cos” x [ ( )Jg ;[
6 6
=ave+b v6i a,be Z . Tinh P=ab.
i [
A. P=4. B. P=-8. C. P=-4. D. P=8.
Huéng din giai
u=Inx dx
< du =—
Chon B. Dat = dx = X
he Jx dv=2x
e e a=-2
Suy ra I\/_dx 2\F1nx‘ 2J\/"2\/;1“L —4\/}‘1 :—2\E+4:>{b:4

Vay P=ab=-8.
2

Biét [2xIn(x+1)dr=a.lnb, voi & HEN, b 1asé nguyén 16. Tinh 6a+7b.
0

A. 33, B. 25. C. 4. D. 39.
Hwéng dan giai
u=1n(x+l) duzde
=

x+1
dv = 2xdx 2
v=x"-1

2
Chon D. Xét /= [2xIn(x+1)dx = 6 . D4t {
0

2

2
Tacd [ = ( x 1dx 3In3- (?—x] =3In3.

0

Vay a=3,b=3 = 6a+7b=39.
1 1 a*In2-bcn3+c . :

Chojx[ln(x+2)+ }dx: véi @ b CeN Tiph T=a+b+c,
0

0

x+2 4
A.T=13. B.T=15. C.T=17. D. T=11.
Hwéng dan giai
Chon A.
_ du = !

u=In(x+2) )
bat = .

dv = xdx b 24
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Cau 50.

Cau 51.

Cau 52.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

! X —4 : fx=2 0 ox
fx[ln(x+2)+ }dxz In(x+2) —j—dX+ —dx
o x+2 2 0 0 2 o X+2
:_—3ln3+2ln2—l x—2—2x 1+(x—21n(x+2))‘1 —_—31n3+2ln2+3+1—2(ln3—ln2)
2 20 2 . ) 4
a=4
:_14ln3+4161n2+7.8uyra: h=2.
c=17

Vay T=a+b+c=13.
3

Biét jln(x3—3x+2)dx=a1n5+b1n2+c,véi a,b,ce?.Tinh S=ab+c
2

A. §=60. B. §=-23. C.S=12. D. S=-2.
Huéng din giai
3 3
Chon B. Taco J.ln(x3—3x+2)dx=x.ln(x3—3x+2)‘z—jxdln(x3—3x+2)
2

2

x—l)z(x+2)

=31n20—41n2—f%

2_
:31n20—41n2—j. x(3x 3)
2 (
3

3(x—1)(x+2)+6
(x—l)(x+2)

de:31n5+21n2—3—21n|x—1||z +2In]x+2|]

3
dx=31n5+21n2—f
2

3
:31n5+21n2—(3x)|3—2j(L— :
2oo\x—-1 x+2
=5In5-4In2-3. Suyra a=5b=-4;c=-3.Dodd S=ab+c=-23.
1
Cho biét tich phan I=j(x+2)1n(x+1)dx=aln2+_77 trong d6 4, b 1a cac sb6 nguyén
0
dwong. Tim ménh dé dung trong cac ménh dé sau:
A.a=bh. B. a<bh. C.a>b. D. a=b+3.
Huéng din giai

u=1n(x+1) _x-l—l
dv=(x+2)dx v_xz

I={[Z—2+2x}n(x+l)1

2
2L 3 3in(x1)
2| 2

Chon A. Dat {

1 2 1
—ljx A =§1n2—% (x+3—i]dx

=41n2+_4—7. Suyra a=4,b=4. Vay a=>.

2
0

[= Xy :%mz—l

Cho H(x+1)  vei a b M 13 cac 6 nguyén duong va 1a phan sé tdi gian.
g - a+b
Tinh gia tri cta biéu thic ¢
A.S:%, E. S:g C. S:l D- S:l
3 6 2 3

Huéng din giai
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1+ x

x+Inx=u ——dx=du
1 = 7
dx=dv B
(x+1) 7V
Chon B. Dit x+1 . Khi d6
2 2
x+Inx 1 I+x 1 2
1= dx=— x+hy) +[— . —dx__ 1 .t
1(x+1)2 x+1( )‘1 T 3(2+1n2)+2+J1.xdx
=—l(2+ln2)+l+1n|x||2=gln2—l
3 2 ) 6
S_a+b_§
viy a=2b=3%c=6""" ¢ °
b
Cau53. Cho a>b>-1.Tichphan J = j In(x+1)dx bang biéu thirc nao sau day?
A T=(x+)In(x+1) —a+b. B.7=(x+1)In(x+1)] ~b+a.
[ r
C.I= . D. 7 =xIn(x+1) +[——dx.
(x+1)a @ Jx+l
Hwéng dan giai
1
Chon B. Pit {”_ln(x”): du="d
dv =dx v=x+1
b b b b b
Do d6 1= [In(x+1)dr = (x+1)In(x+1)[ = [dx=(x+1)In(x+1) -
=(x+1)In(x+1) ~b+a
Cau 54. Biét ]'( 1 _Ljdx:w, trong do a b, € 1a cac sb nguyén. Gia tri cla
"In*x Inx 2

(12 +b2 + C2 béng

A. 5. B. 3. C. 4 D. 9.
Hwéng dan giai

1

Chon A. Xét tich phén: J.lde bit 4 =L:>; du = ———
nx

dx. dv=dx chon V=X,
In x xIn” x

2
eZ 2

Khi do 1 doe x| +Jlnixdx©ef( 1 _L)dx:_euze_

" Inx In x|, In*x Inx 2
a=-1

Dodd <b=2 . Vay a*+b*+c* =5
c=0

3
Ciu 55. Biét j xIn(x*+16)dx = aln5+bln2+§ trong d6 a,b,c 1 cac sb nguyén. Tinh gia tri cia
0

biéuthic T=a+b+c.

A.T=2. B. T'=-16. C.T=-2. D. T =16.
Huéng din giai

Chon B.
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Cau 56.

Cau 57.

Cau 58.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

2x

Dit {MZIH()C2+16):> du=x2 +16dx
" |dv=xdx v=x2+16

2

x> +16

3 23

X +16

Ta c6: jxln(x +16)dx = In (x2+16) 1n(x2+16)
0

’ —j.xdx =
0

0

0 0

=%ln25—81n16—%:251n5—32ln2—%.Dodc') a=25b=-32,c=-9 =T =-16.

2
Tinh tich phan 7 = [ (201910;;2 x+ij X2 dx .
1 In2
A, =277, B. =2, C. 1=2""%, D. [ =2,
Huéng din giai
Chon B.

2 2 2
1 2018 2018 1 2018 1
I=1]2019log, x+—— |x7 °dx =2019| x~" " log, xdx+— | x~ °dx =20197, + — 1. .
'!.( & 1n2j -!. 8 1n2'[ 1+1n2 ?

1

2 2019|2 2019
X 277 -1
Trong d6 1, = [ x*"°dx = = .
seoh ! 2019 2019
1
: u =log, x =™
N _ [ 2018 . = 2 .
va II—J.x log, xdx . Dat {dv—xz‘”*dx: oo
1 - —
2019
Kh.d’ ; x2019 1 2 1 ; 22019 1 22019_1 22019 22019_1
ido I = dog, x| —1L = - . = - .
' 20107°%2 . 2019.m2°° 2019 2019.In2° 2019 2019 2019".In2
Vay I =2""
Biét 7 = J’3+1nx dx —a(1+1n3) bln2, (a,be@).Khi d6 o’ +b> bang
x+1)
A. a2+b2=l- B. a2+b2=E- C. a2+b2:2—5- D. (Jterbz:z
16 3 16 4
Hudng dan giai
u=3+Inx duzldx
ChenC. Pat: { . _ dv o x1 . Khi do:
1)’ =-—
(x+ ) Y x+1
_3+In3 3 h -
PUSEE LU U S BN j( j =373 (in - e+ 1))
x+1 |, x(x+1) \x x+1 4 !
3
- a=— 25
-3 1n3+1n3,—1n4+1nz:3(1+1n3)—1nz:> 4=a"+b"=—.
4 4 b=l 16

Biét _[hl—zxdx =aln2 +é (v6i ala sé hiru ti, b, Cla cac s6 nguyén duong va LA phan s
c c
igi an) Tinh gid tri cua S=2a+3b+c.
S=4. B. S=-6. C. §=6. D. §=5.
Huéng din giai

t6i
A.
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u=Inx du =—dx
Chon A. Dat = * . Khi do, ta co:
dv=—2dx 1
by V=——
X
2 2 2 2
J-lnzx :_ln_x +jL2dx =—lln2—l :—lln2+l. Suyraa:—l,b=1,0=2.
X Xl o1x x|, 2 2

Vay gia tri cua S=4.
r N 2 r
Cau59. Biétrang [In(x+1)dx=aln3+bIn2+c voi 4 b, Cla cdc sd nguyen. Tinh S =a+b+c
1

A. §=0. B. S=1. C.S=2. D. S=-2.
Huéng din giai
u:ln(x+1) 1

Chon A. Dét{ _ Jdu=—m

V=X
¢ ox
— | ——dx

2
Khi d6, ta ¢6: [In(x+1)dx=xIn(x+1) 2
1 I Jx+1

2
:21n3—1n2—j(1—Ljdx :2ln3—ln2—(x—ln|x+1|)‘2
1 x+1 1

=2In3-In2—-(2-In3-1+In2) =3In3-2mn2-1. Suyra S=a+b+c=3-2-1=0.

5
Cau 60. Tinh tich phan 7 = [(x+1)In(x—3)dx?
4

A.10In2. B. 101n2+% C.%—lOan. D. 101n 2—%.
Hudéng din giai

1

du = dx
—In(x-3 _

ChonD. Pat |" n(x-3) x-3
dv=x+1 1 ,

vV=—X +X

1,

! 5 10T 1557 =9+9 1x-34+3
I:[—x2+len(x—3) —I—dx :—1n2 _J'x J'x dx
2 45 x=3 24 x-3 . x—3

35 1

9 19
=—mn2——|—+3+9In2 |- (1+3In2) = -z
: 2(2 j ( ) =10In2 e

3
Cau 61. Biét rang lenxdx=mln3+nln2+p,trong d6 m, n, p cQ.Khidosé m la
2

A2 B. 18. C.9. p. 2 .
2 ) 4
Hudng dan giai
Cn du =dx
ChonA. Pt "~ """ o) -
dv = xdx V= 7
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Cau 62.

Cau 63.

Cau 64.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

3 2 33 2 9 5P
:>J.xlnxdx: Zinx —Ix—dx =ZIn3-2mn2-= 23— ome- P =in=2
° 2 2 6, 2 6

2 22 2 19

N 9
Va ==,
dy m 2

4
Biét J.xln(x2 +9)dx =aln5+bIn3+c, trong d6 4, b, Clacac s6 nguyén. Gia tri cua biéu
0

thac T =a+b+c la
A.T=10. B. T=9. C.T=8. D.T=11.
Hwéng dan giai

Chon C.
o 2x
Dit {14=1n(xz+9)<:> du—(x2+9)dx
dv = xdx X’ +9
v:
2
Suy ra ixln(x2+9)dx=x2+91n(x2+9)4—ix2+9. Y 4 = 251n5-91n3_8
el 2 12 P49 ‘

Dodb a=25,b=-9, c=-8 nén T =8.
1
Tich phan / = | ln(\/1+x2 —x)dx c6 gid tri 1a:
0
A.[:ﬁ—nln(ﬁ—l). B.1=J5—1—1n(ﬁ—1).
C.I1=—2+1+In(~2-1). D. /= -\2+1-In(v2-1).
Huéng din giai

1
" =1n(\/l+x2 —x) i =——— dx 1 .

1
Chon A = 1+ :>I=(x.ln(\/x2+1—x)) +I dx
dv=dx — 0 9 x2+1
V=X
, ! X . PO x:0:>t=1
Xet[lz‘[ dx. Patt=x>+1= dt=2xdx. DOican .
2 2 1
jllzlfidt:(\/f) =2-1 :>I=Il+(x.h1(\/x2+l—x)) =x/§—1+1n(x/§—1).
21\/; 1 0
Cho tich phan [ = I(x+lj Inxdx =ae’ +b, a va b 1a cac sb hitu ti. Gia tri cua 2a—3b 1a:
X
1
A B B. 12 c B p.
2 4 ) 4 2
Hudng dan giai
Chgn C
Ta co:

2

e e 2 e
I=I x+l lnxdx=_[xlnxdx+ llnxdxz x—lnx —J‘fdx+.|.dt=e—+§,v(yi t=Inx.
1 X X 2 1 2 4 4

—_
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/4 .
Cau 65. Tinh tich phan J‘ In(sin x + cos x)

dx, ta duoc két qua

g cos’ x
T 1 T 3 T 3 T 3
A, ——+—In2. B. ——In2. C. =422, D. ——-In2.
4 2 4 2 4 2 4 2
Hwéng dan giai
Chon C. )
Trac nghiém bam may tinh tich phéan trir cho tirng dap an ta dugc dap an C.
/4 . 7[/41 ) 1+t /4
Ty lun: I ln(smezrcosx)dx: _[ rl(cosx(2 anx))dxz J-(ln(cozsx) ln(lthanx)jd)C
cos” x 0 cos” x cos” x cos” x
sin x
2/4 =Incosx =du=- dx
_ J- ln(cosx) drt J- 1n(1+t2an x)dx=I+J. Pit 1 cosx
) cos’x 0o GOS8 X dv=—s—dx , v=tanx
cos” x
" In(cos x) x 1 T
I = J.—zdx—tanxln(cosx)|4+ _[ tan xdx—tanxlncosx|4+ x+tanx)| =——In2——+1
, Cos"x ) 2
4 In(1 + tan x) 1 4
J= J' n anx_dx. pat t=l+tanx=>dt =———dx. Péican: x=0=1=1, x=—=1=2
cos’ x ’ Cos” x ' 4

0

2 1 2
J={Intde . Pat ”_hn:3d”_?m::J:fmtw:Uhn—QE:2m2—1
dv=dr , v=t¢

/4

Vay J- 1n(s1nxjcosx)dx:_£+zln2
0 cos” x 4 2
t4lnx+1
A Gia st dx=aln’2+bIn2, voi a,b 1a cac sd hiru ty. Khi 6 tong 4a + b bang.
Céu 66. ! . a Y & £
A3 B. 5 C.7. D. 9.
Huéng din giai
2 2 2 2
I4lnx+1dx:j(4lnx+lex:4jlnxd(lnx)+_[ldx:2ln2 s +nf =22 2+1n2.
1 X 1 X X 1 1 X ! l
Chon D
21000
Cau 67. Tinh tich phan /= J
f x+1)
In2'" 2 10001n2 2!t
A' I:_1+21000 +10001n1+21000 . E‘ I: 1+21000 + n1+21000 °
n2'*® 2 10001n2 210
C. [=—=——-1000ln——. D [=——2 S I
1421 1+2' 1+2 1+2
Huéng din giai
Chon B
, 1000 21000 lnx 51000 21000 1
Taco I = j Sdx= j Inxd—— =% ——d(Inx)
1 (x+1 x+1 x+1 T x+1

B o L1, 10001n2+2'I°[ )
1421 x+1x 142 4 \x x+1
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21000 21000

10001n2 1000m2 | x [ _ 1000In2 2"

+In

= —+(1n|x|—1n|x+l|) =

- 1401000

1401000 - 142100 + n1+21000'

X |x+l|1
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GTLN, GTNN — BAT PANG THUC TiCH PHAN

Tich phan jmin {x2 ,3x— 2} dx bang
0

A2 B L c.z p. 7.
3 6 3 6
Hwéng dan giai

x=1

ChonB. Taco x’ =3x—2<:>x2—3x+2=0<:>[
X =

Suy ra x* —3x+2 &m trén khoang (0,1); duong trén (1,2).
Vay mm{x 3x— 2} 3x-2, r[nirll{xz,3x—2} =x’

[01

11

Vay jmin{xz,Sx—2}dx (3x-2) dx+j 2dx_—%+%=E
0

ot—..._-

s

2
Gia trj cua tich phan j max {sin x;cos x} dx bang
0

1
A. 0. B. 1. C.A2. D. —.
= V2
Huéng din giai
Chon C. Ta c6 phuong trinh sinx—cosx =0 c6 mt nghiém trén doan [O; %} la x= %

Bang xét dau

X 0 z z
4 2

sin x —cos x - 0 +

T

% % T z
Suy ra Imax{sinx;cosx}dx J.cosxdx J. sin xdx =(sinx)| (cosx)|i -2
0 0 % 4
2
I=jmin{x;x3/2—x}dx
Tinh 0 .
3 5
A T=2. B.I=>. C.I-=1. D=2
4 4
Huéng din giai
Chon D.

Taxétdau f(x)=x-3/2—x trén doan [0;2].
Ta cod x—\3/2—x:0<:>x3+x—2=0<:>(x—1)(x2+x+2)=0<:>x=1.

Bang xét dau
x | D | 2

fla) = o +

khi xe[Ol]
\/ﬂ khi xe[lZ]
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Suy ra Izj‘min{x;iﬂ—x}dx=jxdx+I\/2 xdx = % %z%
0
Cau 4. Tinh tich phan [ = j.max {x; x’ }dx.
ALY B.2. c. ...
4 4 4

Huéng din gidi
Chon A. Trén doan [0; 2], xét x> x* & x(x—1)(x+1)<0=L 50 < x <1,

xe[O;l]:xe3 , x khi 0<x<1
Vay max{ ; }: , ) .
xe[l'Z]:>x<x3 [0;2] x khil<x<2

1 15 17
Suyra [ = max xox bde=xde+ | Xdx=—+—==—
Y I } J(: J 2 4 4
Cau 5. Tinh tich phan [ = j max {x3 s 4x? —3x}dx.
A7 B. 107 c. 2B p. 19
2 2 —T12 6

Huéng din gidi
Chon C. Trén doan [O; 3]:

Xét x> 4x* —3x & x(x-1)(x=3) 2 0—LL 5 x e[0; 1].

xe[O; 1]:>)c3 > 4x* —3x x’ khi xe[O; 1]
a = max {x 4x 03x} .

Xe [1; 3] = x’ <4x*-3x (03] 4x* —3x khi x e [1; 3]
275

Khi do Izjmax{x3;4x2—3x}dx I 3dx+_f 4x —3x )d N
0

0
Cau 6. Tim gié tri 16n nhit cua G _[ t +t dt trén doan [ L; 1]
1

B. 2. C —é. D.

1 >
= ~_._ . .
Hudéng dan giai

x 3 2\[F 3 2 3 2
Chon C. G(x)zj.(t2 +t)dt=(t—+t—j =X—er——(l+lj=x—+x——é
3 2 | 3 2

1

A.

= G'( ) x* +x = bang bién thién:
Tu bang bién thién

=

| N

Cau7. Cho F(x) la mot nguyén ham ciia hamsd f(x)=e* (x3 — 4x). Ham s F(x) c6 bao nhidu

1

diém cuc tr1?

A. 2. B. 3. C.1. D. 4.
Hudéng din gidi

Chon B. Tacd F'(x)=f(x)= e” x(x=2)(x+2).
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Cau 9.

Cau 10.
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F’(x) doi dau qua cac diém x=0; x =+2 nén ham sb F(x) ¢6 3 diém cuc tri.

Biét rang F(x) 1a mot nguyén ham trén R cia ham sb f(x)z% thoa man
X+
F(1)=0. Tim gié tri nho nhat m cua F(x).
1 1_22017 1+22017 1
A.I’n:—E. E._m: 22018 . C.mzw. D.WZ:E.
Hwéng dan giai
Chon B
2017x 2017 s 2017 (¥ +1)
. _ _ 2 - 2 _
Ta co jf(X)dX—J‘mdx —TJ'(X +1) d(x +1) = > . 5017
1
=———=+C=F(x
2(x2+1)2017 ( )
. 1 1 1
Ma F(l) = O == 2 22017 PSR C 0 = C 22018 DO do F( ) 2.(x2 +1)2017 + 22018
Suy ra F(x) dat gi tri nho nhat khi va chi khi o 16n nhit < (x* +1) nho nhat
2(x +1)
R 1 1 1_22017
<< x=0. Vay m:—E+W:W

Tim gié tri 16n nhat M cta ham s6 f j(2\/§ cos 2x +2sin Zx)dx trong khoang (0; +oo) .
0

A M=33. B. M =3. C. M=23. D. M=2.
Huéng din giai
Chon B.

Ta co: f(t):j(2\/§cos2x+2sin2x)dx :(\/gsin2x—0052x)t

0
0

B

f(t)= 2[75in2t—%cos2t}rl =2sin(2z—%j+1 <3. DAu bang xay ra khi t:%.

=x/§sin2t—c032t+1.

Vay gia tri 16n nhat M cia ham s 1a 3.
Cho ham s6 f(x) lién tuc trén R* théa man f'(x)> x+l, VxeR" va f(1)=1. Tim gia
x

trj nho nhat cua f ( 2) .

A. 3. B. 2. C.2im2. D. 4.

\S]

Hwéng dan giai

Chon C. Theo gia thiét f"(x)2x+~, VxeR" nén Iy tich phan 2 vé véi can tir 1 dén 2
X

ta duge jf dx>j(x+ de=%+1112

Ma ]f dr=f(x )| =f(2)-f(1)=f(2)-1 nén f(2)—12%+1n2:>f(2)2%+ln2

2

Dang thirc xay ra khi f’(x)=x+l,x>0:>f(x)=%+lnx+C.
x
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Cau 11.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

2

Ma f(l):I:C:%.ny f(x):x?+lnx+%.

2
. . 5 f(x):x—+lnx+l
Gia tri nho nhét ciia f(2) bang 5+ln2 khi 2 2,

Goi x,, x, lan luot 1a diém cuc dai va diém cuc tiéu cia ham sb f(x I tIntdt. Tinh
S=x+x,.
A. In2e. B. In2. C.-In2. D. 0.

Hu’o’ng din giai
Chon C. bit g'(t)=tInt. Taco f(x Itlntdt ( )—g(ex)

! ’

f'(x) 2(62):) 'g’(ezx)_(ex) -g'(ex) =2¢"" e’ . Ine” —e'e".Ine" = 4xe* —xe** =xe™ (462X —1).

Cau 12.

Cau 13.

x, =0
f’(x)=0<:>L12=_ln2. x,+x,=—In2.
Cho ham s6 y = f(x) c6 dao ham trén [1;+0) thoa man f(1)=1 va f’(x)23x’+2x-5

trén [1;+oo) Tim s6 nguyén duong 16n nhat m sao cho rr[un f ( )> m véi moi ham sb
xe[3;10

y=f (x) thoa diéu kién dé bai,

A. m=15. B. m=20. C.m=25. D. m=30.
Hwéng dan giai

Chon C. Tacé: f'(x)=3x"+2x—5 trén [1;+0)

Do 3x* +2x-52>0, Vxe[l;+0) nén f'(x)>0, Vxe[l;+x).

Do d6 ham s6 f'(x) dong bién trén [I;+%). Suyra min f(x)=f(3).

)CE310

Ta lai co: If dx>J. 3x +2x— S)dx < f(x )| 2()c3+x2—5)c)13

< f(3)- f()224<:>f( )=25 Vay min f(x)>25.Hay m=25.

xe[3 10

Xét ham s6 F J. f dt trong d6 ham s6 y = f ( ) ¢6 d6 thi nhu hinh v& bén. Trong céac

gia tri dudi day, gia tr1 nao 1a 16n nhat?

A. F(1). B..F(2). C. F(3). D. F(0).
Huéng din giai
Chon B. Tacé F'( Uf dtj = f(x).

Xét trén doan [0;3], tathdy F'(x)=0 < f(x)=0<x=2.
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Cau 14.

Cau 15.

Cau 16.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
Dua vao d6 thi, ta théy trén [0;2] ham s F(x) déng bién nén F(O) < F(2) .
Dua vao d6 thi, ta théy trén [2;3] ham s6 F(x) nghich bién nén F(3) < F(2) .
Vay F(2) la gi4 tri 16n nhét.

1
Tim gia tri nho nhat cia S = sz —ax‘ dx véi a e[0,1]
0

A. % B.%. C.%. V2-1

Huéng din giai
Pha dau tri tuyét doi ta co

S = j.‘xz —ax‘dx = —]1‘()c2 —ax)dx+j(x2 —ax)dx = [—_stra_xzj +
0 0 a

3 3
B 1) 2-+2
Smin_f(\/zj_ 6

b
Cho a+b=ab+4 va a<b. Tim gié tri nho nhét clia biéu thirc 7= [|x* —(a+b)x+ab|dx

A. 43, B.12. C. 24/3. D. 48
Ta co
3 3
3 a+b) —4ab ab+4) —4ab ab+2) +12 3
B (e (e o R NS
364 36 36 36 36

b
Tim gié tri nho nhét cta [ = ”xz +(2-m)x- 2‘ dx trong d6 a <b 1a hai nghiém ctia phuong

trinh x2+(2—m)x—2=0

Cau 17.

Cau 18.

AL 128 B.@. C. 8. D. 242
9 3
: ((2—m)2+8)3 N
A S128 82

36a* 36 9 3
1

ﬂ. B. L. c.l. D.ﬂ
6 8 4 8
v ax’ x' v xtax’ 1
S J. ax—x dx+J. X —a.x)d —— = +|——=
) 2 4, 4 2 ),
2 2 2 2 2
S:(a__a_] [l_ﬁ_a_ a_jzl( _lj LI
2 4 4 2 4 2 2 2 8 8
(x-a)’ (x=b) dx
A. 12 B. 0. C.%. D. hid
b b b
S=—J.(x—a)2[(x—a)+(a—b)}dx=—j(x—a)2(x—a)dx (a b)j( )zdx
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Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
Sla
12
2 . .
Cau19. Cho (a —b)2 ( ? —bz) =4 va a<b. Tim gid tri 16n nhat coa biéu thuc

S=—(a-b) = 12((a+b) 4ab)2 =%((ab+4)2 —4ab)2 =$((ab+2)2 +12)2 >12

1= H a+b x+ab‘dx

A6 B. . c.t D.
9 16 3

Hwéng dan giai
4=(a=b) +(a*=07) =(a=b)"(1+(a+b)") 2 (a=b)

A ((a+b)2—4ab)3 ((a—b)2)3 4 4

Bw

12: = = S —
36a* 36 36 36 3
a+b=0 a=-1
Khi do =
PRI

2m
Cau 20. Goi a,b lan luot 1a gia tri 16n nhat va nho nhét cia S = j | = 4mx® + Smx —2m’ | dx v

m

e[1;3]. Ménh dé ndo dusi day ding

A. a+b—% B. a+b=1. C.a+b=%. D.a+b=2
Hwéng dan giai
=T (x—m)z(x—2m)‘dx=—T(x—m)2(x—2m)dx=—2J£n(x—m)2((x—m)—m)dx
() e T
S=—;[(x—m)3dx+m;[(x—m)2dx=( 2 + 3 J 17
41 "

Thay m e[1;3] vao taco a+b =
Ciu 21. m la tham sb thudc doan [1;3] . Goi a,b lan luot 1a gia tri 16n nhét, gia tri nho nhat cua
2m ) )
P= j (x—m) (x—2m) dx . Tinh a+b=

A. 31, B. 36. c. 12 p. 12
15 4
Huéng din giai
m’ s 35 P +1122
=—€ ->T= =—
30 30 3() 30 15

2m*+2

Cau22. Gia tri nho nhit cia P= l ‘xz—2(m2+m+1)x+4(m3+m)‘dx la S:%;a,b nguyén

duong va % t6i gian. Tinh T =a+b

A. 7. B. 337. ~C. 25. D. 91
Hwéng dan giai
3
4(m* —m+1 3
Ta co: quzi(é) =23T=9+16=25
3 314 16
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Cau 23.

Cau 24.

Cau 25.

Cau 26.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

1 1
A latap cachamsd f lien tuc trén doan [0;1]. Tim m = Qig{jx,fz (x)dX—IxZOIS.f(x)dX}

fed (o 0
A. _—1. B. _—1. C. _2017. D. b
2019 16144 2018 16140

Hwéng dan giai
Biéu thirc d3 cho 1a tam thirc bac 2 4n 1a f(x) cohe s6 a=x;b=—x"%c=0

b 2017

f(x):Z:xz

Nén biéu thirc Min tai X 1 e s |1 O

m —Iﬂdx—j Y dx=—2 =
" lda T ) 4x 0 4x4036| 16144

A la tap cac  ham sd f lien tuc trén  doan [O;l]. Tim

M = @{—j x.f? (x)dx+jx2°13.f(x)dx}

fed 0
L B. 2% c. 2012 D. .
2014 2014 3 2013 8.2013
Hudng dan giai
Biéu thtrc di cho 1a tam thirc bac 2 4n 1a f(x) cohésd a=-x;b=—x"";c=0
—b x2013 x2012
X)=—= =

o N (=5 =% =

Nén biéu thirc Max tai LA | s o0 |1 |
M, =|—dx :j dx = =
4a 4x 44026, 4.4026

0
Cho ham s6 f(x) c6 dao ham lién tyc trén R thoa man f(x)+f'(x)<1, VxeR va
£(0)=0. Tim gi4 trj 16n nhat cia f (1)

A 2L B, &1 C.e—1. D. 2e—1.

€ €

Huéng din giai
Chon B. Taco VxeR,

f(x)+ ()t e f(x)ref(x)se oo (x)] <(e)
o ![exf(x)]l dxsl(e*)'dx @[e’“f(x)]; <e| sef()<e-le f(1)<

!

e—1

€

Do do gid tri 16n nhét ca £(1) 1a S=L,
€

A latap cac ham sb f lien tyc trén doan [0; 1] va nhén gia tri khong am trén doan [O;l]. Tim

1 1
m nho nhét sao cho J.f(zmxg/;)dx < m.jf(x)dx Vfed
0 0

A. 2018. B. 1. c._ L. D. V2018
2018

Hwéng dan giai
1 1 1

DAt 1" = x = dx =2018.dr nén [ 1 (*8x Jax=2018.[ . f (¢).dt < 2018[ 1 (t).d
0 0 0

Tim m nho nhit nén m <2018. Ta s& Cm m=2018 1a s6 cAn tim. Xét f(x)=x"taco
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Cau 27.

Cau 28.

Cau 29.

1
/(%)

—f'(x):0<:>

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

1 1
2018 _ m__ . 2018(n+1)

jx”/zolgdx < mjx”dx - < m>
0 n+2018 n+l n+2018

Cho n — 400 tacd m>2018. Vay m=2018 la hiang s6 nho nhit can tim
Cho ham s y = f(x) nhan gié tri dwong va c6 dao ham f'(x) lién tuc trén doan [0'1] thoa

1

man £ (1)=2018./(0). Tim gi4 tri nho nhét biéu thiac M = j dx+j

0

Hwéng dan giai
ol 1
M=
(6 CRaE e

Cho ham sé y = f (x) nhan gia tri dwong va c6 dao ham lién tyc trén doan [0;1]va thoa man

A. In2018. B. 2In2018. C. 2e. D. 2018e
2 1 1
x)} alx+2j#aixzzj&dx=21n|f(x)”10 =21n2018
0
(/)Y :
e (—J dx <1. Tim ménh d& dung
o\ S (%)

A. f(%}e? B. f(%)=\/g. C. f(%j=\/g. D. fe)zzie

Hwéng dan giai

/(%) R (O
Ta c6 ‘([mdx—lnv ()], =1nf (1)~1n £ (0) = m_1ne_1
nl f(x) <l 1 ¥
e o= g 78]
( =0

g[(;(;;fz%ﬂ]m {20 s rte)

Vay: f(x)=4e. Ma f()=ef(0)=e Nén f(x)=e" @f(lj=\/;

S )= er(0) - e o[ L)ove
L p=er@=e. rln-e f(zj Je

Cho ham s y = f(x) nhan gié tri duong va c6 dao ham £ (x) lién tyc trén doan [0;1] thoa
1
man f(1)=e.f(0). Biéu thic I[ X+H:f dx <2.Ménh dé nao ding
o f(x
2e 2¢’ 2(e-2) 2(e-2)
A f(l)=,— B. f(1)= C. f(1)=,——= D. f(l])=——=
f() e_l f() 62—1 f() e_l f() 62—1

Huéng din giai
1 2
Viét lai biéu thirc cho duéi dang I {#— f (x)} dx <0 . Dau bang xay ra khi
x
0

1

—= X)) X = X X ©x+c=f2(x)<:> X)= x+c
ERAL Jix=]1(x)d(/(x)) f(x)=y2(x+c)

2

£(0)=~2¢ fO) e 1

F)=v2e2e S0 e -1
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Cau 30.

Cau 31.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

1 2¢
— f(x)= /2X+62_1 > (=5

Cho hamsd y = f(x) c6 dao ham lién tuc trén [—1;1] d6ng thoi thoa man diéu kién f> (x) <1

1 1
véimoi xe[~1;1] va [ f(x)dr=0. Tim gid tri nho nhét cia [ x*f (x)d?
-1 -1
A -1 B. -+ c.-2 D. -1
2 4 3
Hwéng dan giai

Izszf(x)dx2>|l|= j.l(xz—a)f(x)dx

-1

< j‘xz—aHf(x)|de hxz —a‘dx VaeR.
-1 -1

1
Do d6 ta suy ra |1| < miﬂgl J. ‘xz - a‘ dx . Dén day ta chia bai toan thanh 3 truong hop nhu sau:

Truong hop 1: Néu a <0 thi rzgﬂy”x -a dxzrgljgljl(xz —a)dxzrgjg{%—Zajz%.

Trudng hop 2: Néu ¢ >1 thi rl%{l”x —aldx = m1nj(a—x2)dx=rE§P(2a—§j=g.

Trudng hep 3: Néu ae[0;1] thi
—a Ja 1

mglﬂx —aldx = 1’1’1(1)1’11( j (xz—a)dx+ j (a—xz)dx+ J.(xz—a)dx]

ae acfo:]| e =

1

@minﬂxz—adxzmin[ ——ax ‘ \/_ —%Sj \/;]

aeR ae[O;l]

A

—2a+— == khi va chi khi azl.
3) 2 4

< min j ‘xz - a‘dx = min (Sa\/g
aeR a[031] 3

1
Két luan: Nhu vay min”xz—a‘dle do d6 |I|Sl:> min 7 =—1|
) 2 2 2

Cho ham s6 y = f(x) c6 dao ham lién tuc trén [0;1] ddng thoi thoa man f(x) € [—8;8] voi
1 1

moi x €[0;1] va jxf(x)dx =3. Tim gi4 tri 16n nhét cua jx3f(x)dx?
0 0

A. 2 B. 31 C. 4 D. T
16 3 8

Hwéng dan giai

j.(x3 —ax)f(x)dx

0

< Hx3 —afo(x)|dx

0

1
Taddt I =[x f (x)dx khi do: |1 -3a|=
0

:>|I—3a|£8j.‘x3—ax‘dx VaeR:IS3a+8j.‘x3—ax‘dx ‘v’aeR:ISri%l[3a+8hx3—ax‘dx]
0 0 0

Truong hop 1: Néu a<0 khi do
1 1
. 3 _ . 3 _ _ . _ _
min (Sa + SJ;‘x - ax‘dx} = n:§131£3a + 8£(x ax)de = nalslgl(2 a) =2
Truong hop 2: Néu a>1 khi do

%%1(3a+8j;‘x3 —ax‘ dx] = rglziln(Sa+8‘:[(ax—x3)dxj = nalziln(7a -2)=5
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Cau 32.

Cau 33.

Cau 34.

Ja
min[3a+8hx3 —ax‘dx] = min [3a+8j. (ax—x3)dx+8j (x3 —ax)dx]z min (4(12 —a+2) :E
0 0 Ja

aeR

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
Trudong hep 3: Néu a €[0;1] khi d6 ta c6 danh gid sau:
31

a<(031] a<f031]

1
Két luin: Vay mgl(3a+8ﬂxs—ax‘dxj:%:ls%. DPing thic xay ra khi
0
azl;1=2>3a=E
8 12 8

Cho ham s y = f(x) dwong va lién tyc trén [1;3] théa man rﬂ%]xf(x) =2; 1%11131]1f(x) =% va

, 3 3 1 , 3
bidu thirc S = [ f (x)dx dx dat gi4 tri 16n nhét. Khi d6 tinh [ / (x)dx?
Jr @75 [7)
AL B. > c. . D. 2
2 2 5 5

Huéng din giai

Ta co: %Sf(x)s2 = (21 (x)-1)(/ (x)-2) <0 = £ (x)+

L.

>
f(x) 2

1 _5 h {5
= 7o) SE—f(x) :Ssjf(x)dx(!a—f(x)dxj.

1

Ta tim duoc max S = 2> khi j.f(x)dx=§
‘ 4 ! 2’
Cho ham s6 y = f(x) c6 dao ham trén R va f’(x)2x4+%—2x Vx>0 va f(1)=-1.
x
Khang dinh nao sau day ding?
A. Phuong trinh f'(x)=0 ¢6 1 nghiém trén (0;1).
B. Phuong trinh f(x)=
C. Phuong trinh f'(x)=0 ¢6 1 nghiém trén (1;2).
C. Phuong trinh f(x)=

0 c6 dang 3 nghiém trén (0;+00).

0 ¢6 1 nghiém trén (2;5).
Huéng din giai
Chon C.

x®=2x7 +2 (X3 —1)2 +1
)C2 N x2

= y = f(x) dong bién trén (0;+).

= f(x) =0 c6 nhiéu nhat 1 nghiém trén khoang (0; +oo) (1) . Mit khac ta c6:

2 2
f’(x)2x4+x%—2x>0, Vx>03!f’(x)dx2!(x4+%—2xjdx=%

f’(x)2x4+%—2x= >0, Vx>0.

= 1(2)-1()2% = /(2)27

Két hop gid thiét ta co y = f(x) lién tuc trén [L,2] va £(2).£(1)<0 (2).
Tur (1) va (2) suy ra phuong trinh f'(x) =0 c6 ding 1 nghiém trén khoang (1;2).
Cho ham s6 y = f(x) c6 dao ham lién tuc trén doan [0;1] théa man 3£ (x)+xf"'(x) = x""

1
voi moi x €[0;1]. Gia tri nho nhét cua tich phan j f(x)dx béng:
0
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Cau 35.

Cau 36.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
At B.—  c-— D
2021x2022 2018x2021 3 2018x2019 2019x2021
Hudng dan giai

Ta co: 3f(x)+xf'( ) 201833x2f( )+x3f'( )>x2°2°

:>[x f ] x*% j. dx>J. 2020l Vte[O 1]:>f( )
2]

Gia tri nho nhét cta tich phan x)dxla ————,
' P !f( ) 2019.2021

2018

2021

2018

Khldo:jf

IV

2019 2021

Cho ham s f(x) thoa man fl(x)>0, Vxe[l;2] va j-[f’(xﬂ dx = ! . Biét f(l)zl

f(2)=%,tinh 1=[f(x)dr

A P=1L B.p=S. c.p=2. . p=2L.
60 5 ) 60 30
) o Hwéng dan giai
Chon A. Ap dung bat dang thitc Cauchy ta co:

TR T B A )
x* 125 125 x* 125125 25

Lay tich phan hai vé BDT trén ta c6: I %dx + 2}—
X

@j[f;(cf) dr+2, 3;5 235[f(2)—f(1)]<:>j.[f,)(;)] de> .

Két hop voi gié thiét ta co ddu “=" ctia BPT trén xay ra

|:f :' 3 x6 ' _xz _)C3
7 <[ /(x)] —EQf(x)—?jf(x)—EJfC-
Ma f(l):1:1:%+C:>C:%:>f(l):x31+514. 6 1= jx 1

Cho ham s6 y= f (x) nhan gia tri khong am va lién tuc trén doan [0 1] dong thoi ta dat

g(x) =1+If(t)dt. Biét g(x)<,/f(x) v6i moi x[0;1]. Tich phan j—)dx o gia tri
0 0 g X
16n nhét bang:

! B

A. — B. 1 C. — D. 1

3 o2 2
Hwéng dan giai

F'(x)

(F(x)+1)2 -1>0 Vxe[O;l]

—)Z—l]dx =1-t- F(tl)+1 1a ham s6 dong bién trén [O;l] do vay ta co

danh gia:



Cau 37.

Cau 38.

Cau 39.

Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

1
h(x)2h(0) Vxe[0;1]=1-x- <1-x Vxe[0:1] = | [——dx<
0

1
2

Fl)1 T F(x)+1

Cho ham sb y=f (x) nhan gia tri khong am va lién tuc trén doan [0;1] déng thoi ta dat
X 1

g(x)=1+3[ f(r)dr . Biét g(x)> f (x) voi moi x€[0;1]. Tich phan [4[g(x)dx co gi tri
0 0

16n nhét bang:

A B. 2 c.l D. >
2 3 4 5
Huéng din giai

DAt (x)= [ £(1)dr = g (x)=1+3F () 1 (x) Ve e[0s1] > 120 vae[o1]
) 3F (x)+1
![Ji—l]dngJ?F(t)Jrl—t—% 1a ham s6 nghich bién trén [0;1] do

h(x)<h(0) Vxe[0;1 :>—,/3F +1—t——<0
vay ta co:

‘/3F +1< x+1 Vxe 01] !,/g(x)dxﬁ%

Cho ham sb y=f (x) nhan gia tri khong am va lién tuc trén doan [0;1] déng thoi ta dat

x? 1
g(x)=1+[ f(t)dr. Biét g(x)>2xf (x*) voi moi xe[0;1]. Tich phan [g(x)dx c6 gié tri
0 0

16n nhét bang:
A. 2 B.3 C. 4 D. 1
Huéng din giai

x 2xf(x2)

!f dt = g(x —1+F(x2)22xf(x2)Vxe[O;l]:H_F(xz)—lSOVxe[O;l]
Ve 2xf

J- l+F —1 dx = ln(l+F( )) Ji la ham so nghich bién trén [O 1] do vay ta
0

h(x)<h(0) Vxe[0;1]= In(1+F (x))-Vx <0=1+ F(x)<e™ vae[0;1]= jg(x <2

Cho ham s6 f(x) c6 dao ham duong, lién tuc trén doan [0;1] théa man f(0)=1 va
3j{f’(x)[f(x)]2+§}dxs2j‘1/f’(x)f(x)dx.Tinhtichphﬁn j[f(x)] dr:

A. i B. >
2

2. 2 D.
4 6
Huwongd dan giai

O\l\]

Chon D. T gia thiét suy ra:

j;[(&/f’(x)f(x))z—zj /f'(x)f(x)+1}dx£0 @j.[.’u/f’(x)f(x)_l}zdxgo
Suy ra 37" (1) (x)-1=0 = [ (x)f (x =—<:>f )f():é.
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Vi [f3(x)],:3.f2(x)f'(x) nén suy ra [f3(x)]':%:>f3(x)=%x+C.

Vi f£(0)=1 nén f3(0)=1:>C=1:>f3(x)=%x+1 Suy ra j[f (x)] dx= j(—x+1jdx

0

Cau 40. Cho ham s6 y = f(x) lién tyc, khong am trén R thoéa man f(x = 2x,[

Cau 41.

Cau 42.

phan [

va f(0)=0.Gi4 tri 16n nhat M va gié tri nhd nhat m ciia ham s6 y = f( ) trén doan [1,3]
lan luot 1

A M=20; m=2. B. M =4J11; m=+3.
C. M=20; m=+2. D. M =3/11; m=+3.
Huéng din giai
ChonD. Tacéd f(x).f"(x)=2x (f(x))2+1<:>Lf2(x):2x.
(f(x)) +1

Ly nguyén ham hai vé ta c6 \/(/(x)) +1=x*+C, do £(0)=0 nén C=1.

Vay f(X)Z\/x4+2x2 — xv/x? +2 trén doan [13].
Ta co f’(x)lexz+2+\/x)§27
Vay M = £(3)=3J11; m=f(1)=+3.

Cho ham s6 y= f (x) nhan gia tri khong am va lién tyc trén doan [0;1] ddng thoi ta dat

x)=1+2f f(t)de. Biét g(x)2[ f(x)] véi moi xe[0;1]. Tich phan j;/[g(x)]zdx c6

gia tri 16n nhat bang:

A.é B. 4 Ci D.5

=3 3
Hwéng dan giai

>0 véimoi x e[l;3] nén f(x) dong bién trén [1;3].

Chon A. TadétF(x):j.f(t)dt khidé g(x)=1+2F(x)2[ f(x)] vxe[os1].

0

Do véy L—lso Vxe[O;l]Q&—ISO vxe[0;1].
J1+2F (x) J1+2F (x)

Xeét ham s6: (1) = e dx=§(31+2F(t))2—z—3 vt €[0;1] 1 ham nghich
N 2r(v) 4 4
bién trén [O; 1] cho nén

3 23 : 4
h(1)<h(0) we[o;l]:z(suzF(z)) —t—Z£0<:>(31+2F(t)) <31+l vee[o].
Do do:

(3 g()c))2 S§x+1 ‘v’xe[O;l]:i%/[g(x)]zdxSi(—)ﬂrljﬂ’ j).3 [g(x)]zdx

Cho ham s y = f(x) lién tyc trén [0; 1] théa méan jxf( )dx=0 va max|f |—1. Tich
0

IA
[SSRNV

[0;1]

1
= J e* f(x)dx thudc khoang nao trong cac khoang sau day?
0
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3 53
B.|=;e-1]|. C.|-=;=]| D. (e—1; +).
2 4 2
Huéng din giai

Chon C. Véimoi a e[O;l], taco Ozjxf(x)dx =ajxf(x)dx =j.axf(x)dx

Ki higu 7(a)=[(e"—ax)dx.

o'—.»—-

Khi do, véi moi ae[0;l] ta ¢ j.exf(x)dx‘zj.exf(x)dx—faxf( )
0 0
1
:!(ex—ax)f( x)dx| < |1/ (%) -max] £ (x) |dx=1(a)
Suy ra j.e’“f(x)dx Sgg(i);}]](a). Mat khac
d ;
1
Véi moi ae[O 1] taco I i ‘ I e —ax)dx z(ex—%xzjo =e—%—1

1

je"f(x)dx

0

53
minl(a)ze—éz Se—§z1,22. Vay I e| —=;=|.
2 2 472

ae[0;1]

1
Cho ham s6 y = f(x) lién tuc trén doan [0;1] thoa man Ixzf(x)dx =0 va max|f(x)| =6.
0

1
Gi4 tri 16n nhat cua tich phan Ix3 f(x)dx bang
0

3(2-3/4 _3

8 - 4 16 24
Hwéng dan giai

Chen B. Cach1: Tacéd f(x)<6, Vxe[0;1].

A.

Xét zr=j0$6x3dx—jl1 6x3dx+j01x3f(x)dx =j(;415x3(6+f(x))dx— (6-/1(x))
n R
Suyra I<—— jfx 6+ f(x \/_j f(x))dx
33 p
:ﬁ_TL ¥ f (x)d <_jf6 de—ijéxde—j X f (x
U 3 3(2_%/2)
2\/_ 5 Oxf( x)dx <0 :J.Oxf(x)dxé 2 .
Cach 2: Ta c6 v6i moi sb thuc a eR thi j.axzf(x)dx:O do do:
0
jx3f(x) = j‘(x3 —axz)f(x)dx Sj“x3 —ax2‘|f(x)|dx£6hx3 —axz‘dx VaeR
0 0 0
Do do: J.x f( ) X <m1n6”x —ax ‘dx mlng( ) Téi day ta chia cac truong hop sau:

Truong hop 1: Néu ¢ <0 thi x’ —ax’ =x (x—a)ZO Vxe[O;l].Khid():
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1 1
g(a) = 6-([‘)63 —axz‘dx = 6‘([)(3 —ax’dx = 6[%—%}3 rf}éiglg(a):%

Truong hop 2: Néu a>1 thi x’ —ax’ =x° (x—a)SO ‘v’xe[O;l]. Khi do:

1 1 a 1 : 1
g(a)=6£‘x3—axz‘dx=6!ax2—x3dx=6(§—zj:ﬂral>llng(a)=5
Trudng hop 3: Néu ae[0;1] thi
‘ r ‘ 2a* —4a+3
=6||x’ —ax’|dx=6]ax’ —x’dx+ | ¥’ —ax’dx ="——"——.
f(a) ‘(Ux ax ‘ X ‘([Clx X ax ;[x ax ax 5
‘_ 3(2-%4
Ta tim duoc ming(a)zmin[za 4a+3]= ( )<—<— vay
ael0;1] ael0:1] 2 4 2
. 3(2-¥4)
mipgla)=—7—)
Do vay:
1 3 d l 3 d 3(2—i/2) 1 3 d 3(2_%/2)
< mi </ - ,
_!xf(x)x_r;g{lg(a):‘([xf(x)x_ J :r%})%f(}[xf(x)x Z
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TiCH PHAN CUA HAM AN

DANG 1: AP DUNG PINH NGHIA, TINH CHAT NGUYEN HAM

Cau 1: Cho ham sb f(x) xéac dinh trén R\{l} thda man f'(x)z%, f(O):2017,
%=

£(2)=2018. Tinh S= f(3)-f(-1).
A.S=1. B.S=In2. C. S=1n4035. D. S=4.
Huéng din giai
. . 1
Chon A. Céch 1: Taco J.f(x)dxzj.;dx=ln(|x—l|)+c.
f(x)=In(]x-1])+2017 khix<1
f(x)=In(jx~1))+2018 khix>1
Do dé S=/(3)-f(-1) =In2+2018-1n2-2017 =1.

Theo gia thiét f(O) =2017, f(2)=2018 nén {

1O 1= ] e =] L et =l )

Cach 2: Taco: , -
f(3)—f(2)=jf'(x)dx=_[;=1n|x—1||§=1n2 )

Lay (1)+(2), taduoc £(3)- f(2)+ f(0)— f(-1)=0=S=1.

, 1
Cau2: Chohimsé f(x) xac dinh trén R\{E} thoa man f”(x) = 2 2 o va £(0)=1. Gié tri cua
e
biéu thirc f(—1)+f(3) bang
A. 4+1Inl5. B. 3+1Inl5. C. 2+1Inl5. D. Inl5.
Huéng din giéii

2. a(2x-1)
Chon C. Tacod f(x If )dx I 1dx J22—1 In|2x—1|+c.
2x— X

f(-1)=n3+1

7(3)=m5+1 < f(-1)+f(3)=2+Inl5.

f(0)=1ec=1 < f(x)=In]2x—1+1. {

. 1
Cau3: Chohamso f(x) xac dinh trén R\{E} thoaman f'(x) = o 1, fO)y=1va f1)=2

Gi4 tri ctia biéu thic £ (-1)+ f(3) bang
A. 4+1In5. B. 2+1Inl5. C.3+Inl5. D. In15.
Huéng din giai
Chgn C

Cich 1: » Trén khoang G;m}: () :[zxz_ldx:m(zx—mq. Laico f(D=2=C =2

1
* Trén khoang (—00,5) f(x)=J.2 2 1dlen(l—2x)+C2. Laico f(0)=1=C, =1.
x—

In(2x-1)+2 khix>l
Viy f(x)= 2 Suyra f(-1)+ f(3)=3+Inl5.
ln(1—2x)+1khix<5

H 187



Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

FO)- f(-)= jf'(x)dx ﬂ—hﬂz f=lnl ()
2x— 3

Cach 2: Ta co: -
f(3)—f(1)=jf'( )dx = 7-1n|2x I[f=1n5 (2)
1
Liy (2)-(1), tadwuoc £(3)— f(1)— f(0)+ f(-1)=In15= f(-1)+ f(3)=3+In15.
Cau4: Cho ham sb f(X) xac dinh trén R thoa man f’(x) =2x+1 va f(l) =5. Phuong trinh

f(X) =5 ¢6 hai nghiém X, , X,. Tinh tong S =log, |x1|+10g2 |x2|.

A S=1. B. S=2. C. S=0. D. S=4.
le(')’ngd?mgiéi
Chon A. Taco: f(x)=[f'(x)dr=[(2x+1)dr=x"+x+C.

Ma f(1)=5<1+1+C=5<C=3= f(x)=x"+x+3.
Xét phuong trinh: f(x)=5<:>x2+x+3=5<:>x2+x—2:0<:>{x )
X =-
S=log, |x1| +log, |x2| =log, |1| +log, |—2| =1
~ \ A ;g " 1 5 ~ 3 \ 2
Cau5: Chohamso f(x) xac dinh trén R\ 3 thoa man f'(x)=ﬁ,f(0)=1 va f 3)°
—
Gia tri ciia biéu thic f(—1)+ /(3) bing
A.3+5In2. B. 2+5In2. C. 4+5In2. D. 2+5In2.
Huéng din giai

In[3x—1|+C, khix e (—oo;lj
3 3

Chon A. Céch 1: Tu f’(x):3 ; (x)= 3 1dx=
x-— X— 1n|3x—1|+C1 khixe(%;Jrooj
_ , 1
: f(0)=1 0+C =1 [C =1 1n|3x—1|+1kh1xe(—oo,3j
= = = '
161 (2) 5,7 04,2 g =2 =) Y
3 In|[3x—1|+2 khix e §;+oo

Khi d6: f(-1)+/(3)=In4+1+In8+2=3+In32=3+5In2.

1

£(0)-r(- jf j Sdx = In[3x— 1|| =ln- (1)

Cach 2: Tacod

2 3¢ , t 3 3
f(3)_f(§j:f(x)|§:'[f (x)dx:_!3x_1dX:ln|3x—l||§:1n8 (2)

3 3

Lay (2)—(1), ta duoc: f(3)+f(—1)—f(0)—f@}=ln32:>f(—1)+f(3) =3+5In2,

Cau 6:  Cho ham sb f(x) xac dinh trén R\{_Z;Z} va thdaman f'(x)= 24 ;[ (=3)=0;
[
f(O)ZIVé f(3)_2 . Tinh gia trj biéu thic P= f( ) f( ) f(4)
A. P=3+ln23—5. B. P=3+In3. C. P=2+ln§. D. P=2—1n§.

Huéng din giai
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In x‘i +C, khi x & (—0;-2)
X+
\ 4 4dx 4dx x=2 .
: (x)= = =|——= = =1ln C, khi x e(-2;2
Chon B.Tur f7(x) x' -4 :>f(x) J-x2—4 J‘(16—2)(x+2) X+2+ ? Z)CG( )
In X2 +C, khi x €(2;+0)
x+2
In[* 2| 1n5 khi x € (~o0;-2)
f(33)=0  |m5+C,=0 (¢ =-In5 Y2
Co4f(0)=1 =:0+C,=1 <{C,=1 = f(x)= 1nx;§ +1 khi x € (=2;2)
X
f(2):2 ln§+C3=2 C;=2+In3 I x=2 _ _
n 5 +2+In5 khi x e(2;+0)
X+

Khi d6 P:f(_4)+f(—1)+f(4) =ln3—ln5+ln3+1+1n%+2+ln5 =3+In3.

Cau7: Cho ham s f(x) xac dinh trén R\{—2;1} théa man f'(x)= ﬁ; f(—3)—f(3) =0

va £(0)= % Gia tri cua biéu thuc f(—4)+f(—l)—f(4) bang
1 1 1. 4 1, 8

A.—+—-In2. B. 1+In80. C.1+In2+=In—. D.1+=In—.
) 305 35
Huéng dan giai

Chon A
lln x—1 +C, khi xe(—o0;-2)
3 |x+2

1 dx dx 1, |x-1 )
()2 —mM = = = =<—1 +C, kh -2;1

/() xP+x-2 f(x) J.xz+x—2 J.(x—l)(x+2) 3nx+2 2 : xe( )
L=l +C, khi  xe(l;40)
3 |x+2

Dodé f(-3)-f(3)=0= §1n4+Cl —%m%—q =, =C +§1n10.

lln x— +C khi  x €(—0;-2)
3 |x+2
f(o):ljllnlJrc :l:C:lJrllnz:f(x): lln x—1 +l+lln2 khi  xe(-21)
373 2 7 3777 33 3 |x+2| 3 3
TP s imio i xe(tino)
3 |x+2 3

Khido f(—4)+7(-1)—-f(4) =Gln%+C‘1j+eln2+%+§ln2j—eh1%+q +%1n10j=%+%h12,

Cau8: Cho ham sb f(x) xac dinh trén R\{—l;l} va thoaman f’(x)= 1 1 ; f(—3)+f(3) =0

2
2 —
1 1 \
va f(_E}Lf(E) =2 . Tinh gia tri ctia biéu thirc P=f(0)+f(4) )

A.P:2+ln§. B.P:1+ln2. Q-P:1+llnz. D-P:llnz.
5 5 2 5 2 5

Huéng din giai
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%ln x_i +C, khi xe(—o0;—1)U(1;+o)
oy X+
Chon C. f(x)_xz— J.x —I_J. x+1 1. [x-1

—In +C, khi xe(-11)

2 |x+1

Ta cé f(—3)+f(3):0:>%1n2+C1+%ln%+Cl =0=>C =0.

1 1 1 1. 1
Va — |+ f|==2=>—-In3+C,+—In—+C, =2=0C, =1.
af(zjf(zj 2 2Ty 2

%ln x_i khi  x & (—o0;=1)U(1;+0)
+
Suyra f(x)= | x—l . Vay P=f(0)+/(4)= 1+21n%
—Inf=—l+1 khi xe(-L1)
2 |x+1

Cau9: Cho ham sb f(x) xac dinh trén R\{il} théa man f'(x)= %1 Biét f(—3)+f(3) =
¥l

v f(-é} f@:z. Git i T= £(=2)+ £(0)+ £ (4) bing:

A.T=2+lln§. E.T=1+lln2. C.T=3+lln2. D.T=lln2.
2 9 2 5 2 5 2 5
Huéng din giai
I, |x—1
Chon B. Ta cé ' =\||l— =—In——+C.
onB. Tacd [ f(x)dx=| -[(x 1 x+1j 2 |x+1
llnx—1+C khi x<-1,x>1
Dods f(x)=17 +7
—In—2+C, khi-1<x<l1
2 x+1
1 1
Do f(—3)+f(3)=0 nén C, =0, f(—§]+f(§j=2 nén G=1.
Tl khir<—tx>1
Nén f(x)=12 *7*! T=f(2)+f(0)+f(4) =1+ Lm2.
1. 1-x 2 5
—In——+1khi -1<x<1
x+1
Ciu 10: Cho hamsd f (x) nhén gia tri duwong, c6 dao ham lién tuc trén (0;+OO) thoa man f(z):%
va f'(x)+(2x+4) f*(x)=0. Tinh f(1)+f(2)+/(3).
A L. B. L. c. 10 D. .
15 15 30 30
Huéng din giai
Chon D. Vi f'(x)+(2x+4) f*(x)=0va f(x)>0, voi moi x €(0;+0) nén —%(x))=2x+4.
X
1 s 1, 1
Suy ra f(x):x2+4x+C.Matkhac f(2):E nén C =3 hay f(x):m.
Do dé f(1)+/(2)+ f() 11,17

15 24 30
Céau 11: Cho ham s f( ) Xac dmh va lién tyc trén R . Biét f6(x).f'(x) =12x+13 va f(O) =
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Khi d6 phuong trinh f (x) =3 ¢6 bao nhiéu nghiém?
A 2. B. 3. C.7. D. 1.
Huéng din giai
Chon A. Tu
fé(x).f'(x)=12x+l3:Jf6(x).f'(x)dxzj(l2x+13 )dx <:>Jf )df (x)=6x>+13x+C

,
@fT(x) 6x* +13x+C SO, o - .Suyra: ST (x)=42x" +91x+2.

Tir f(x)=3< f7(x)=2187 = 42x> +91x+2 = 2187 <42x° +91x—2185:0(*).
Phuong trinh (*) ¢6 2 nghiém trai ddu do ac < 0.
Céu 12: Cho ham s f(x) xac dinh trén R théamin f'(x)=+e ' +e " -2, f(O) =5va

1 : ,
f(lnzj =0. Gié tri ciia biéu thae S = f(~In16)+ f(In4) bang

A. S:32_1. B. s:%. C s:% D. £(0).£(2)=1.

Huéng din giai
e2—e 2 khi x>0

X
¢ - _x x
Ve ; i

e ?—¢?

Chon C. Taco f’(x):\/ex-i-e'x— =

x<0

2¢2+2e 2+C, khi x>0

e 2-2e+C, khi x<O0

Do d6 f(x)=
In4 In4
Theo d& bai ta c6 f(0)=5 nén 2¢"+2¢"+C =5 <>( =1 = f(In4)=2e > +2¢ > +1 =6

Lo

2 —2e 2 +C,=0=C =5

1
Tuong tu f(anj =0 nén —2e¢
(~In16) (~In16)

= f(-In16)=-2¢ 2 -2¢ * +5 :_%. Viy S:f(—1n16)+f(1n4):§.

. V4
Cau 13: Cho ham so0 f(x) lién tuc, khong am trén doan [0;3}, thoa man f(O):\E va

zr . .
F(x)f(x)=cosxl+ f7(x), VX E[O;E}. Tim gid tri nho nhat 71 va gia tri 16n nhat M

ctia ham sb [ ( )tren doan {7—6[ 7—21}
21
A.m=g,M:2\/5. B.m:%,MZ?’.
ng,MZ\/g, D. m=\/§,M =242

, Huéng din giai
Chon A. T gia thiét

x). f(x .
F(x).f'(x)=cosxqll+ f?(x) :% I\/T =sinx+C
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Pt 1= Ji+ /7 (x) = 2 =1+ 7 (x) =tdt=f(x) f'(x)dr.
Thay vao ta dugc jdtzsinx+C:>t=sinx+C:>,/1+f2(x):sinx+C.
Do f(0)=\/§ =>C=2. Viy I+ f*(x)=sinx+2= f*(x)=sin’x+4sinx+3

. V4
= f(x)= sin? x + 4sin x + 3, vi ham sb f(x) lién tuc, khong 4m trén doan [0;3} )

Ta cod %g xg%: lgsinxgl,xéthém sb g(t)=t2+4t+3 ¢6 hoanh d6 dinh ¢ =-2 loai.

2(t)=g(1)=8 Hyng(t):g(ijzzl.

[\

Suy ra max

[

Suy ra maxf f(§j=2f,m1nf(x):g(£j:£.

[6 )

va j;((x)) 2—2x. Tim céc gia tri thuc cua tham s6 M dé phuong trinh f ( ) m c6 hai
X
nghiém thyuc phan biét.
A. m>e. B. 0<m<1. C.0<mx<e. D.l<m<e.

Huéng din giai

Chon C. Taco 2 ) 5 5, :»j—)dx [(2-2x)dx.

/() /(%)
ehf(x)=2x-x+C o f(x)=4e* . Ma f(0)=1suyra f(x)=e>".
Ta cé 2x—x’=1-(x’—2x+1)=1-(x-1)"<1. Suy ra 0<é™™ <e va {ing v&i mot gia tri thuc
t <1 thi phuong trinh 2x — x* = ¢ s€ c6 hai nghiém phan biét.
Vay dé phuong trinh f(x) =m c6 2 nghiém phan biétkhi 0<m<e' =e.

Cau 15: Cho ham sb f(x) lién tuc trén R va f(x);tO véi moi xeR. f'(x)=(2x+l)f2 (x) va
f(1)=-0,5. Biét ring tong f(1)+f(2)+f(3)+...+f(2017):%; (a€Z,beN) véi %
toi gian. Ménh dé nao dudi day dung?

A.a+b=-1. B. a €(—2017;2017). C.%<—1. D. b—a=4035.
Huwéng dan giai

Chon D. Tacé f'(x)=(2x+1)/?(x) @;2(()6)) (2x+1) :»jf

—x>+x+C. Ma £(1)=-L nén C=0 - L 2.
7 AS()=-g e €205 f(0)=- =y

Mat khac f(1)+ £ (2)+ £ (3)+...+ f(2017) :G—lj{l—lj{l—%hn{L_Lj

~ -

2018 2017

L _ 22007 2017; h=2018.

SO+ F @)+ F ()bt [ (2017) = 1= =

Khi d6 b—a =4035.
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Cau 16: Cho ham s f(x) # 0 thoa man diéu kién f(x) =(2x+3).f2 (x) va f(0)= _71 Biét tong
F)+f(2)+..+ f(2017)+f(2018):% véi aeZbeN va % 14 phan s6 t6i gidn. Ménh
dé nao sau day dung?
A.%<—1. B.%>1. C. a+b=1010. D. b—a=3029.
Huéng din giai
Chen D. Biénddi f(x)=(2x+3)./*(x) o / (x) 2x+3@jf( dx = [(2x+3)dx

f3(x) (%)
_ 1 _ 2 I I BN
S f(x)_x +3x+C = f(x) 3 Ma f(0)=— nén =2.
Do d6 f(x)=-— L. 1 Khi d6

X +3x+2 __(x+1)(x+2)'

11 1 1
=f(1)+f(2)+...+f(2017)+f(2018)=—(—+—+ ..... + + j

23 34 2018.2019 2019.2020
=— l—1+l—l+ ..... + Lt 1 (L _ 1009
2 3 3 4 2018 2019 2020 2 2020 2020
C a1 : a=-1009
Vi dicu kién «, b thda man bai toan, suy ra: =b—a=3029.
b=2020
Cau 17: Cho ham sb y=f(x), Vx>0, théa man {f (x).f(x)—2[f ] +f*(x)= . Tinh
1(0)=0; £(0)=1
f(1).
AL B. 2. ct p. L.
3 2 7 6

Huéng din giai
r@s@-2lr @]
/(%)

Chon C. Taco: f"(x).f (x)-2[ f' (x] +xf7(x)=0 <

j[ﬂx)}_x S XSO0

Iz (x) o x) 3 fz(O) 5 —+C=C=0. Dodo

(
/(%)

1

1
f'(x 2 1 (g&j 1 1 1 6
- o e[y = == >t =2,
Fo = gels 70, e T @ e
Cau 18: Gid st ham s 7 (x) lién tuc, duong trén R ; thoa man f(0)=1va M:%.Khi d6
f(x) x +1

hiéu 7= £ (2v2)-27 (1) thudc khoang
A. (2:3). B. (7;9). C. (0:1). D. (%;12).
le(')'ng d?m giéi
d(x2 +1)

Chon C. Tacoj];((j:)dx [o e I Isz

Vay ln(f(x))=%ln(x2+1)+c,ma 7 )=1<:>C=O.Dod() f(x)=+x"+1.
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Nen f(2v2)=3 2/(1)=2V2 = r(2v2) -2/ (1) =3- 242  (0:1).
Cau19: Cho hamsd y=7f ( ) dong bién trén (0 +oo) y=f ( ) lién tuc, nhan gia tri duong trén
(03+00) va thoa man s (3)= g va [ £'(x)] = (x+1).f (x). Ménh d& nio du6i day ding?
A. 2613< f?(8) <2614. B. 2614 < f*(8) <2615,
C. 2618< f7(8)<2619. D. 2616 < f?(8)<2617.

Huéng din giai
Chon A. Hamsb y= f(x) dong bién trén (0;+oo) nén suy ra f'(x) >0,Vxe (O; +oo).
Mit khac y = f (x) lién tuc, nhéan gia trj duong trén (0; +oo) nén

(/)] =(x+1) £ (x)= f(x)=J(x+1) 1 (x), Vxe(0;40)

:%:m, Vxe(o;m):jjﬂ (r+1)dr = 7 () = (x+1) +
Tk f(3)=2 suyra Cz\E—g. Nhu vay f/(x ( Jx+1) + \ﬁ——) Boi thé:
{m \E——] [ \F 2] :>f2(8)={9+\/g—% ~2613,26.

Cau 20: Gia st ham sd y=f(x) lién tuc, nhan gia tri duong trén (0;+oo) va thoa man f(l) =1,
f(x) = f’(x)\/3x+1 , voi moi x> 0. Ménh d& nao sau day ding?
A. 4< f(5)<5. B. 2< f(5)<3. C. 3< f(5)<4. D. 1< f(5)<2

Huéng din giai

Chon C i
Cach 1: V61 diéu kién bai toan ta co
WA € f 1
x)=f"(x)V3x+]1 & = =N dx= dx
Fx)= 1) F(x) Bx+l I (x) I\/3x+1

@Id(j{é);)) 3_[(3 +l)2d(3x+l) <:>lnf(x)— M+C < f(x)=e

2 3x+1+C

4 EN o 4

Khi d6 f(1)=1<:>e3+C=1<:>C=—§ = f(x)=¢* = f(5)=¢>=3,79¢(3;4).
vay 3< f(5)<4

\ dx .
Chii y: Céic ban ¢6 thé tinh | ———bing cach dat #=+3x+1.
V3x+1

Ciach 2: Véi diéu kién bai toan ta co

)= f1(0)arrl e L) 1 G 5d(f(x))_4
F)=S T o - o Ll 70 3
O I NN S
o f(x )l s ehnTs & f(5)=r(1).e ~3,79¢(3:4
Cau 21: Cho ham sé f(x) thoa man [f (x)] +f(x).f"(x)=15x" +12x, VxeR va

f(O)zf’(O)zl. Gia tri cua f~( ) bang
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A2 B. 2. C. 10. D. 8.
2 2
Huéng din giai
Chon D. Tacé: (f’(x))2+f(x) f"(x)=15x"+12x, VxeR.
<:>[f ] =15x" +12x, VxeR <:>f( )f(x):3xs+6xz+C1
Do f( ) f( ) 1 néntaco G =1. Do do: f( )f(x)=3x5+6x2+1
@[%fz(x)j = 3x5 +6x2 +1<:>f2(x):x6+4x3+2x+C2.
Ma f(0)=1néntaco G =1 Dodo f*(x)=x"+4x"+2x+1. Vvay f*(1)=8

(V) ()

Céu 22: Cho ham sb f(x) lién tuc trén R va thoa man I dx = +C.
Jx+1 x+5
Nguyén ham ctia ham s6 f (2x) trén tap R" 1a:
A. x2+3 +C. B. x2+3 +C. C. 2x2+3 +C. Q.£+C.
2(x +4) x +4 4(x +1) S(x +1)

‘ Huéng din giai

Chon D. Theo dérata co:

jf(m)wz2(m+3)+6®2jf(\/ﬁ)d(\/ﬁ)=2(m+3)
Jx+1 x+5

(\/ﬁ)2+4

_2(t+3) 43
Hay 2[ f(¢)dt= g +c:jf(r)dz_t2+4+

1 1| 2x+3 2x+3
Suyra J‘f(ZX)dXZEJ.f(ZX)d(z.X)25((2)6)—2—+_4+C1]=8x2+8+c

DANG 2: AP DUNG PINH NGHIA, TINH CHAT, GIAI HE TiCH PHAN
5 2
Cau23: Cho [ f(x)dx=10.Kétqua [[2-41(x)]dx béng:
2 5

A. 34, B. 36. C. 40. D. 32.
Huéng din giai
2 2 2
Chon A. Tacd [[2-4f(x)]dx=2[dv—4[ f(x)dv ==2x] +4_|.f ~2.(5-2)+4.10=34.
5 5 5

Céu 24: Cho ham s6 f(x) lién tyc trén R va F( ) la nguyén ham cua f blet jf dx=9 va

F(0)=3. Tinh F(9).
A. F(9)=-6. B. F(9)=6. C. F(9)=12. D. F(9)=-12.
Huéng din giai
: 9
Chon C. Tacd: I =[f(x)de=F(x), =F(9)-F(0)=9 < F(9)=12.
0

1=ff(x)dx=3 szz.[4f(x)—3]dx

Ciu 25: Cho .Khido o bang:
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A 2. B. 6. C. 8. D. 4.

Huéng din giai
2 2 2
Chon B. Tacd J = [[4f(x)=3]dx =4[ f(x)dx—3[dx=43-34 =6.
4 ’ 4 ’ ’ 4
Jf(x)dleO J.g(x)dx=5 I=J.[3f(x)—5g(x)]dx
Cau 26: Cho 2 va 2 . Tinh 2
A I=5. B. I=15. C.I1=-5.

Huéng din giai

Chon A. Co: I=j[3f(x)—5g(x)]dx =3jf(x)dx—5ig(x)dx=5.

D. 7=10.

S )y O

0 9
f(x)dx=37  [g(x)dr=16 I=[[2f(x)+3gx)]dx
Cau 27: Giasu va o . Khi @6, 0 bang:

A. 1=26. B. [ =58. C. 1=143. D. [=122.
Huéng din giai
9 9 9 9 0
Chon A. Tacd: I =[[2f(x)+3g(x)]dx = [2f (x)dx+[3g(x)dv =2[ f(x)dx~3[ g (x)dr =26.

0 0 0

0 9
2 5

5
[ f(x)de=3 [f(x)de==1  [f(x)dx
Cau 28: Néu ! , 2 thi 1 bang
A. 2. B. 2. C. 3. D. 4.
Huéng din giai
5 2 5

Chon B. Tacd [ f(x)dx = [ f(x)dr+ [ f(x)dr=3-1=2,

1 1 2

Cau 29: Cho !

. Gia tri cua ! bang
A. 1. B. 3.

C. -1 D. 3.
Huéng din giai

Chon C. jf(x)dx:_[f(x)dx+_[f(x)dx:—l.

10 6
Cau30: Chohamsé f(x) lién tuc trén doan [0;10] v [ f(x)dx=7 va [ f(x)dx=3. Tinh
0 2

P=

O ey 1O

f(x)dx+l.ff(x)dx.

A. P=T7. B. P=-4. C. P=4. D. P=10.
Huéng din giai

Chon C. Taco
[f(x)dx=7 < [ f(x)de+]

f(x)dx+ljgf(x)dx=7@jf(x)dx+ff(x)dx=7—3=4. Vay P=4

1 2

[f(x)dx=2 , [ (x)dr=
Cau31: Cho ? , [ f(x)dx=4, khido © ?
1
A. 6. B. 2. C. 1. D. 3.

Huéng din giai
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Chon A. ff(x)dx:jf(x)dwjf(x)dx:a

1 3 3
Cau32: Chohamsd f(x) lién tuc trén R vacé [ f(x)dx=2; [f(x)dc=6.Tinh 7= f(x)dx
0 1 0

A. 1=8. B. /=12. C.1=36. D. [ =4.
Huéng din giai

Chon A. Izj.f(x)dx =jf(x)dx+jf(x)dx =2+6=8.

f(x)dx=2 j.g(x)dxz—l I=j[x+2f(x)+3g(x)]dx

Ciau 33: Cho -1 va -l .Tinh 2 bang
A1_11 B.1:1. C.1:1—7. D. :2.
2 2 2
le(')'ng din giai
x? 3 5
Chon D. Ta cé: 1— ) +2jf dx+3jg dx=>+4-3=>
8 4
, jf(x)dxz—z jf(x)dx=3 jg(x)dx=7 ‘
Cau 34: Biét ! ;1 ;1 . Ménh dé nao sau day sai?
8 4
A. J.f(x)dle. B. I[f(x)Jrg(x)]dx:lO.
4 1
8 4
C. [f(x)dx=-5. D. [[4f (x)—-2g(x)]dx=-2
1

4
Huéng din giai

Chon A. Taco j.f(x)dxz f(x)dx—if(x)dx=—2—3:—5

—_—— o

U . _ 3
Cau 35: Cho ham sb f(x) co f(x) lién tuc trén doan [_1’3] , f(_l)_?,véj.f’(x)dx:lo gia tri
-1

cua f(3)b§“1ng
A. —13. B. 7. C.13. D. 7.
Huéng din giai
3
Chon C. Tacé [ f'(x)dx=10= f(x)] =10 < f(3)=f(-1)=10 & f(3)=f(-1)+10=13.
-1
2 2
[f(x)dx=3 [(f (x)+1)dx
Cau 36: Cho © . Tinh © ?

A. 4. B. 5. C.7. D. 1.
Huéng din giai.

Chen B. Tacoj(f(x)ﬂ)dx=jf(x)dx+jdx=3+2=5.
Cau37: Choy= jof( ), y=g(x )1; cic ham SZ c6 dao ham lién tuc trén [0;2] va

jg x)dx =2, jg f (x)dx =3. Tinh tich phan 1=j[f(x).g(x)]'dx.

A I=-1. B.7=6. C.I=5. 0 D. /=1

Huéng din giai
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2 2

Chon C. Xéttich phan 7= [[ f(x).g(x)] dx=[[f'(x).g(x)+ (x).g'(x)]dx
0 0

:Jz.g'(x)'f(x)defj;g(x)-f'(x)dx=5.

-2

[F(x)ar=8  [g(x)dx=3 ;

Chu 38: Cho hai tich phan 2 va s .Tinh = j[f(x)—4g(x)—1]dx.
-2

A. I=-11. B. I=13. C.1=27. D. /=3.
Huéng din giai

5 5 -2
Chon B. Taco: I = J.[f(x)—4g(x)—1]dx = If(x)dx+4jg(x)dx—x|i2 =8+43-(5+2)=13.
2 -2 5
1
CAu39: Chohams6 f(x)=x"—4x"+2x" —x+1,VxeR. Tinh [ (x).f"(x)dx.
0

A. % . B. 2. c 2 D. 2.

7
Huéng din giai

D _LO-£0)

Chon C. Tacé .:[fz(x).f'(x)dxz.:[fz (x)d] f(x)] =f3( 3 =-5

b

6 4
Cau 40: Cho ham sé f(x) lién tuc trén doan [0; 6] thoa man j f(x)dx=10 va j f(x)dx=6. Tinh
0 2

2 6
gid trj cua biéu thire P= [ f (x)dx+ [ f(x)dx.
0 4
A. P=4. B. P=16. C. P=8. D. P=10.
Huéng din giai:
2 6 6 2 6
Chon A. Taco: p =Jf(x)dx+_[f(x)dx=(Jf(x)dyﬁ—If(x)dx]+jf(x)dx
6 ! 4 ) 2 ! 6 ‘ 6 ) 2
=If(x)dx+[If(x)dx+If(x)de+If(x)dx:If(x)dx+.[f(x)dx =10-6=4
0 6 4 4 0 4
1 1
Cu41: Choham s f(x) lién tuc trén doan [0; 1] vacd [[3-2f(x)]dx=5.Tinh [ (x)dx.
0 0
A. -1 B.2. C. 1. D. 2.
Huéng din giai:
1 1 1 1
Chon A. Tacé: [[3-2f(x)]dv=5< [3dx—2[ f(x)dx=5< 3 —2[ f(x)dx =5
0 0 0 0

@—2jf(x)dx=5—3=2:jf(x)dxz—l

1
Céu 42: Cho hai ham s6 f/(x) va g(x) lién tuc trén doan [0; 1], ¢6 [ f(x)dx=4 v [g(x)dr=-2.
0

0
Tinh tich phan 7 = [[ f (x)-3g(x)]dx.
A. -10. B. 10. C.2. D. 2.

Huéng din giai:
Chon B.
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]=j[f(x)—3g(x)]dx=jf( dx — 3jg dx=4-3(-2)=10

0

1
Cau43: Chohamsé f(x)= ln‘x+\/x2 +1‘. Tinh tich phan 7 = J.f'(x)dx
0

A I1=Inv2. B. [ =In(1++2). C.I=In2 D. /=2In2
Huéng din giai:
Chon B.
1 1
Ta c6: Izjf'(x)dxzf(x)ﬁ):ln x+x7+1 =ln(1+\/§)
0 0

Ciu44: Chohamsd f (x) c6 dao ham lién tuc trén doan [1; In3] va théa man f (1) =¢’

In3

If Jdx=9—¢*. Tinh [ = f(h13)

b

A. 1=9-2¢. B. 1=9. C.I1=-9.
Huéng din giai:

D. [ =2e>-9.
Chon B. Taco:

In3

j fi(x

CAu 45: Cho hai hamsd y = f(x) va y= g( ) ¢6 dao ham lién tuc trén doan [0; 1] va thoa man

jf x)de=1, jf '(x)dx=—1. Tinh [ = j[f )-g(x)] dx.

A.I=—2. B. 1=0. C.1=3. D.I=2.
Huéng din giai:

Chon B. J =.:[[f(x).g(x)}/ dx=j[f(x).g'(x)+f'(x).g(x)]dx

"= f(n3)-f(1)=9-¢ (g)=f(In3)-€ =9-& = f(In3)=

1
=[f(x)g dx+jf g(x)dx=1-1=0
0
Cau 46: Cho ham sé f(x) lién tuc trén (0;+o0) va thoa j £ (t)dt = x.cos zx . Tinh f(4).
0

A. f(4)=123. B. f(4)=3. Cr4)=2. D./(4)=1
Huéng din giai: 7

Chon D. Tacd: F(t)=[f(¢)dt= F'(t)=f(t) bit G(x)z]f(t)dtzF(xz)—F(O)

:>G'(x) z[F(xz)]/ =2x.f(x2) (Tinh chat dao ham hop: f'[u(x)] =f"(u)u'(x))

Mit khac, tir gt: G(x)z]ff(t)dt = X.COS X

:>G'(x):(x.cosmc)':—x72'sin7rx+cos72'x 32x.f(x2)=—x7rsin7rx+cos7rx (D)
Tinh f(4)= tng véi x=2. Thay x =2 vao (1) =4.f(4)=—27sin27z +cos27z =1
1

(%)
Cau 47: Cho ham sb f(x) thda man fj $2.dt = x.cos 7x - Tinh f(4)
0

H 199



Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

A. f(4)=243. B. f(4)=-1. C. f(4):%. D. £(4)=312.

Huéng din giai:

Chon D

f(x) 3 S(x) 3

J. dt =3 = I:f(;)] = XCOS7TX :[f(x)T =3x.cos7x = f(x)=</3xcoszx = f(4) =12
0 0

CAu 48: Cho ham sb G(x J.t cos(x—t).dt. Tinh G(2J

A G-@:_l. B. G-(E}zl. . G'(%J:O. D. Gv(gjzz.

Hu’o’ng din giai:
Chon B. Cich 1: Taco: F(1 It cos(x—t)dt = F'(x)=t.cos(x—1t)

bat G (x J.tcos (x—t)dt=F(x)-F(0)

0

= [F(x)-F(0)] = F'(x)- F(0)=[xcos(x-x)-0] =x'=1 :’G'@:l

Cach 2:

Taco G(x Itcos x—t)dt. Dt u=t=du=dt, dv= cos(x—t)dx chon v=—sin(x—1)

= G(x) =—1. sm

;+I51n Isin(x—t)dtzcos(x—t)ﬁ =cos0—cosx=1-cosx
0 0

= G'(x)=sinx= G'(z) —sinZ =1
2 2

Ciud9: Cho ham sb G (x)= [ cos<r.dr (x>0). Tinh G'(x).
0

A. G'(x) =x’.cosx. B. G'(x) =2X.COSX. C. G'(x) =COSX. D. G'(x) =cosx—1.
Huéng din giai:

Chon B. Taco F(r) =Jcos\/;dt = F'(t)= cos/t = G(x)= ] cos/tdt = F(xz)—F(O)

:>G'(x) =[F(x2)—F(O)] =[F(x2)] —[F 0 ]/ :[F(xz)] =2x.F'(x2) =2x.COS\/;=2X.COSX

Cau 50: Cho ham sb G I\/1+t dt. Tinh G' ( )

A. \/lx—z B.\/1+X . C. ! = D. (x2+l)\/x2+l.
+X
Huéng din giai:

Chon A. Dit F(r J.\/th:F(t)—\/m
ZImdt:F(x)—F(l):G'(x):F'(x)—F’(l):F'(x): X

-
Ciu 51: Cho ham sb F(x J'smt dt (x>0). Tinh F' ( )

1
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sin x 2sinx ;
B.—— c.—= D. siny/x .

A. sinx. . : :
Sin x 2\/; \/;
Huéng din giai:
Vx
it F(1)=[sini’dt,G(x)= [ sini’dr=F (Jx)-F (1)
1
VN o VY o B Vo 2 sinx
=G'(x)=F'(Vx)-F'(1) =F'(vx) =(Vx) sin(vx) RN
Chon B
Cau 52: Tinh dao ham cita f(x), biét f(x) thoa [re’"dr =™,
0

A. f'(x)=x. B. f'(x)=x"+1. C. f'(x)=
Huéng din giai:

Chon D. Dit F (¢ jte Yt = F'(1)=te’") = G(x jze ldt = F (x)-F (0)

><|—~
o
>
X
I

SG'(X):F'(X) (gt) o xe') = /W :>[x.ef( ):|/ =|:€f(x):|
=W xf(x).e’ = f(x) Y 14 ()= 11(x) = f'(x)=%
—X
Cau 53: Cho ham s6 y=f(x) lién tuc trén [O;+OO) va ]'zf(;)dt: x.sin(;zx)- Tinh f(4)

A f(m)=T2 B. f(r)=7. C. f(m)=% D. f(x)=7

Huéng din giai
Chon B. Tacé [ f(t)dt=F(t) =F'(t)=f(t)
Khi @6 ]'zf(;)dt = x.sin(;zx) QF(I)‘ZZ =x.sin(71'x) = F(xz)—F(O) =x.sin(7rx)

= F'(xz).2x =sin(7zx)+ zx.cos(7x) < f(xz).2x =sin(7zx)+7zx.cos(7x) = f(4)= % :

Cau 54: Cho ham s / (x) lién tuc trén khoang (_2; 3) . Goi F(x) la mot nguyén ham cua / (x) trén
2
Y 1= [f(x)+2x]dx 1\ _
khoang ( % ) Tinh J.l , biét F 1)_1 va F<2)_4.
A.1=6, B. /=10, c.I=3 p. =9,
Huéng din giai
2 — _ — —
Chon A. Izj[f(x)+2x]dxzF(x)|:+x2|: —F(2) F( 1)+(4 1) =4-1+3=6_
-1
2 2 2
J.f(x)dx=2 J.g(x)dxz—l I=I[x+2f(x)—3g(x)]dx
Cau 55: Cho -! va -1 . Tinh -1
AI_11 B.I:Z. g.1:1_7. D.]:i.
2 2 2
Huéng din giai
: x22 17
Chon C. Ta cé: 1=_jl[x+2f( x)—-3g(x)]dr = jxdx+2j x)dx - 3jg dr == +4+3=7

-1
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2 2 2
I[3f(x)+2g(x)]dx=1 J.[Zf(x)—g(x)]dxz—?s If(x)dx ‘
Cau 56: Cho ! , 1 . Khi do, ! bang
VLY B. -2 c. b p. 16
7 7 7 7
Huéng din giai
5
Chon B Déta—jf(x)dx b—jf(x)dx ta co hé phuong rinh 12072071 L1077
J . ¢ _1 9 _l 9 p g 2a—b:—3 sz
7

Cau 57: Cho f(x), g(x) 13 hai ham sb lién tuc trén doan [—l;l] va f(x) 12 ham s6 chén, g(x) la
1 1
ham s 1é. Biét [ f(x)dx=S5; [g(x)dx=7 . Ménh dé ndo sau day 14 sai?
0 0
1
A. [ f(x)dx=10. B. [[f(x)+g(x)]dx=10.
-1

1
C. J.[f(x)—g(x)]dleo. D. Ig(x)dx=14.
-1
Huéng din glal
Chon D. Vi f(x) 1a ham sb chin nén .[f dx = 2.[f dx =2.5=10.
—-1 0
1 1 1
Vi g(x) laham sd 1enén [ g(x)dx=0 =>[[ £ (x)+g(x)]dr=10 va [[f(x)-g(x)]dr=10.
-1 —1 -1
Ciau 58: Cho f(x), g(x) 12 hai ham s8 lién tuc trén doan [—L1] va f(x) 1a ham s chin, g(x) Ia

ham s 1¢. Biét I f(x)dx=5; Ig )dx =7.Ménh dé nio sau day la sai?
1 1

A. [ f(x)dx=10. B. [[f(x)+g(x)]dx=10.
-1 -1

C. [[f(x)-g(x)]dx=10. D. [g(x)dx=
_ Huéng din giai

1 1
Chon D. Vi /() 1a ham s§ chin nén jf(x)dxzzjf(x)dx=2.5=10.
-1

Vi g(x) 1a ham s6 1& nén jg dx= 0:>I[f(x x)]dleO Véj[f(x)—g(x)]dleo.

10 10
[ r(z)dz=17 jf [-37(x)dx
Cau 59: Neu © va o th1 8 bang
A. -15. B. 29. C. 15. D. 5.

Huéng din giai

Chon A. I:—SIJQf(x)dx:—3[])-f(x)dx+lff(x)dxj=—3(—12+17):—15.
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2 7 7
[£(x)dx=2 [r(r)de=9 [£(z)dz
Cau 60: Cho -! , - . Gia tri cua 2 la
A.11. B. 5. C.7. D. 9.
Huéng din giai
Chgn C

7

Taco j.lf(t)dtzj.lf(x)dx va 'Ef(z)dZZ'[f(x)dx nén if(x)dxzif(x)dx+‘l.f(x)dx

2

Vay jf(z)dz=7.

3
Céiu 61: Chohamsb y= f(x) lién tuc, ludn duong trén [0;3] va théaman J = jf(x)dx =4 .Khi

0

3
do gia tri cua tich phan K = J.(emn(f ) 4 4)dx la:
0

A. 4+12e. B. 12+4e. C. 3e+14. D. 14+3e.
Huéng din giai
Chon B
3 3 3 3 3
TacoK = j(e“ln(f(x)) +4)dx= [ "y + [ddx = e £ (x)dr+ [4dx = de+4x| =de+12.
0 0 0 0

0
Vay K =4e+12.
Ciu 62: Chohamsb y=f (X) c6 dao ham trén R thoa
0)=r"(0)=1; !
{f( )=10) . Tinh [ f(x—1)dx.
f(x+y)zf(x)+f(y)+3xy(x+y)—l, vx,yeR 0
L B. - L. c L. p. L.
2 4 4 4
Huéng din giai
Chon C. Liy dao ham theo ham s6 y : f'(x+y)=f'(y)+3x2 +6xy, VxeR.
Cho y=0= f"(x)=/"(0)+3x* = f"(x)=1+3x"

Vay f(x)=[f(x)dr=x"+x+C ma f(0)=1=C=1suyra f(x)=2"+x+1.
,[f(x—l)dx=:[f(x)dx= J.(x3+x+1)dx=(%+%+xJ

Cau 63: Cho ham sé f(x) 1a ham bac nhat thoa méan j(x+1)f’(x)dx =10 va 2f(1)-f(0)=2.

0

A

0
=—l—l+1 :l.
4 2 4

-1

Tinh Izj;f(x)dx.
A. I=1. B.1=8. C. I=-12. D.=-8.
Huéng dan gisi
Chon D. Goi f(x)=ax+b, (a#0) = f'(x)=a. Theo gia thiét ta co:

+) j(x+1)f’(x)dx=10 <:>aj(x+1)dx=10 @j(xﬂ)dng @izﬂja:i_o.

0 a 2 a

+) 2f(1)-f(0)=2 @2.(?%)—1;:2 @bz_%,
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34 120  34)
Do do, f(x)——x—?. Vay 1= J.f J‘O(—x—?]dX——S,

. Tinh f(_1)+f(2)

f(=1)+f(2)=- B. f(-1)+/(2)=a-b.
f(=D+f(2)=a+b. D. f(-1)+f(2)=b-a.
le(')’ngd?mgiéi
O f(—x)= 1 =- = nén f'(x) 1a ham lé.
Chon C. Taco f'(-x) (_x)3+(_x)5 - f'(x) nén f(x) 1a ham 1
Do d6 jf )dx = 0<:>jf d=—[ f'(x)dx.

Suyra S ()= £(-2) = (2) (1) = F()+ £ (2) = (D) £ () =asb.

Cau 65: Cho ham s 7 () xac dint tren RO 14 thoa man £1(x)=— S()=a f(-2)=b

x4+ xt
Gia tri ctia biéu thirc f(_l) —f(2) bang
A.b—a. B.a+b. C.a-b. D. —a-b.
Hu’(’)’ng din giai
Chon A. Tacd f'(—x)= ! = f( ) nén f'(x) 12 ham chan.

(cx) +(—x)"  x+a
Do do Ef’(x)dxzj[f’(x)dx.
Suyra f(=1)=/(2)=/(-1)-f(=2)+S (—2)—f ()+/(1)-1(2)
—jf )dx +b- a—jf )dx =b—a.

CAu 66: Chohamsd y=f ( ) xéac dinh va lién tyc trén R thoa man dong thoi cac didu kién

f(x)>0, VxeR; f'(x)z—ex.fz(x), VxeR va f(o):l.Tinhgiétricﬁa f(ln2).

A. f(ln2)=§ B. f(ln2)=_g, C. f(ln2) % D'f(ln2)=§
Hu’O'ngdanglal
Chon . /() =1 (1) & Lo o [ L aeJorar o [ L o]
! ;_;_ I |
A E R BT () R R A S

Ciu 67: Chohamsd y=f (x) 6 db thi (C ) , Xac dinh va lién tyc trén R thoa man dong thoi cac
didu kién f(x)>0 VxeR, f(x)= (x.f(x))2 ,VxeR va f(0)=2.Phuong trinh tiép
tuyén tai diém c6 hoanh d6 x =1 cua do thi (C ) 1a.

A y=6x+30. B. y = —6x+30. C. y=36x-30. D. y=-36x+42.

Huéng din giai
Chon C.
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1 1

1

3

0

, _ 2 (-x) @ f ) _1x2 lezi & — 1

AR & e Ve R A Ve R R
1 1 1 1 1 2

ST O 3T e ST =) =36

Vay phuong trinh tiép tuyén can 1ap 1a y = 36x - 30.
Ciu 68: Chohamsb y=/f ( ) >0 x4c dinh, c6 dao ham trén doan [01] va théa man:

g(x )—1+2018jf r)dt, g(x)= . Tinh j,/ x)dx.
A LOLL B. 1099 C. & D. 505.
2 2 2

Huéng din giai

Chon A. Taco g(x)=1+2018jf(z)dt = g'(x)=2018/(x)=2018,[g(x)

=2018x],

o018 = [0 g 2018[dx Je@)
3\/7 I\/g (x) ! (V= (),
:>2( g(t)—l):2018t (do g(0)=1) 3@=1009t+13i@dt:[$t2+0 -

0

f(x)>0,vxeR

1011

CAu 69: Cho ham sb y=r (x) ¢6 dao ham va lién tuc trén doan [_l;l],théa man
w21 (0)=0 g F()=1 o F=1),
A. f(-1)=¢". B. f(-1)=¢". C. f(-1)=¢". D. f(-1)=3.

o Huéng dén gidi
Chon C. Bién doi:

f'(x)+2f(x)=0<:>M=—2<:> jdez j—2dx<:> jdf—(x)=—4@ In £ (x)|',=—4

/(%) S 5 (%)
1n%=—4@%=e*‘ o f(-1)=f(1)e =2

Cau 70: Cho ham sé f(x) c6 dao ham lién tuc trén doan [0;1] ddng thoi thoa man f'(0)=9 va
9" (x)+[/'(x)=+]" =9 Tinh T=1(1)=f(0).
A. T=2+9In2. B.T=9. C. T:%+91n2. D.T=2-9In2.

Huéng din giai

Chen C. Tacs 9f"(x)+[f"(x)=x] =9 = 9(s"(x)-1)=-[/"( )-ﬂzj_%:é-
L e S / "( ) o jédx:#:f+c.

Do f'(0)= 9nenC:§suyraf(x) xe— = f(x)=—

Vay T=f(1)—f(0)=i(%+xj (9ln|x+l|+—j _91n2+_

Cau 71: Cho ham s6 y:f( )thoaman f'(x)f(x) xtea . Biét f(o)zz.Tinh fz(z)_
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APE-T BLEST CLES PresT
Hudéng din giai
Chon B. Taco
\ , 2 ’ 2 ) , 2 136 ) 136
f(x).f(x)=x"+x :>.(|).f (x).f(x)dxz_([(x +x )dx@!f(x)df(x):FQ fz(x)|0:F
f(2)=4 _136 o0, 332
J\e)7 2)=332
2 15 < ()=

Cau 72: Cho f(x) xac dinh, co6 dao ham, lién tuc va déng bién trén [1;4] thoa man

x+2xf (x [f (x) ] vxe([L4], f(1)==. Gid tri f(4) béng:
NEL p. 361 c. 381 p. 37!
18 18 B 18 18
o Huwéng dan giai
Chon A. Bién doi:

421 (1) =/ (0)] & x(142/ () =[/'(0)] Ql[f2(fz]):>+f)()

4 ' 4
S ¢ 14 14 391
:>! Tzf(x)dx_!\/}dx SN == elrar@)-2= 2o r(4)=1
4 ’
: /(%) Y
Chui y: Neu khong nhin di luon I =|———===dx=1+2f(x)| = -2 thi )
1 y: Néu khong nhin dwoc ra luon ‘!‘ 1+2f(x) f( )L J1+2f(4)-2 thitaco

thé sir dung ky thudt vi phan hodc doi bzén (ban chat la mét).

+ Vi phdn: IW _JW j 121 (x ))2d1+2f )) =T+ 27 (x ‘
+B01bzen:Batt=4/1+2f(x) =35 =1+2f( ) @tdt:f'(x)dx
Voi x=1=1t=\1+2f(1)=2;x=4=1=/1+21(4).

1+2f(4) 1+2f(
1+ /

Khi do 1= j = [ a=""" - iar@) -2

2

Cau73: Cho ham sé _f ( ) co S/ (x) lién tyc trén nira khoang [();+oo) thoa man

3f(x)+ f1(x)=N1+3e™ g,

5 1 1 3 1 1
L Ef(1)-7(0)= - L Ef(1)-£(0)= -
A-ef)-(0)=== B.</()-/(0)=_ ==

C.ef(1)-7(0)=

(ez+3)":2+3_8_ D. o' f(1)- £ (0)=(* +3)Ve? +3-8.

Chon C. Tacé: 3/ (x)+f(x) =143 = Y& 13

=367/ (x)+e 1 (x) = eV 13 &[S (x)] = e +3.
7))
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rol 3! e’ +3)Ve’ +3 -8
@[eSxf(x)J‘ozg(\/e“+3)‘ c>e3f(1)—f(0):( ) 3 .
0
Ciau 74: Cho ham s6 f lién tuc, f(X) >—1, f(O) =0 vathoa f'(x)vx*+1=2xy/f(x)+1. Tinh
f(+3)

A. 0. B. 3. C.7. D. 9.
Huéng din giai

Chon B. Taco (¥ +1 =207 () 1 ‘i’w{(S)ﬂ T
NE]

NE) ' 3 3 W3
©£ f(X)+1dx:!\/x22x+1dXQ\/f(x)H‘of:\/sz‘of@ ),

V(%)
e Jf(B)H-Jf(0)+1=1ef(\3)+1=2e f(\3)=3.

Céu75: Chohimsé f(x)#0 thoa man didukien f'(x)=(2x+3) f*(x) va f(o):—%.Biét

=1

rang tong f(1)+f(2)+f(3)+...+f(2017)+f(2018):% VOl (an, beN*) va % 1a

phan s6 t6i gian. Ménh dé nao sau day dung?

A.%<—1. B.%>1. C. a+b=1010. D. b—a=3029.
Huéng din giai

Chon D. Taco

F(0)=(2x+3) £ (x) e L) iy o [P0 (004 3)dr 0 = ¥+ 3r4C
I (x) f(x) f(x)

‘ 1 ) 1 1 1

\% ———=C=2. V =— = .

lf(O) 2:>C 2 » f(x) (x+1)(x+2) x+2 x+1

Dodd f(1)+ £(2)+ f(3)+..t £(2017)+ £ (2018) = ——— L = 1909

2020 2 2020
Vay a=-1009; 5b=2020. Do d6 b—a =3029.

Cau 76: Biét luén co haisd ava b dé F(x)= ax +f (4a—b¢0) 12 nguyén ham ciia ham s6 f(X) va
x+
thoa méan: 217 (x) = [F(x) —1] f'(x). Khang dinh nao dudi day ding va day du nhat?
A.a=1,b=4. B.a=1,b=-1. Q.azl,beR\{4}. D.acR, beR.
Huéng din giai
Chon C
-b 2b—-8a
Tacd F(x)= 22 1angu énham cia f(x) nén =F'(x)= 4a va f'(x)= )
(=2 tanguy () ()= /()= 20 v ()2
2(4a-b)’ (ax+b ij—Sa
Do dé: 2/ (x)=(F(x)-1)f"(x) = -1

<:>4a—b=—(ax+b—x—4) (:)(x+4)(1—a)=0<:>a=1 (do x+4=0)
Véia=1ma da—b#0nénb=4. Viya=1,beR\{4.

Chit y: Ta c6 thé 1am tric nghiém nhu sau:
+ Vi 4a—b # 0 nén loai dugc ngay phuong an A: a =1, b=4 vaphuongan D: aeR, beR.
+ Pé kiém tra hai phuwong an con lai, taldy b =0, a =1.Khi d0, ta co
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X 4 , 8
F = > =5 > = .
(x) x+4 f(x) ()C+4)2 f (x) (x+4)3
Thay vao 2/ (x)=(F(x)~1) f'(x) thdy dung.

CaAu 77: Cho ham sb Y zf(x) ¢6 dao ham lién tuc trén [1;2] thdéa man f(l):4 va
f(x)=x"(x)-2x° —3x2. Tinh 7(2)
A. 5. B. 20. C. 10. D. 15.
Huéng din giai

Chon B. Do x €[1;2] nén

f(x)=xf’(x)—2x3—3x2@—xf,(xi;f(x)zzxw@ fix)j=2x+3 A

=x*+3x+C.

Do f(l)=4 nén C=0:>f(x)=x3+3x2, Vay f(2):

T ,
Cau78: Cho f(x)= trén (—3 Ej va F( ) 12 mot nguyén ham cua xf (x) thoa man

cos® x

F(O) 0.Biét ae _Z. z thoa man tana =3. Tinh F( ) 10a* +3a.
2°2

A ~Lmio. B. - Li1o. C Lo, D. In10.
2 4 2

Huéng din giai
Chon C. Taco: F(x)zjx "(x) dxzjxdf (x) =xf(x If

1nx

Ta lai co: If )dx = I—dx jxd tan x) = x tan x — Jtanxdx _xtanx—j

COos X COSX

- xtanx+I d(cosx) = xtanx +In|cos x|+ C = F(x) = xf (x) —xtan x—In|cos x| + C

Lai co: F(0)=0=C=0,dodo: F(x)=xf(x)—xtanx—In|cosx].
F(a)=af (a)—atana—In|cosa|

1
Khi d@6 —— % _—g(1+tan’a) =10a va 1 =1+tan’a =10 2 :L<:>cosa =—,
f(a) o a( an a) o +tan’ a & cos’a 0 | | \/E

Vay F(a)-10a*+3a =10a* —3a—In —10a2+3a:%1n10.

1
J10

Cau79: Cho hamsd y=f (X) xac dinh va lién tuc trén R théa man déng thoi cac diéu kién sau

f(x)>0, wxeR, f'(x)=—€"f>(x) VxeR va f(O):%. Phuong trinh tiép tuyén cia

dd thi tai diém c6 hoanh do X, =In2 1a

A.2x+9y-2In2-3=0. B.2x-9y-2In2+3=0.
C.2x-9y+2In2-3=0. D. 2x+9y+2In2-3=0.
Huéng din giai
Chon A
In2 ’ In2 In2

. x f'(x) {f(x):| (o 1 In2

Taco f'(x)=—€"f*(x) & - —e' || 5| d= e | —— | =(e"
W= e g = ra o =rm),
1

! = 1 ln2 _ 1 2_ 2
> ) F(0) "=/ (m2)=3- Tedomed f'(In2)=—" 2 (mz)“z'(gj __2
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Vay phuong trinh tiép tuyén can tim 1a y= _g(x_ln 2)+§ & 2x+9y-2In2-3=0.

Cau 80: Cho ham sé f(x) c6 dao ham lién tuc trén doan [0;1], /(x) va f"(x) déu nhan gia tri
duong trén doan [01] va théa man f ( ) =2,

j[f’(x)-[f( +1]dx 2_[\/7]‘ demhj[f

AL B. 1. c. 7 p. .

4 2 2 2
Huwéng dan giai

Chon D. Theo gia thiét, ta co j[f'(x).[f(x)]2 +1}dx - 2jm.f(x)dx
¢>i[fxxy[f(xﬂz+{px—zi¢?7}7f(xyu=
Qj[f )] 27 (x).1 (%) } - @j)‘[ f’(x).f(x)—l}dx=()

0

= )£ (x)-1=0=>1(x).f"(x)=1= 3 =x+C.Ma f(0)=2=C=
19

Vay f7(x)=3x+8. Vayj[f (x)] dv= j3x+8)dx ( ]1:_

5 .
0

Cau 81: Cho f(x)khong am thoa man didu kién 1(x).f'(x) =2xy/ f2(x)+]1 va f£(0)=0. Téng gia
tri 16n nhét va nhé nhét ctia ham sé y = f(x) trén [].;3] la
A2 B. 4W11+43 C. 20472 D. 31143
Huéng din giai
Chon D. Bién doi:
TS0 = 220 F () + 1 e L) zx:jf(x)f ) gy = [2xdx & 1 ) +1=x"+C

VA +1 JrE)+

Voi f(0)=0=C=1= 4/ (x)+1=x"+1= f2(x)=x*+2x> = g(x)
Ta co: g'(x)=4x3+4x>O,Vxe[l;3]. Suy ra g (x) dong bién trén [1;3]

min f (x) = V3

Suy ra g(l)Sg(x)zfz(x)Sg(3):>3£f2(x)s99 =0, 3<f(x)<3\/_3 1
Max f (x) = 311

Chii y: Néu khéng tim dwoc ra luén J‘%dx \ /2 (x)+1+C thita cé thé sir dung ki thuét vi
fH(0+1

phan hoic d6i bién (ban chat 1a mot)

+) Vi phdn:

SOLD g [ SOy )= L(me1)ra ()= misc
.'.\/fz(x)+1 .l.\/fz(x)+1 ( ) 2.[( ) ( )

+ D6i bién: Pt t =+ 2 (x)+1 =12 = £2(x)+1=> tdt = f(x) f'(x)dx

ACINAC) tdt 2
Suy ra: J‘ﬁdx=J‘7=J‘dl‘=t+C=s/f (x)+1+C
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Ciu 82: Cho ham sbf (x) c6 dao ham va dong bién tréen R théoa min f (O) =1 va
1
(f’(x))2 =e"f(x),VxeR. Tinh tich phan J.f(x)dx bang
0
A. e-2. B. e—1. C.e*-2. D. e’ -1.
Huéng din giai
! 2 i i
(/"(x)) PN f(x) _Je :If(x) dx=jx/e_xdx
f(x) Jf ) 1/f(x)
<:>j 2df I 2dx <:>2,/ 2e +C
X 1 1
Vi f(O)=l:>C:0 = /f(x)=¢ <:>f(x)=ex. Suy ra If(X)dX=I€dx=eX
0 0

Chon B

Bién doi (f"(x)) =e"f(x) &

1
=e-1

0

Caus3: Chohamsé? =7 %) yic dinh va lién tuc trén R0} 4 6a min

X f2(x)+(2x=1) f(x) =" (x) -1 . wxeRW0O} . f(I)=-2 . jf(x)dx

A —L o B. 3 _n2. C._j_n2 p,_3_In2
2 2 2

) Huéng din giai
Chon A. Tacé x°f7(x)+(2x—1) f(x)=2"(x)-1 = (xf(x)H)Z = £ (x)+ 2" (x)(*)
Pat h(x)=f(x)+x/"(x) =K (x)=71(x)+x"(x), khi do (*) c6 dang

h(x)=H(x) :ZZ(();)) :IZZ((z))dx ) =x+C Q—ﬁ=)€+c
= h(x)=-—— = (x) 41 =-——

Vi f(1)=-2 nén 2+l=-— —=(C=0. Khido xf(x)+1:_% :f(x):_xl_z_i
Suy ra: J.f(x)dxz‘!'(—%—%jd :G—lnxj - Lom2

1
Cau 84: Cho ham sé y = f'(x). C6 dao ham lién tuc trén R . Biét f'(1)=¢ va
(x+2) f(x)=x/"(x)—x", vxeR. Tinh f(2).
A. 4’ —4de+4. B. 4¢* - 2e+1. _C.2¢’-2e+2. D. 4¢’ +4e—4.
Huwéng dan giai

Chon D. Ta co: (x+2)f(x) =)cf’()c)—)c3 @xf'(x)—(x+2)f(x) =1 & {e"f(x)] e

Suy ra i{e_xi;(x)} dx = ie”‘dx = d ;(2) - © ﬁ(l) = —[e"z —e‘1]

1
2 1
_e@) )
4 1
Cau 85: Cho ham sb y—f( ) c6 dao ham lién tuc trén doan [01] va théa man f(0)=0. Biét

=e¢'—¢ <:>f 4[ef +e—1]=4e2+4e—4.

_[f dx—— va If cos—dx—— Tich phan If dx bang
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AL B. % c . D. 2.
T VA 5 VA T
Huéng dan giai
Chon C. Taco

J(s)cos e fos a1 (1) = e0s s (o)

0 0

. TX 3 corran o L oax) 1
Suy ra J‘Sll'l?f(X)dXZE. Mat khac J.(SIHTJ dx :EI(I-cosﬂx)dx =
0

0 0

([, . ax|
Dodojf )dx - 2.[3s1n7f(x)dx+z[[3sm7} dx=0

hay b[[f(x)—?)sinT} dx=0 suyra f(x)=3sin%.

A 0 6 x|
y z[f(x) I'; sin =~ cos =~

b4 0o 7

6

1 1
Cau 86: Cho ham s y=f(x) lién tyc trén doan [0; 1] , thda man jf(x)dx = jxf(x)dx =1 va
0 0

j.[f(x)}z dx = 4. Gia tri cua tich phan j.[f(x)]3 dx bang
0 0

Al B. 8. C. 10. D. 80.
Hu’O'ng dan glal

Chon C. Xétj[f(x +(ax+b)] dx j[f ]dx+2j[f (ax+b ]dx+j ax+b)’ dx

1 1 2
=4+2ajxf(x)dx+2bjf(x)dx+3—(ax+b)3 =4+2(a+b)+%+ab+b2,
0 0 a 0
2

Can xac dinh «, » dé %+(2+b)a+b2+2b+4:0

~(b-2Y
Ta co: A:b2+4b+4—§(b2+2b+4) =%SO =>b=2=a=-6.

Khi do: j[f +(~6x+2)] dx=0 = f(x)=6x-2

1

Suyraj[f )] dx= j6x 2)dx:—(6x 2)'| =10.

0

Ciu 87: Cho ham s6 f(x) ¢6 dao ham lién tuc trén doan [1, 2] va théa man f (x)>0 khi x€[L,2].

Biét j.f'(x)dleo va j]}((x)) dx=1n2. Tinh f(2).
A. f(2)=-10. B. f(2)=20. C. f(2)=10. D. f(2)=-20.
Huéng din giai:

Chon B. Ta cé: j | = 1)=10 (gt)

1

Zf'(x) B 2 RN ZHMZH
!f(x) de=In[f(x)] =m[f(2)]-n[s(1)]=1 0 In2 (gt)
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7(2)-r(1)=10
Viy ta co hé: M_ {

f(1)
Cau 88: Cho ham sb f(x) c6 dao ham va lién tuc trén doan [4;8] va f(O) #0 véi Vx 6[4;8]. Biét

£(2)=20
“1r=10

RS : 1 -
rang —4dx=1Vaf(4)=—,f(8)=—.T1nhf(6).
| [/ (x)] 4 2
A2 B. 2. c 3.
8 3 8

Huéng din giai

o

2
/(%) _
+) Goi k 1a mot hang s thyc, ta s& tim k dé I +k |dx=0.

o
b-)l»—t

Chon D.

W )
X [ = T

8
4

/(%)

aco: 8 f,(x)+ 2 x—8|:f'(x):|2 X + Sf'(x) X + 28 X =1+ + 2= + ?
T "[[fz x) k]d —!.W 2k;[f2—x)d k:[d =1+4k+4k —(2k 1).

4

. 8 fr(x) 1 2 I x 1 6f! 6

Suyra:k:—%thl :':{fz—(x)—z]dx 0 x _EC:}»‘[fZ —2:';
f(x) o 16 ;; 1 1
B8 e BT e r R R O R A D

b
Chii y: jf(x)dxzo khong duoc phép suy ra f( ) 0, nhung J.fz" dx=0< f(x)=0

Cau 89: Chohamsd f (x) ¢6 dao ham xac dinh, lién tuc trén doan [0,1] dong thoi thoa man cac diéu
kién f'(0)==1va[s'(x)] = s"(x)-Pat T=/(1)~£(0), hay chon khing dinh ding?

A. 2<T<-1. B. -1<T<0. C. 0<T<I. D. 1<T<2.
Huéng din giai

Chon A. Taco: T=f(1) jf’
) /(%) [T TS SRR
()] =r"(x)e [f WF I-Lf(x)} oo fr(x)@’f(x)—ﬁ'

1 1
Ma f'(0)=-1nén c=-1. Vay 7=[f"(x)dx= j—ldx——ln —x 1], =
X

0 0
f(x)>0,VxeR,
CAu 90: Cho ham sb y=f(x) c6 dao ham cap 2 lién tuc trén R thoa f(O)zf’(O)zl,

0w +y? =y VxeR
Ménh dé nao sau day dung?

A.%<lnf(1)<1. B.O<1nf(l)<%. C.%<lnf(1)<2. D.1<Inf(1)<>

Huéng din giai
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" 12 i ! ’ 2 ' 2
Chon D. Tac6 xyz+y’2:)y"©u:x@(lj —x o2 =2 1C hay L) _x o
Y y 2 f(x) 2
Laico f(0)=/"(0)=1=C=1.
f(x)ZX_H@jf'(x)dx:
0 S(x) %

1
Ta co

[%zﬂjdx < 1n(f(x))‘; :% < lnf(l):%-
:>1<1n(f(1))<%.

3
CAu91: Cho f,g 1d hai ham lién tuc trén [1;3] thoa man didukién [[ f(x)+3g(x)]dr=10 déng
1

3 3
thoi [[2f(x)-g(x)]dv=6. Tinh [ f(x)+g(x)]dx.
1 1
A.9. B. 6. C.7. D. 8.
Huéng din giai
3 3

Chon B. Dit a=jf(x)dx, b=jg(x)dx. Khi d6 j[f(x)+3g(x)]dx=1o < a+3b=10,

4
5

=
2a—-b=6 b

3 j—
[[27(x)-g(x)]dr=6 <2a—b=6. Do do: {“*3”—10 {a
1
3
Vay [[7(x) rg(x)]dc =a+b=s.
1
4 d
Cu92: Chohamsé y = f(x) lién tuc trén [a;b], néu [ £ (x)dv=5va [ f(x)dx=2 (véi a <d <b
¢ b

) thi ff(x)dx bang

A.3 B. 7. C. % D. 10.
Huéng din giai
LR s b
onA. = F(d)_F(b):z:F(b)—F(a)=3=:[f(x)dx

[ £ (x)de=2

Cau93: Cho f(x) va g(x) la hai ham sd lién tuc trén doan [1;3], thoa man:
J.[f(x)+3g(x)]dx=10 va J.[Zf(x)—g(x)]dxzﬁ Tinh I=I[f(x)+g(x)]dx
A. 1=8. B. /=9. C.1=6. D.I=7.
Huéng din giai
I[f(x)+3g(x)]dx:10 .[f(x)dx=4

1

Chon C. Taco: :1=j[f(x)+g(x)]dx=6.

w

27 ()-g(x)]ax=6 jﬂﬂwzz

Ciau 94: Chohamsé y = f(x) c6daoham f'(x) lién tuc trén doan [0;5] va dd thi ham s6 y= f"(x)

trén doan [0; 5] duoc cho nhu hinh bén.
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yA
SN R
O 35 X
=5
Tim ménh dé ding
A. f(0)=£(5)</(3). B. f(3)</f(0)=/(5).
C. f(3)<f(0)<f(5). D. /(3)</(5)</(0).
Huéng din giai
Chon C. Tacojf dx=f(5)- f(3)>0,d0d()f(5)>f(3).

f'(x)dx= £ (3)-£(0)<0,dodo f(3)<f(0)

D O —

[£1(x)dx=r(5)-7(0)<0,dods f(5)</(0)
0
Cau 95: Chohamsd [ (x) lién tuc va ¢6 dao ham tai moi x € (0;+00) déng thoi thoa man diéu kién:
3z

f(x):x(sinx+f'(x))+cosx va | f(x)sinxdx=—4. Khi do, f(7) nim trong khoang

NN

nao?

A. (6:7). B. (5;6). C. (12;13). D. (1112).
Huéng din giai
Chon B. Taco: f(x) =x(sinx+f’(x))+c0sx

:f(x)—zxf'(x) :Sinx+cosx :(MJ' :(%cosxj! j&

> —Losxre = f(x)=cosx+cx
X X X x

X X
£l £l

2 2
Khi dé: If(x)sinxdx:—4c> I(cosx+cx)sinxdx:—4

2

SRR

Y
o cosxsinxdx+cj xsinxdx =—4 <:>0+c(—2) =4 <=2

N\N'—oN‘(ﬁ’

= f(x)=cosx+2x = f(7)=27-1€(56).

. , Vs
Cau 96: Chohamso f (x) xac dinh trén [0;5} thoa méan

T[fz(x)—Z\/Ef(x)sin(x_%ﬂdx:_z ™ . Tich phan j’ dx bang

AL B. 0. C. 1. p. =,
4 2
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Huéng din giai
Chon B.

K

Ta co: I2sm [x—zjdx =

V4

Do dé: j.[fz (x)_zﬁf(x)sm(x—z)}dx -I—J.Zsirl2 (x—%)dx =2__ﬂ+”__2=0

IN
E

o'—.wm

Z 1
{1—cos 2x—— }dx:I(l—sian)dx=(x+Ecos2xj
0

]

O o |y

@ﬂf (x) 2\/_f(x)s1n(x—z)+2sm (x—zﬂdx 0 =
Suyra f(x)- \/Esm(x—zj 0,hay f(x)= 2sm(x__j

T

Bdi vay: jf(x)dx_jﬁsm(x——de - ZCos(x——j

Cau 97: Cho ham s y = (x) lién tuc trén R thoa man 3/ (x)+ f(2—x)=2(x—1)e" " +4. Tinh

[f(x) \/Esm(x—zﬂ dx=0

tich phan / = J. f(x)dx ta duge két qua:
0

A. [=e+4. B. I =8. C.1=2. D. I=e+2.
Pé ban ddu bj sai vi khi thay x =0 va x =2 vdo ta thdy mdu thudn nén téi da svra lai dé
Huéng din giai
Chon C.
2 2
Theo gid thiét ta c6 [[37(x)+ f(2-x)]dr=[[ 2(x~1)e" ™" +4 dx (¥).
0 0

2

Tatinh [ f(2-x)dv=-] £ (2-x)d(2-x)= | £ (x)dx

0

Vi vay j[3f(x)+f(2—x)]dx=4jf(x)dx

2

Hon nita j.Z(x—l)exz_z“ldx _ J‘exz-zxud(xz —2x+1) _ e,r2—2X+1 2

0

=0 va J2.4dx=8.

0

Ciu 98: Suyra 4jf )dx = 8<:>If )dx=2.Cho ham s y = f(x) lién tuc trén R\{0; —1} thoa

man diéu kién f( )=—21n2 va x(x+l).f’(x)+f(x) =x"+x.Giatri f(2)=a+b1n3,vc’7i
a,be Q. Tinh ¢ +p*.

A2 B. 2. c. 2. p. B3,
4 2 2 4
Huéng din giai
Chon B. Tirgia thiét ta co x(x+1).f"(x) +.f (x) =2 +x & L p'(x)+ (x+11)2 F()=—7

101}

S (x)=x—In|x+1|+C.

[—f( )}
1'f(x):jﬁdx hay le

Mit khac, ta co f(1)=-2In2 nén C=—-1.Do do x1
X+

Suy ra
X+

S (x) =x—=In|x+1]-1.
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Véi x=2 thi %_f(z):l_lnj‘, @f(z):%—%ln?,.Suyra a:% va b:_%. Vay @ + b :%.

Cau99: Chohamsd y =f(X) c6 daoham trén R va f'(x)= x* +i2—2x Vx>0 va f(l) =—1.
X
Khing dinh nao sau ddy ding?

A. Phuong trinh f (x) =0 ¢6 1 nghiém trén (0;1).
B. Phuong trinh f(x) =0 co6 diing 3 nghiém trén (0;+OO).
C. Phuong trinh f (x) =0 c6 1 nghiém trén (1;2).
C. Phuong trinh f (x) =0 ¢6 1 nghiém trén (2;5).

Huéng din giai
Chon C.

x°=2x+2 (x° —1)2 +1

f'(x)2x4+%—2x=T = >0, Vx>0 :>y=f(x) dong bién trén (0;+00).
X

=f (x) =0 ¢6 nhiéu nhat 1 nghiém trén khoang (0;+00) (1)

2 2
Mt khac ta co: f'(x)> x* +%—2x>0, Vx>0 :>If'(x)dx2j'(x4+%—2x)dx=%
X 1 1 X

= 7(2)-1 ()22 = 7(2)2 7

Két hop gia thiét ta co =f(x) lién tyc trén [1;2] va f(2) f(l) <0 (2)
Tu (l) va (2) suy ra phuong trinh f (x) =0 co6 ding 1 nghiém trén khoang (l; 2).
Céu 100: Cho ham sé f(x) c6 dao ham f'(x) lién tyc trén R va théa man f’(x)e[—l;l] vGi
Vxe(0;2). Biét f(0)=/(2)=1.Pat 1= f f(x)dx, phat biéu nao dudi day dung?
0
A. I (0], B. / (0;1]. C. I e[l;+0). D. [ e(0;1).
Huéng din giai

Chon C. Tacd 1=jf(x)dx=jf(x)dx+jf(x)dx.

0

= if(x)dx=(x_1)f(x)|j)_j(x_l)f'(x)dx=1+i(1—x)f'(x)dxm-i(l—x)dx:%(1).
O j.f(x)dxz(x—l)f(x)Lz —J?(x—l)f’(x)dx=1—J?(x—1)f’(x)dxZl—j(l—x)dxz% (2)

1
Tu (l) va (2) suy ra 12%+5:1.

—_

1
CAau 101: Cho ham s6 y =f(x) lién tuc trén [0; 1] thda man Ixf(x)dx =0 va max|f(x)| =1. Tich
[0:1]

0

1
phan [ = Ie" f (x)dx thudc khoang nao trong cac khoang sau day?
0

A. (—OO; —%) B. (%, e—lj. C. (—%; %) D. (e—1; +o0).

Huéng din giai

Chon C. Véi moi ae[();l],ta co Ozj.xf(x)dx =ajxf(x)dx =J.axf(x)dx
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1
Ki hiéu ] I e —ax dx Khi do6, véi moi ae[O 1] ta co
0

1 1

_l[exf(x)dx —j x)dx— jaxf(x ‘ _[ e —ax f(x)dx je —ax‘.|f(x)|dx

0 0 0 0
Sj“e —ax|. ilelg)l<| |dx je —ax‘dx 1 a

0 0
Suy ra _[e"f(x)dx < min I(a)

0
Mait khac voi moi ae 0 1] ta co I je —ax‘ j e —ax)dx :(ex—ﬂxzjl —e-2
0 0 2 0 2
1 3 dx| < 3 1,22. Vay [ € —éé

?23)111 (a)—e—5:> J.e f(x)dx e—5~ ay 15 )

CAau 102: Cho hamsb f ( ) ¢6 dao ham duong, lién tuc trén doan [0,1] thoa man f (0) =1va
3j{f'(x)|:f(x):|2 +ﬂdxs 2[J£'(x)f (x)dx. Tinh tich phan [[ £ (x)] dx

A D B. 2. c. 2. D.
2 4 6

Huéng din giai

SN

Chon D. Tir gia thiét suy ra:

j.[(l/f'(x)f(x))z—z,?, /f'(x)f(x)H}deO @j.[l/f'(x)f(x)_l}zdxgo
Suyra3\/—f (x)- 1—0<:>Wf(x :—<:>f (x).f? (x)—

Vi [ (x)] =3.02(x) f

Vi f(0)=1nén f*(0)=1=C=1. Vay :>f3(x):§x+1.

Suy ra j[f( j(s +1jdx__

CAau 103: Cho hai ham s6 [ ( ) va g (x) ¢ dao ham trén doan [1;4] va thoa man hé thic
{f(1)+g(1) =4

g(x)=—xf"(x); f(x)=-xg'(x)

A.8In2. B. 3In2. C. 6In2. D. 4In2.
Huéng din giai

"(x )nénsuyra[ (x)] :—:>f (x):—x+C

. Tinh Izj[[f(x)+g(x)]dx.

Chon A
Cach 1: Taco f(x)+g(x)=—x[f’(x)+g’(x)} @%:—%
.[Li(()) =—J'§dx:>1n|f(x)+g(x)|=—ln|x|+c

Theo gia thiét ta co C—ln|1|=ln|f(1)+g(1)| = C=1In4.
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f(x)+g(x)==

Suy ra g x4’vi f(1)+g(1)=4nén f(x)+g(x):%
f(x)+e(x)=-—

blzj.[f(x)+g(x)]dx=81n2.

Cach2: Tacd f(x)+g(x)= —x[f’(x)+g’(x)}

= [[/(x)+g(x)]de=—[x[ /"(x) +&'(x)]dr.

= [/ (x)+ g ()]ar==x[r (x)+ g ()] [/ (x)+ g (x)Jar.

= x[f (1) +g(x)]=C= f(x)rg(x)=-= Vi [()+g()=-C=C=—4

Do dé f(x)+g(x):%. Vay 1=}[f(x)+g(x)]dx=81n2.

DANG 3: PHUONG PHAP POI BIEN
TiCH PHAN HAM AN POI BIEN DANG 1
4 2
Cau 104: Cho [ f(x)dx=16. Tinh [ £ (2x)dx
0 0
A. 16. B. 4. C. 32.
Huéng din giai
Chon D. Pit 2x=¢ jdxzédt _Khi x=0 thi £=0; khi x=2 thi r=4.

I

Do d6 jf(zyc)dxzéjf(t)dt =%jtf(x)dx :%.16 =8.

6 2
Cau 105: Néu [ £ (x)dr =12 thi [ £ (3x)dx bing
0 0

A. 6. B. 36. C. 2.
i Huéng din giai
Chon D. Pat r=3x=dr=3dx. Poican: x=0=¢=0, x=2=1=6

Khi do: J.f(3x)dx=§jf(t)dt:%.12=4.

=

2 5
CAu 106: Cho [ f(x*+1)xdv=2. Khidé 7= [ f(x)dx bing:
1 2
A.2. B. 1. C. -l
Hwéng dan giai
ChonD. DPatr=x+1=dt=2xdx. Ddicin: x=1=1t=2, x=2=1t=35.

Khi do: jf(x2 +1)xdx:%_:[f(t)dt :Ef(t)dtszf(xz +1)xdy =4,

I

5 5
Ma tich phan khong phu thugc vao bién nén: 7 = J.f(x)d.x = If(t)dt =4,
2 2
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1
CAu 107: Cho ham s6 f(x) lién tuc trén R va théa méan | f (x)dx =9 . Tinh tich phan

-5
2

[[f(1-3x)+9]dx.

0

A.27. B. 21. C. 15. D. 75.
Huéng din giai
ChonB. Patr=1-3x=>dr=-3dx. Véi x=0>rt=1vax=2->r=-5.
2 2 2 -5 1
Taco [[ f(1-3x)+9]dx = [ £ (1-3x)dx+ [9dx =j[f(t)]d—;+9x\§ =%j[f(x)]dx+18
0 0 0 1 - -5

=l.9+18=21.
3

9 4
Cau 108: Biét f(x) lam ham lién tuc trén R va [ f(x)dx=9. Khi 6 gid tri cta [ f(3x—3)dx la
0 1
A. 27. B. 3. C.0. D. 24.
Huwéng dan giai
¢ . =1=1=0
Chon B. I=If(3x—3)dx. DPit t=3x-3 = dr=3dx. D6i can: {x

x=4=t=9
9

Izéjjf(t)dt =%J.f(x)dx =3.

0
2 5
CAu 109: Cho [ f(x*+1)xdv=2. Khidé 7= [ f(x)dx bang
1 2
A2, B. 1. C-L D. 4.
Huéng dan giai
ChonD. Dit r=x>+1=dr=2xdx. Doican: x=1=¢t=2; x=2=¢=5.

L 15 15 5
Khi d6: 2:E'!f(t)dt:E'!f(x)dx:I:!f(x)dx:4.

. | V2
Cau 110: Cho ham so y=f(x) lién tyc trén R va jf(2x)dx=8. Tinh 7 = _[xf(xz)dx
0 0
A. 4. B. 16. C.s. D. 32.
Huéng dan giai
Chon C. Dit x> =27/ = 2xdx =2dr = xdx =ds . Doican: x=0=¢=0, x=2 = ¢=1.
1
Taco: I =] f(2t)de=38.
0
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5 2
Cau 111: Cho [ f(x)dx=4. Tinh /= [ f(2x+1)dx.
-1 -1

A.1=2. B. /-2 C.1=4. D.1=3.
2 2

Huéng din giai
Chon A. Dt £=2x+1= dr=2dx :>dx:%dt. Véi x=—1=t=—1,v6i x=2=>1=5.

Khi do ta co I:j'f(2x+1)dx :Izjf(t).%dt:%j.f(t)dt Z%j.f(x)dx =

Laoa.
2
5
Céu 112: Gia sir ham sb y=f(x) lién tyc trén R va If(x)dxza, (a ER) . Tich phan
3
2

1=jf(2x+1)dx ¢ gid tri 1a

1
A.]:%a+1. B. [=2a+1. C.1=2a. D. /=1
Huéng dén giai
Chon D. Piatr=2x+1=dfr=2dx. Ddicin: x=1=1r=3; x=2=¢=5.

5

:Izj%f(t)dtz%!f(x)dxz%a.

X
2
A.if@jdng. E.{f(gjdxzm. C.if(%jdx:lo. D.Ef@jdxzs.

Huéng din giai

1 2
Cau 113: Cho ham s6 f(x) lién tuc trén R thoa [ £ (x)dx=10. Tinh jf( jdx.
0 0

Chon B. Pit (= 3(1;:%(1);. Pdicin: x=0=¢=0; x=2=¢=1.

X
2
Ta cé: jf(g}dxzzj.f(t)dt =2.10 =20.

CAu 114: Cho ham sb f(x) lién tuc trén [1;+oo) va

O C—

f(\/ﬁ)dx:S . Tich phan 1=jxf(x)dx

bang:
A. I=16. B./=2. C.1=8. D. /=4
Huéng din giai
Chon D. Dit t =vx+1=F =x+1=>2df =dx; ddi can: x=0=>7=1; x=3=>¢=2.

Khi dé I:j'ztf(t)dt:S :>j'tf(t)dt:4. Vay Izjxf(x)dx:4.

11 2
Cau 115: Biét [ f(x)dx=18.Tinh 7 = [x(2+ f(3x" ~1))dx.
-1 0
A I=5. B./=7. C.1=8 D. 7=10.
Huéng din giai
Chon B. Pat r=3x’-1=df =6xdx. Poéicin x=0=>¢t=-1, x=2=1t=11

1=jx(2+f(3x2—1))dx=j2xdx+jxf(3x2—1)dx=4+%Tf(t)dt=4+%.18=7.
0 0 0 -1
Cau 116: Cho ham s6 f(x) lién tuc trén R va co jf(x)dxzz; jf(x)dx=6.

0 0
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1
Tinh 7= | f(]2x~1])dx.
-1

A.]:%. B. [=4. C.1:%. D./=6.
Huéng din giai

S(=2x)de+{ f(2x-1)dv =1, +1,

Le—o—

1
Chon B. €6 1= [ f(|2x~1])dx=
|

19 | — ey —

2 2
Tinh 7, =If(1—2x)dx.D€1t u=1-2x= du =-2dx.Doi can: x—l:u—O .
—1 _2 -

L {x—l:u3
—17 17
=1, =—jf(u)du=5jf(u)du=3
3 0
x=l=u=1

1

Tinh Izzjf(zx—l)dx.Dét u=2x-1= du =2dx.DOdi can: {xl:uo'
1 _2 -

2

vay [=1,+1,=4.

2 4

Cau 117: Cho ham s6 y = f(x) lién tuc trén [0;4] va [ f(x)dv=1; [/ (x)dx=3. Tinh
0 -0
1
[ 7 (j3x—1)dx.
-1
A. 4. B. 2. C. %. D. 1.

Huéng din giai
Chon C
1/3

tf(lsx—ll)dh [f(1—3x)dx+jf(3x—1)dx -1

1/3

:_%Ef(z)dt%if(t)d(z) -3 p1=3

1/3 1

jlf(1—3x)d(1—3x)+%jf(3x—1)d(3x—1).

1/3

3

1
Cau 118: Cho f/(x) la ham 6 lién tuc trén R va [ f(x)dx=4, [ f(x)dx=6.Tinh

0 0

1
I={ f(]2x+1))dx.
-1
A 1=3. B./=5. C.1=6. D. [=4.

Huéng din giai
Chon B. Détu:2x+1:>dx=%du. Khi x=—1 thi u=—1.Khi x=1 thi u=3.
1 3 1(° 3 1(° 3
Nén I=§jf(|u|)du ZE(If(|u|)du+jf(|u|)du] =5(jf(—u)du+jf(u)duj.
—1 -1 0 -1 0

1
Xét [ f(x)dx=4.Dit X=—U=>dx=—du.
0
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Khi x=0 thi u=0.Khi x=1 thi u——l
Nén 4=j.f( dx_—jf du_jf(
0
3 3 0 3
Taco jf(x)dx:6:>jf(u)du=6. Nén jza(jlf(_u)dm!f(u)duj=%(4+6)=5.

0 0
2

1
Cau 119: Cho ham s6 f(x) lién tuc trén R thoa [ £ (2x)dx=2 va [ f(6x)dx=14. Tinh
0

0
2
[ 7(5]x[+2)dx
2
A. 30. B. 32. C. 34. D. 36.
Huéng din giai
Chon B
1
+ Xét J.f(?_x)dx=2. Dit u=2x=>du=2dx; x=0=>u=0; x=1=u=2.
0

1 2 2
Nén 2=jf(2x)dx=%jf(u)du = [ f(u)du=4.
0 0 0
2
+ Xét .[f(6x)dx=14. Dit v=6x=dv=6dx; x=0=>v=0; x=2=v=12.
0

Nén 14=jf(6x)dx =élff(v)dv = 1ff(v)dv=84.

+ Xét j.f(5|x|+2)dx = j).f(5|x|+2)dx+.[f(5|x|+2)dx

]
[ Tinh 1, = j).f(5|x|+2)dx. Pt 1=5[x+2.
Khi —2<x<0, £ =—Sx+2 = df = —5dx; x =2 =51 =12; x=0=>1=2.
[lz%if(t)dt:%ﬁf(t)dt—i[f(t)dt} :§(84—4):16.
[ Tinh 7, =jf(5|x|+2)dx. Pt £ =5[+2.

0

Khi0<x<2 t=5x+2=>dt=5dx; x=2=t=12; x=0=>¢=2.

2
=—jf t)dt = [jf t)di - jf dt} —(84-4)=16. Vay jf(5|x|+2)dx=32.
-2
E 3
Cau 120: Cho tich phéan 7 = J.cosxf(sm x)dx = 8. Tinh tich phan K = J.smxf(cos x)dx
0 0
K=-8. B. K=4. C. K=8. D. K =16.

Huéng din giai:
Chon C

I =|cosx.f(sinx)dx Dat t—E—x = dt =—dx Doi can:

O'—:N\N
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0 3 3
=1 :jcos(g—tj.f{sin(——tj} —dt) = Ismtf cosx) Ismxf(cosx) dt (Tich phéan x4c
% 0 0
dinh khong phu thudc vao bién sb tich phan) =K = K =1=8
1
Cau 121: Cho ham s6 ¥ = /() lién tuc trén R, théa mén [ f(x)dx =1. Tinh

0

I= (tan +1)f(tanx)d

o'—.sm

A. I=1. B. [=-1. c.1==. D./=-Z.
4 4

Huéng din giai:
Chon A. Dit ¢ =tanx = df =(1+tan’ x)dx. D6i can:

1 1
= 1= j f(t)dr= _[ f(x)dx (Tich phan x4c dinh khong phu thudc vao bién s6 tich phan) = 1
0 0
CAu 122: Cho ham sb f(x) lién tuc trén R thoa méan f(2x) =3f(x) , VxeR. Biét rang
1 2
[f(x)dx=1. G tri ciia tich phan 7 = [ f(x)dx bing bao nhi¢u?
0 1

A.1=5. B./=3. C.1=38. D./=2.
Huéng din giai
Chon A. Xét tich phan J = jf )dx, dit x=2t=dv=2dt. Véi x=2=1=1, x=0=1=0.

1

Ta co J:jf(zt)Zdz =2jf(2t)dt :2j3f(t)dt =6jf(t)dt= 6[ f(x)dx=6.

Mit khéc, ta c6 J:jf(x)dx=jf(x)dx+if(x)dx

2
CAu 123: Cho ham sb y=f(x) lién tuc va c6 dao ham trén [ thoa man f(2)=—2; jf(x)dx= 1.
0
4
Tinh tich phan 7 = [ £'(</x Jdx.
[
A. I=-10. B. I =-5. C.1=0. D. I =-18.
Huéng din giai
Chon A. bat l‘=\/)_C,tac(): P=xva2dt=dx.Khi x=0=¢=0; x=4=¢t=2.

[:jtf’(\/;)d" ijtf'(t)df- Pt u=2t; dv=f"(¢)dt ta duge: du=2dr; v=1(t).

Khi do: 1=(21f (1)) \_zjf =41(2)-2.1=4.(-2)-2=-10.
Chu 124: Ch j'f( )dx=2.Tinh / if(\/;)dx bé
au : Cho x)dx=2.11 = ang
i P Vx
A I=1. B.I=2. C.1=4. D.1:%.
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Huéng din giai
Chon C.

1 ,
bat l=\/;:>df=—dx;d6icén: x=1=t=1,x=4=>t=2
2/x

I:j%dxzjff(t)2dt:2jf(t)dt=2.2=4.

2| N

f(Vx)

16
CAau 125: Cho ham s f()C) lién tyc trén R thoa man I \/_ dx=6 va If(sin x)cos xdx=3.
1 X 0

4
Tinh tich phan [ = .[f(x)dx
0

A T=-2. B.1=6. C.1=9. D. [=2.
Huéng din giai

Chon B

16f( x) dx
Xét I = dx=6, dit Vx=t =>——=dt
Xl [ St =

4 4

Poicin: x=1=1=1; x=16=>1=4 1=2f(t)dt=6 :ff(t)dt:g:&

[ ]
o'—.w\kx

= | f(sinx)cosxdx =3, ddt sinx=u = cosxdx =du

1
Déican:x=03u=0;x:%:>u:1 J=If(u)du=
0

1 4

Vay 1=jf(x)dx=jf(x)dx+jf(x)dx=3+3:6.
/(x)

9
Cau 126: Cho /(%) lién tyc trén R thoa | 7o dr=4va [/ (sinx)cos xdr =2. Tinh
1 X 0

[N

I:If(x)dx.

A. 1=10. B. I =6. C.I=4. D.[=2.
Huéng din giai
Chon C. Datt=\/; = =x = 2tdr=dx ; ddican x=1=r=1, x=9=¢=3

Do d6 ta co: j@ztdtﬂ o jf(z)dt =2 (1)

Piat t =sinx = df=cosx.dx ; ddican x=0=7¢=0, x:%: =1

5
DodétacoJ' smx cosxdx 2<:>jf dt 2(2)
0

T (1) va (2) ta co: if(x)dx=jf(t)dt=4..
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. . f(Z«/;—l) nx
Cau 127: Cho ham so f (x) lién tyc trén doan [];4] va théa man f (x) = T + . Tinh tich
X X
4
phéan 7= [ f(x)dx
3
A. 1=3+2In"2. B. I=2In"2. C./=In"2. D. /=2In2.

Huéng din giai

Chon B. Tacoj!if )dx f[ (2://_;) ] j( ) jlnx

1

4 2\/>_ 3 3
Xéth.!.f( i )dx pat 2/x—1= tj\/‘_f+1 3;=dt :K:'!.f(t)dt:'!.f(x)dx
4 x 4 2 |4
Xét M =[—dv = [Inxd(Inx) = =21n°2.
1 X 1 1
4
Do dé [ f(x)dx jf( )dx+21n2:>jf )dx=21n%2.
1 1

A. 1=8. B. [=4. C. I=-16. D. [=—4.
Huéng din giai
) _ a2 [x=0=1=2 :
Chen D. Dit Vx+4=t=x=t"—4 Khi {x:53t23:>8=If(t)d(t2—4)<:>f2t.f(t)dt=8
3 3 3
Ma [2e.f (t)de = [2x.f (x)dx = [x.f (x)dx=4 = =-4.
2 2 2

1 2 3
CAu 129: Cho [ f(2x+1)dx=12 va [ f(sin’ x)sin 2xdx = 3. Tinh [ £ (x)dx
0 0 0

A. 26. B. 22. C.27. D. 15.
Huéng din giai
3 3 3 3
Chon C. Dit 2x+1=t:12=jf(t)d(%j=%jf(t)dt =%jf(x)dx = [ f(x)dx=24.
1 1 1 1
i
f(sin2 x).2 sin x cos xdx = j2sin x.f(sin2 x)d(sin x)
0

Taco [ f(sin® x)sin 2xdx

oty

O 0 [y O 0 | N

f(sin2 )c)d(sin2 x) :i.f(u)du :jf(x)dx:3

= [ f(x)dx :jf(x)dx+if(x)dx:3+24:27.

1 1.2
Ciu 130: Cho ham /() lién tyc trén R thoa man | 7 (tan x)dv =3 va [ 70 g 1. Tinh
0

o X +1
j.f(x)dx

>
A

B. 2. C.5. D. I.
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le(')'ng dan giéi

Chon A. jxf dx = jf(x)d jf( I j

0

:jf(x)dx

de dt
dx dt<:>(1+tan x)dx dt dx= =

(1+tan2x) 1+

bat tanx=¢ =d(tanx)=dt <

COS

1

Lf“ . 1
sz(ﬂdx%. Vay jf(x)dx:4.

0

1+¢?

J:.f(tanx)dx If(t)

[N

r 4 1 2 1
Cau 131: Cho ham s6 f(x) lién tuc trén R va [ £ (tanx)dv=4; [ f()lc)dxzz.Tinh I=[f(x)dx
5 o X T
A.1=6. B./=2. C.1=3. D. /=1
Huéng din giz’li

7[

Chon A. Tu jf(tanx)dx 4; Tadat t=

Tir jmdxzzcj(x +H1-1)7(x)

2

dsz@jf(x)dx—jf(x)dxzz

y X+ 0 x +1 x +1
1 1
/()
:.([f(x)dx=2+_[ s dv=2+4=6.

2018

Cau 132: Cho ham s6 ( ) lién tuc trén R thoa I f(x)dx =2 . Khi d6 tich phan

Vo X 2 :
!)- x2+1f(ln(x +1))dx bang
A. 4. B. 1. C.2. D. 3.
Huéng din giai
= 2
ChonB. XétI= | x2+1f(ln(x +1))dx.
z

Dit tzln(x2+1) — dr = Sdx. Pdicin: x=0=7r=0; x=1e* -1 =7=2018.
+
2018 018

Suy ra 1—— I 1t dt—% I f(x)dxz%.Zzl.

Cau 133: Tim tit ca cac gia tri dwong cua M dé I (3—x)"dx= f”(lgoj voi f(x) =Inx".

A. m=20. B. m=4. C. m=5. D. m=3.
Huwéng din giai
Chon D.
15x* 15 10) -243
+ T X :lnxls ey ! xX)= [ — " -15 n( j_ -
uf() f() iE x:>f(x) = 9 20

3
+ Tinh tich phan 7 = [ x(3-x)" dx:

0

eDitr=3—-x =>x=3—-¢t, dx=—dt,
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2 3 m+1 m+2 3 m+2
D d, 1: 3—t tm _dt — 3tm_tm+1 d[ :3t _ f _ 3
e 1)o do J.( ) ( ) _(.)‘( ) m+l m+2|0 (m+1)(m+2)
m 10 3m+2 243 3m+2 35
+T 3 d - _ " _ _3
aco J. x f (9) C>(l’l”l'|‘1)(ﬂ’l+2) 20 C:)(m+1)(m+2) 4.5

Thay lan luot cac gia tri M & 4 dap an, nhan gia tri m=3.
Chu y:
3m 33

— = - Khong can thiét nén chon phuong phap thé dap dé lam
(m + 1)(m + 2) 4.5

-Viéc giai phuong trinh

trac nghiém trong bai nay.
-Dé giai phuong trinh in ta xét ham trén f(m)= S S voi m>0
(m+1)(m+2) 4.5 (m+1)(m+2) 4.5

thi ching minh dwoc phuong trinh ¢6 nghiém duy nhat m=3.

3
Céu 134: Cho ham s§ y = f(x) lién tuc trén R va thoa méan f(4—x) zf(x)_ Biét J.xf(x)dx =
1

Tinh / =jf(x)dx

A.I:é. B.1=1. C.1=2. D.[:ﬂ.
2 2 B 2 2
. Huong dan giai
Chon A. Cich 1: Dung tinh chat dé tinh nhanh
Cho ham s6 f'(x) lién tuc trén [a;b] va thoa man diéu kién f(a+b—x)=f(x),Vx[a;b]. Khi d6

.[ixf(x)dx: a;b:[f(x)dx

a

Churng minh:
bat t=a+b—x = dx=—dt, V('inE[a,b] Déi can: khi x=a=¢=b;khi x=b=1=h

b

Ta co jxf(x) = [xf (a+b-x)dx= j(a+b t

a

b b

= [(a+b=1)f(t)dt=(a+b)[ f(t)dt- !f( )d = (a+b).[f(x)dx—z|:xf(x)dx

a

::!—.@

a

=2 (1) dr=(a+5) | £ (x)dv = | [ (1) = LE0 ] £() e
a a a 2 a
Ap dung tinh chat trén véi a =1, b=3. f(x) lién tuc trén [a;b] va thoa man f(l+3—x)=f(x).
1+3 r 5
Khldojxf dx_—jf dx:!f(x)dx_g.

Cich 2: Doi bién truc tiép: Dat r=4—x,véi xe [1;3].

3 3

Ta c6 jxf(x)dx = ixf(4—x)dx = _3[(4—t)f(t)dt =4[ f(¢)de—[e.f(e)de

1 1 1 1

3 3 5
:>5=4!f(z)dz—5:>!f(z)dt=5.

CAu 135: Cho ham s6 y =f(x) lién tuc trén doan [1;3] thdéa man f(4—x) =f(x),Vxe[l;3] va
3 3
[xf (x)dx=-2.Giati [ f(x)dx bing
1 1
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A 2. B. —1. C. 2. D. 1.
Huéng din giai
3
Chon B. Xét Izjxf(x)dx (1). bat x=4—-¢t,taco dx=—-dt; x=1=¢=3, x=3=1=1.
1
3

Suy ra Izj.(4—t)f(4—t)dt =j(4—l)f(t)dt, hayl=j(4—x)f(x)dx 2).

1

3 3
Cong (1) va (2) vé theo vé ta duogc 27 = J.4f(x)dx = J.f(x)dx =é= -1.
1 1
Cau 136: Cho ham s6 7 lién tuc trén doan [—6;5] , ¢6 d6 thi gdm hai doan thing va nira dudng tron

5
nhu hinh v&. Tinh gid tri 7= [ [ f(x)+2]dx.
-6

6 —4 o[_4 5 X

A. [=27+35. B. [ =27+34. C.1=27+33. D. [=27+32
Huéng din giai

%x+2 khi —6<x<-2

f(x)z 1+v4-x> khi —2<x<2

gx—l khi 2<x<5
3 3

Chon D.

]:i[f(x)+2]dx=if(x)dx+2idx =i[%x+2jdx+j2(l+M)dx+j(%x—§jdx+22

2
=(lx2+2xj +J+[lx2—£j
4 . R
2
Tinh J:I(1+\/4—x2)dx
2

Pit x =2sins = dx =2cos#ds. Ddi can: Khi x =2 thi z:-%;khi x=2 thi t:%

5

+22=J+28.

2

IN

J=j(1+ﬂ)dx=4+4

-2

2
cosztdt=4+2j. 1+cos2t dt=4+27 Vay 1=32+2r.

Y :;'—:N\-ﬁ

TiCH PHAN HAM AN POI BIEN DANG 2

Cho ham s f( )théamén: A.f(x) +B.u'.f(u)+C.f(a+b—x)=g(x)
+) Vi { E ;ZZ thi jjf(x)dx = /M;Tcig(x)dx.

Jula)=b o
+) Véi {u(b)z thi J.f m!g(x)dx

Trong dé bai thudng sé& bi khuyét mot trong cac hé sb 4, B,C .
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s 7 tien tye wen 98] ff(a+b—x)dx - ]jf(x)dx.

Cau 137: Cho ham s6 f(x) lién tuc trén [0;1] thoa man f(x) =6x2f(x3)—\/% . Tinh jf(x)dx
X 0

A. 2. B. 4. C. 1. D. 6.
Huéng din giai
Chon B. Cach 1: (Dung cong thirc)
6
B”’\ d:\. X :6X2 x3 - = X —2.3.x2. X3 =— 51 A:l’ B:—2
ién déi f(x) f()m f(x) 1) N

. 0 1 6
Ap dung cong thic ta co: dx = - dx=4.
pEne s [roe =]

Ciach 2: (Dung cong thirc bién ddi — néu khong nhé cong thirc)
6 1 1 1 1
Tu f(x)=6x"f(x")- = [ f(x)dr—2[3x*f(x*)dx =6 dx
() ( ) V3x+1 -([f( ) ! f( ) J.'\/3x+1
Paitu=x=du=3xdx ; Véi x=0=>u=0vax=1=u=1I.

Khi d6 j3x2f(x3)dx=jf(u)du =jf(x)dxthay vao (*), ta duoc:

1 1 1

jf(x)dx‘sz(x)dx?iﬁdx @if(x)dx=6imdx=4.

0 0

Cau 138: Xét ham s f(x) lién tyc trén [0;1] va thoa man diéu kién 4xf(x2)+ 3f(x-1)=~1-x"".
1
Tich phan / =J.f(x)dx bing
0

A==, B./=~. cr=-=x. D./ =%
4 6

) 20 16
Huéng dan giai
Chon C. Tat 4x.f(x2)+3f(x—1)=ﬁ:>2j2xf(x2)dx+3jf(l—x)dx=jmdx (*)
+)D€1tu=x2:>du=2xdx;V(')’ix=0:>u=0\;)éx=13u=1.0 0
Khi do j2xf(x2)dx=jf(u)du :jf(x)dx (1)
) g ?

H)Pbatt=1-x=>dt=-dx; V6i x=0=r=1vax=1=¢r=0.
1 1 1
Khid6 [ f(1-x)dc=[f(e)de=[f(x)dx (2)
0 0 0
1 1 1 1 1
Thay (1),(2) vao (*) ta dugc: 2jf(x)dx+3.ff(x)dx=j\/1—x2dx @If(x)dxz%jxll—xz =%.
0 0 0 0 0
Cau 139: Cho ham s& £(x) lién tuc trén [0;2] va thoa man diéu kién f(x)+f(2—x)=2x. Tinh gia
2
tri cta tich phan Izj.f(x)dx.
0

A [ =—4. B./-L. c.1-2 D. [=2.
2 3

Huéng din giai
Chon D. Cach 1: (Dung cong thirc)
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2

Vi f(x)+f(2—x)=2x taco A=1; B=1, suy ra: ]=J2.f(x)dx =Lj‘2xdx :x2_2 =2.
0

0

Céach 2: (Dung phlr(rng phap d6i bién — néu khong nh(r cong thirc)
T f(x)+f(2-x)=2x :jf dx+jf 2-x) dx—jzxdx_4 (*)
batu=2-x = du:—dx,me_O Su=2vax= 2 = u=0.
2 2 2
Suy ra J.f(2—x)dx = _[f(u)du =_[f(x)dx
0 0 0
2 2
Thay vao (*), taduoc 2[ f (x)dx = 4 < [ f(x)dx = 2.
0 0
Ciu 140: Xét ham sb f(x) lién tyc trén doan [0,1] va théa man 2/ (x)+3/ (1-x)=+1-x. Tich
1
phan J.f(x)dx bang
0
L c 2
6 15
Huéng din giai
1

Chon C. Pt r=1-x=dr=-dt. Suyra J‘f(l—x)dxz—jf(t)dt=J.f(t)dt=jf(x)dx

A2 B.
3

2f(x)+3f(1—x)=\/ﬂ@5jf( jﬂ - (1 x)l

0

/(x)dx . Khi do:

2 0 2
= —. S dx=—.
3 uyra.([f(x)

aA2+h
Chii y: Ta c6 thé dung cong thirc f f ax+b dx = I

ax +b
Ti 2/ (x) 43/ (1-x) =i-x suyra: 2[ /(x)dv+3[ f(1-x)dv=] VI-xdx
1 0 _ 1 1 2 1 2
=2 f(x)de=3[ f(1=x)dr=[ V1-xdr [ 7 ()dv =2 [ f(x)dx =2
Cau 141: Xétham s6 f(x) lién tuc trén doan [G;1] va thoa man didu kién 2f (x) -3/ (1-x)=xv1-x

1
. Tinh tich phan /= [ f (x)dx
0

Ar=L. B./i--2. C.r--L. D./-2.
25 15 15 75
Huéng din giai
1 1 1
Chon B. Do 2/ (x)-3f(1-x)=xyl-x :>IZf(x)dx—J3f(1—x)dx=Ixxll—xdx (1).
0 0 0
I I,

1
+ Xét ]1:3If(l—x)dx: bitr=1-x=>dx=-dt . Khi x=0=¢=1;x=1=¢=0.
0
1
Khi d6 1, =3[ f (¢)dt =31
0

1
+Xét I, = [ x/1-xdx . Dit t=N1-x =>x=1- =dv=-2dt. Khi x=0=r=L;x=1=71=0.

0

4

15

0
Khi d6 Izzj'(l—t )e(-2¢)de (24_2_#}
1

1 5 3
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Thay vao (1);21_31:i@1:_1_
15 15

Céu 142: Xétham s6 f(x) lién tuc trén[~1;2] va theaman f (x)+2xf (x*=2)+3f (1-x)=4x".
2
Tinh gia tri cua tich phan / = J. f (x)dx
-1

A =5, B.z;%. C.I1=3. D.[=15.

Huéng din giai
Chgn C
Cach 1: (Dung cong thirc — Dang 2)

V6ic f(x)+(2x) f(x* =2)+3/(1-x) =4x".

u(—l):—l
Tacod: A=1;B=1,C =3 va u = x> -2 théa man i
u(2)=2
13 s
Khi d6 4p dung cong thirc c6: | = If j4x3dx:x— -3.
T1+1+3 51,

Cich 2: (Dung phwong phap ddi blen néu khong nhé cong thirc)
Tir f(x)+2xf (x*=2)+3f (1-x)=4x".

2 2 2 2
= [ f(x)dx+ [2x.f (x* —2)dx+3] f(1-x)dx = [ 4x’dx (*)
-1 -1 -1 -1
H)Pat u=x"-2=du=2xdx;Vvoi x=—l=Du=-1lvax=2=u=2.
2 2 2
Khido [ 2x.f (¥ =2)dx= [ f(u)du=[ f(x)dx (1)
1 -1 1
HPbatt=1-x=>dt=-dx; Véi x=—-1=2rt=2vax=2=t=-1.
2 2 2
Khido [ f(1-x)dx=[f()dt=[f(x)dx (2)
-1 -1 -1
2 2
Thay (1),(2) vao (*) ta duoc: SJ.f(x)dx=15:> J.f(x)dx:3.
-1 -1
Céu 143: Him s§ f(x) lién tuc trén [~1;2] va thoa man diéukign f(x)=~/x+2+xf(3—x). Tinh
2
gid tri cua I:_[f(x)dx
-1
4

A.I:—. E.I:—. C.[:—
3 3 3

D. [ =2.
Huéng din giai

Chon B. Cach 1: ( Dung cong thirc).

Véi f(x)=~x+2 +xf(3—x2) = f(x)+%.(—2x).f(3—x2): x+2

Azl;B:%C 0 vau=3-x" thoaman{ u(-1)=2

u(2)——

[

2
Khi d6 4p dung cong thirc ta co: = If(x)dx
-1 1—54‘0 -1

Ciach 2: ( Dung phwong phap doi bién).

Tur f(x)—xf(3—x2)=\/m:>j.f(x) Ixf 3 x’ I\/deX——(*)

-1
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s A o | x==12u=2
bat u =3-x> = du = -2xdx vO1
x=2=u=-1

Khi do jxf(3—x2)dx=lff(u)du=ljf(x)dx thay vio (¥) ta dugc

j.lf(x)dx—%j;f(x)dx jf dx__

Cau 144: Xét ham s6 f(x) lién tuc trén [0;1] va thoa man F(x)+xf(1-x2)+37 (1-x) = %
X+

1
Tinh gid trj cua tich phan [ = jf(x)dx
0

A-1=21n2. E.Izzln2. C.I:i. D.]:E.
2 9 B 3 2
Huwéng dan giai
Chon B. Cach 1: (Dung cong thirc)
Véi: f(x)—%.(—2x)f(1—x2)+3f(1—x):2x.
Taco: A=1; B=—;va u=x?-2 théoamin .
2 u(l)zO
Khi d6 ap dung cong thuc ta co:
1 1
1 dx 2 1 -
I=|f(x)dx= =—1n|x+1|‘ ==In2.
{ 1_(_;j+3~£x+1 9 0 9

Cich 2: (Dung cong thirc doi bién néu khong nhé cong thirc)

Tu f(x)+xf(1—x2)+3f(1—x)=ﬁ
:>jf(x)dx+jxf(1—x2)dx+3jf(1—x)dx =j‘ﬁdx =In|x+1[[{=In2. (*)
+)1—gét u :I—Ox2 :>du=—2xd)(c);Vc'ri x=0:0u=1 vax=1=u=0.

Khi d6 jxf(1—x2)dx=%jf(u)du =%j.f(x)dx (1).

+) bat 15=1—x:>du=—x0dx;Véi xz(;):tzl vax=1=1=0.

Khi d6 [of (1-xybr= | £ {0y = [ 7 (0)ie 20

Thay ( 1;, (2) vao (*) taoduo’c: 0

:[f(x)dX+%i.f(x)dx+3if(x)dx=ln2 :%.(l[f(x)dlenZ @if(x)dnglnz_

3

Céu 145: Cho ham s y = f (x) vathoa man f(x)-8xf (x")+ ’z =0. Tich phan
Vx©+1
1
I =_[f(x)dx: a=b\2 VOi a,b,c € Z va ﬁ;é t6i gian. Tinh a+b+c
0 c c c
A. 6 . B. 4. C. 4. D. -10.

Huéng din giai
Chon A. Cich 1: (Dung cong thirc).

Bién doi f(x)—8x3f(x4)+\/ﬁ—0 & f(x)-2.(42) f(x*)=——=—= Vi 4=1:B=2
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A A . o 1
Ap dung cong thire ta co: x)dx = ——— ( j
'([f( ) 1+(_2)J Ja? +1 j\/x +1

Pt t=VxX’+1 = =X’ +1=tdt =xdx; Véi x=0=t=1vix=1=t=~2.
NI t - _2—\/5 _a—b\/z

’ -1 2., (7
a5 | 258

1 1

Khi do: jf(x)dx =j

1
Suyra a=2;b=1l;c=3=>a+b+c=6.
Cich 2: (Dung phwong phap ddi bién — néu khong nhé cong thirc)

3 1 1 1 3
Tir f£(x)=8xf(x*)+—2—=0 o [ f(x)dx—2[4xf(x*")dx+ [-2—dx =0 (*)
(x) (x*) NE j (x) .[ (x*) {m
Datu—x :>du—4xdx Voi x = 0:>u—0 Vax—lzu—l

Khi d6 j 4x’ f (x*)dx = j f(u)du=j f(x)dx thay vao (¥), ta duge:
0 0 0

1 1 1 x3 1 1 x3

f(x)dx=2| f(x)dx+ dx=0 < | f(x)dx= dx

a2 rledee [ mde=0 o [ (e [5

Pit t=VxX'+1= =x"+1=tdt =xdx; Véi x=0=t=1vax=1=t=+2.

V2
! - Y v 7 2-V2  a-b2
Khi do: | f(x)dx = X xax = (! l.tdt = | (£?=1)dt =(——t] = =
J(: ( ) ‘([\/x2+1 '!. t '[( ) 3

1 3 c

1
Suyraa=2;b=lic=3=a+b+c=6.

CAu 146: Cho ham s f(x) lién tyc trén doan [—hlZ;hl2] va thda man f(x)+ f(-x)= Xl
e+

In2
[ f(x)dx=aln2+bIn3,véi a,be Q. Tinh gid tri cia P=a+b.
—In2

A p=1. B. P=-2. C. P=-1. D. P=2.

2
Huéng din giai

Chon A.
In2 In2 dx 1 In2 dx

Cach 1: Dung céng thire
. 1 . 1
Voi —x)= tacO 4=1;B=1,suyra dx=—
S (=)=57 ’ v Lf(x) 1+1£2

Cach 2: Dung phu’(rng phap don bién néu khong nhé cong thl'rc

In2 In2 In2
Tu f(x)+f (-x)=- (—x)dx = j (*). Pat u=-—x=du=—dx

e’ +1

e+l 29 e+l

—In2 —In2 —In2
In2 In2 In2

= _[ f(—x)dx= J. f(u)du= jf dxthayvao( )taduqc:

—In2 —In2 —In2

In2 In2 In2 In2
dx 1 dx
2 [ f(x)dx [ Piti=e' = di=c'dx
—In2 1n2 + —In2 2 —In2 e +1
Véix:—ln2:>t:%,x:1n2:t:2
In2 In2 2 2
dx e'dx dr
= j —= = =ln|—| =In2
el guet(en 1) qe(rwl) et !

2
In2 a,beQ

Khi do: If(x)dxz%an aln2+bln3—>a—5b 0 3P—a+b—5

—In2
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Lz ‘ T . ~ T T
Céu 147: Biét ham so y = f (HE] 1a ham s6 chin trén doan [—3;5} va

f(x)+f(x+%j =sinx+cosx. Tinh /= if(x)dx.

A 1=0. B. I=1. c.1=%. D. [=-1.

Huéng din giai:
Chon D

2

C 2 Vd
(Tich phan xéac dinh khong phu thudc vao bien so tich phan) = I f (% + x] [ Vi f (EHJ la ham
0

s6 chin= f(%ﬂcj =f(§—xn

V.4

Vay 21=Jz[f(x)+f[x+%ﬂdx:i(sinx+cosx)dx:(cosx—sinx)

Co =2 =>1=-1

0

. U .
Ciu 148: Cho ham s6 y=/x) c6 dao ham lién tuc trén R, f(0)=0 va f(x)+f (E—szsmx.cosx

vai VxeR. Gia tri cta tich phan Jogxf’(x)dx bang
AT B. L. cz. D. -1,
4 4 4 4
Huéng dan giai
Chon D. Cach 1: (Dung céng thirc)
U . k3 i3
vei f(x) +f(§—Xj=SH1X-COSX, taco A=L;B=1. Suyra [ f(x)dx =1—i1j02 sin x.cos x.dx :i.
Cich 2: (Dung phwong phap ddi bién — néu nhé cong thirc)

Tu f(x)+f(g—x)=sinx.cosx :>J.£f(x)+15f£§—xjdxzjgsinx.cosxdx:% (*)

Pat u=§—x:>du=—dx. Voi x=0=u= ;x=§3u=0.

I
2

Suy ra Ef(g—de«Y=IEf(M)dM=J5f(X)dX, thay vao (*) ta dugc

2I§f(x)dx=%<:>_[§f(x)dx =i (1)

W= 1 o) demf (f - [ F()de=Z A )= [ f ()
o {dV=f'(x)dX:>{V=f(x) = [i (x) e = () =31 ) J@ Ji £(x)dx

f[
\ T .
Tur diéu kién f(x)"‘f(a—xj =SINX.COSX suy ra 2

f(0)+f[§j -0

Thay (1), (2) vio (*), ta dugc [>xf"(x)dx = _i _
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2

Cau 149: Cho ham s6 f(x) lién tyc trén R vathoa man f(1+2x)+ f(1-2x)= ,Vx eR. tinh

x +1
tich phan = f(x)dx

A 1=2-T. B./=1-=. c.i=1_® D. /==,
2 4 B 2 8
Huwéng dan giai
Chon A.
Pt r=1+2x=1-2x=2—1 va x:t;zl, khi d6 didu kién tro thanh

P+ £ (2-0) =5 p(x)+ (2-0) =

Cach 1: (Dung cong thirc)

Véi f(x)+f(2-x)== _Z‘:;

3 1 3 x°=2x+1
Suy ra dx =
Y Lf(x) * 1+1I :2x+
Cach 2: (Dung cong thirc doi blen néu nhé cong thirc)
| . 2x+1 3 sxt=2x+1
T ("), tacd f(x)+ f(2-x)=5——= = [ f(x dx+_|:]f(2—x)dx=_[ilmdx (2%)
bit u=2—x=du=—dx. Véi x=—1:>u—3;x:3:>u:—1.

Suyra [ f(2-x)dv=]" f(u) du=ff (x)dx thay vao (%), ta dugc:

X' =2x+1 -2x+1 T
Zf,f(x)dx=f,m = [ f(x)de = f S =0429=2-

X" =2x+1 4
x2—2x+5()

taco A=1;B=1.

dx ~ 0,429 = 2—%

TiCH PHAN HAM AN POI BIEN DANG 3
Ciach giai: Lan luot dat =M(X) vat =V(X) dé giai hé phuong trinh hai an (trong d6 c6 an f (X)) dé
suy ra ham s6 f (X) (néu u(x) =X thi chi can dit mot lan ¢ zv(x) ).
Céc két qua dac biét:

A.g( —B.g(x__C]
Cho Af(ax+b)+Bf(-awr+c)=g(x) voi A # B khi 46 f(x)= ——*L— "0l ()

e qui et () 4 (1)+ 5.5 ()= g(x)= £(x) - L1 L)

+) Hé qua 2 cua (*): A.f (x)+B.f (-x)=g(x) = f(x) :ji—x; voi g(x) 13 ham sb chén.

Céu 150: Cho ham sb y =f(x) lién tuc trén R va f(x)+2f(lj =3x.Tinh I = 2 (x)dx
X

A.I:%. B. I=1. c.r-L1, D.I=-1.

N | —

Huéng din giai

‘ 1 3 3
Chon A. Dit, ;= L= x =1 khi d6 didu kién tré thanh f(;j+2f(t):;:>2f( )+ f( j =
X t x

1 6 1
Hay 4f(X)+2f(—j=— két hop voi diéu kién f +2f(—j=3X. Suyra :
x) x x

3f(x):9—3x:>M=3—1:> ,sz(x)dx:f

2
X X X
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. 2 15
Céu 151: Cho ham s6 y=f(x) lién tuc trén ]R\{O} va théa man 2f(3x)+3f(—]:—7x,
X
3
9 2 1
jf(x)dxzk. Tinh IZIf(;jdx theo & .
1
’ 2
A =Bk B. =Pk c. =Bk p. =2k
9 9 ) 9
Huéng dan giai
Chon A
1
i x=—=1t=1 13 )
Pit 1=2x = dv=Ldr. Dbicin| 2 . Khido Iz—ff(—jdx.
2 3, 237
2
2 15x 2 S5x 2
Ma 2f(3x)+3f(—): al @f(—]:__x__f (3%)
X

:_I{_S_X_Zf )}dx:_ijxdx_ﬂf@x)dx:—5—%jf(3x)dx (*)

x=1=>u=3 9
. Khi d6 1:-5—lff(t)dt:_5_ﬁz_45+k_
=3=¢=9 94 9 9

Céu 152: Cho ham s§ y = f(x) lién tuc trén R va thoa méan f(—x) +2018f(x) =2xsinx. Tinh gia

T

tricua J = J% f(x)dx-

bat u=3x = dx:§dx.Béicén

A J=_2 B./- > . c.r=_4 . D./-_ L .

2019 1009 B - 2019 1009
Huéng dan giai
Chon C. Cach 1: (Dung cong thirc)
Véi f(—x)+2018/(x)=2xsinx taco 4 =1;8 =2018

V4

) 1
Suyra 1= [ f(x)dx =

1+2018 -

2xsinxdx =% = psp an C

2019

N\N'_""m

g(x)
A+B

Cach 2: Ap dung Hé qua 2: A.f(x) +Bf(—x) =g(x) :>f(x) = véi g(x) 12 ham s6 chin.

Taco f(—x)+2018f(x):2xsinx:>f(x): 2)26511119x

2
S ()& =509

Casio
xsinxdx T _4

2019

— N
—o N

SR
NI

Céu 153: Cho ham s y = f(x) lién tyc trén R va théa man f(—x) +2018f(x) =¢". Tinh gi4 tri cia

1
1 If(x
-1
2 2 2 _
a 1=t o iy C.1-0. p. ="
2019e 2018e e
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Huéng din giai
Chon A. Cich 1: (Dung cong thirc).
Véi f(—x)+2018f(x)=ex tacO 4=1;B=2018.
Y

2019

1 ;. 1
= e'dx =—¢F
1+2018J. 2019°

-1

1

Suyra [ = J.f(x)dx
-1

Cach 2: (Dung cong thirc)

Ap dung Hé qua 1: A.f(x)+B.f(-x)=g(x) = f(x)=

Ta co:

-1

Ag(x)-B.g(—x)
A4 -B

PPN L YNNI S
S (=) #2018 (x)=e" = [ (x) == 1 == [ f (v)dx = ooz |

-1

(2018ex - e’x)dx

2_
~1164.10° ~& !
2019¢

CAu 154: Cho ham sb y = f(X) ¢6 dao ham lién tuc trén R , théa man 2f(2x) +f(l—x) =12x".

(Casio).

Phuong trinh tiép tuyén cua d6 thi ham sé y = f (x) tai diém c6 hoanh d¢ bang 1 1a
A, y=2x+2. B. y=4x-6. C.y=2x-6. D. y=4x-2.
) ] Huéng din giai
Chon C. Ap dung két qua

e

Ag -Bg

“Cho A.f(ax+b)+B.f(—ax+c)=g(x) (véi 4> = B*)khido f(x)= a a J»
Ta co

2/(20)+£(1-x) =12 =g @f<x>=2'g@_g@) _6r3(xe1)

3 =x"+2x—1.
2°-1 3

f(1)=2 s
Suy ra { ( , khi d6 phuong trinh tiép tuyén can lap la: y=4x-2.

f(1)=4

1
Cau 155: Cho f(x) 12 ham s6 chén, lién tuc trén R thoa mén If(x)dx =2018 va g(x) 13 ham s
0

1
lién tuc trén R théa man g(x)+g(—x) =1, VxeR. Tinh tich phan I = _[f(x)g(x)dx.
-1

1009
-

A. 1=2018. B. / C. 1=4036. D. 7=1008.

) Huéng din giai
Chon A. Ap dung H¢ qua

Ag(x)+Bg(—x)=h(x)=>g(x)=
1

Ta co: g(x)+g(—x)=1=h(x) - g(x):m:%.

h(x)

véi h(x) 12 ham sb chin.

1 1 1
Véi didu kién f(x) 1a ham s6 chin, ta cé: I = If(x)g(x)dx =%jf(x)dx = J.f(x)dx =2018.
-1 0

-1

Chii y: Néu f(x)la ham s6 chén, lién tuc trén [-a;a]= j f(x)dx= ZJf(x)dx.
0

—a
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Céu 156: Cho sé duong dva ham sb f(x) lién tuc trén R thoa man f(x)+f(—x) =a, VxeR.
Gid tri ctia biéu thic [ f(x)dx béng
A. 2a4°. B. a. C.a*.
Huéng din giai

Chn C. Bt x=—1= [ £(x)dv= | f(-t)(~dt)= [ £(=r)de = [ £(-x)ax

:>2j.f(x)dxzj[f(x)+f(—x):|dx=jadx<:>2jf(x)dx=2a2 o ff(x)dx=a2.

5
Céu 157: Cho ham sb f(x) lién tuc trén R thoa diéu kién f(x)+f(—x =2sinx. Tinh J-

A. —1. B. 0. C. 1. D. 2.
Huéng din giai

2
Chon B. Gia st /= j dx Dit  =—x = dt=—dx, d6i can x“?‘”‘%“?‘”‘_%

Va

Khi do I=—ff(t)dt=

0 [N

f(r)dr

[SEE]
(SRR

7[ 71'

Suyra 2I = j[f (x)+ f(—x) Jdx = jzsmxdx 0=2/=0=7=0

2 2

Cau 158: Cho f(x) 1a mot ham s6 lién tuc trén R thoa man f(x)+f(—x) =+/2—2cos2x . Tinh tich

3z

phan I= I f(x)dx

2
A 1=3. B. [=4. C.1=6. D./=8.
Huéng din giai

3 3

Chon C. Taco [ = if(x)dxz Tf(x)dx+jf(x)dx

2 2

Xét [ f(x)dv DAt 1=—x= di=~dx: Béicn v = -L = = T x=0=1=0.

Suy ra ])‘ f(x)dXZ—‘(‘Zf(—t)dt=Jz.f(—t)dtz jf(—x)dx

3z

Co: f(x)+ f(-x)=~2-2cos2x & j.(f(x)+f(—x))dx :J%\/Z—Zcosxdx
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371' 371'
3/r

s
_[ I x)dx = 2“smx|dx <:>jf dx+ I f dx 2J‘smxdx 2]51nxdx
0
Céu 159: Cho ham sé y =f(X) lién tuc trén R va thoéa man f(x)+f(—x) =2+2c0s2x . Tinh
5
= f(x)dx
:

A. [ =-1. B. /=1. C.I=-2. D. I=2.
Huéng din giai
Chon D

z
2

I= [ f(x)dx (1) Pat t =—x = dt =—dx i can:

= 2 2
=>1= I f(= I f(-t)dt= j (—x)dx (2) (Tich phan x4c dinh khong phu thudc vao bién
3 4 4
s0 tich phan)
: : :
() +@) =21 = [ [f(x)+f(=x)]dr= [ V2+2c0os2xdx = [ \[2(1+cos 2x)dx
. . .

s

2
cos xdx =2sin x :2[1—(—1)]:4 —~7=2

'—.mu
— 0y

V2 cos? xdx =

o | N

V2

|cosx|dx 2

SIS
ST

0N

f
Chu 160: Cho ham s6 f (x)lién tyc trén R va 3f(—x)—2f(x)=tan’ x. Tinh I f(x)dx

A.1—§. B. X 1. c.1+Z. D.2-Z%

Huéng din giai
Chon D

Ciach 1: Taco T tan” xdx = T

( 12 —lex =(tanx — x)| = —E—(—HEJ=2—E
cos” x - 4 4 2

a

- FERN T T
bitt=—x=>dt=—-dx,dbicin x=——=t=—, x=—=>t=—

T
4 4

o

kL kL

T3/ (=27 ()]s = [ [37 (1) -2/ ()] = I [3/(x)=2/ (=x) Jdv

z _T _r
4 4 4
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Suy ra, j;f(x)dx: ff(—x)dx :2—%: f[sf(x)—zf(x)]dx @z—g= ff(x)dx

INES

4
Cich 2: ( Tric nghiém)
Chon f(x)= f(—x)=tan’ x (Théa man gia thiét).

T

tan’x dx = j(

4

Cau 161: Cho ham sé f(x) lién tuc trén doan [~In2;In2] va théa man 7 (x)+ f(-x)=—

'—.»\:1

Khi d6 jf(x) —1)dx=2—%

COS X

&la

4

In2

Biét [ f(x)dr=aln2+bIn3 (b€Q). Tinh P=a+b.

—In2

A-P=%- B. P=-2. C. P=-1. D. P=2.
Huéng din giai

In2

Chon A. Goi [ = j f(x)dx

—In2

Pat f=—x =dt=—dx. Pdican: Véi x=—In2 = t=In2; Véi x=In2 = r=—In2.

—In n
Ta dugc [ =— jzf(—t)dt = lf f(~t)dt = Tf(—x)dx
In2 —In2 —In2
In In n
Khi d6 ta co: 2/ = ff dr+ ff x)dy == j [ (x)+ f(=x)]dx = lf
—In2 —In2 —In2 1n2e +1

In2
Xét j
—In2

Péi can: V6i x = —1In 2 :uzé; x=In2 =u=2.

——dx. Dat u=¢* =du =e"dx
e +1

In2 In2 In2
Ta dugc dx = _
' —1{26)("'1 ,f[ e (e +1 i[z u+1
In2
_ 1 _ _ A o B
1'[2[u u+1}du_(ln|u|_ln|u+l|)‘; In2. Vaytaco a=_,b=0=>atb=—.

Cau 162: Xét ham s f(x) lién tyc trén [0,1] va théa man diéu kién 2/ (x)+3/(1-x)=xvl1-x.
1
Tinh tich phan [ = jf(x)dx.

0

Ar=-2. B./=L. cr=2. D./=L.

15 15 75 25
Huéng din giai
Chgn C. Cich 1: (Dung cong thirc)
Vé6i 2f (x)+3f(1-x)=x1-x tacé 4=2;B=3.

1 .
! Jxxll—xdx v 0,05(3)=i.
+35 75

Suy ra: jf(x)dx =
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Ap dung két qua

o5l
“Cho A.f(ax+b)+B.f(-ax+c)=g(x) (Véi 4> = B*)khido f(x)= a -a )

A - B
Taco: 2 (x)+3f (1=x) =x/1—x = (x):f(x)ZZg(x)zfi(l—x) :2X\/§—_§5(1—X)\/;.

J~2xx/1— 3(1 x)f

Suy ra: Izj.f(x)dx— = 005(3)—

Cich 3: (Dung phwong phap ddi bién — néu khong nhé cong thu’c)
1 1 1 .
Tir 2 (x)+3f (1=x) =xvl=x = 2[ f (x)dv +3[ £ (1-x)dx = [ xs1—xde ‘= 0,2(6):%(*)Dét
0 0 0
u=l-x=>du=—-dx;Véi x=0=u=1va x=1=u=0.

Suy ra jf(l—x)dxzjf(u)du =jf(x)dx thay vao (*), ta dugc:

2

4 3 4
5£f(x)dx=E@£f(x)dx=%.

TICH PHAN HAM AN POI BIEN DANG 4
Cau 163: Cho f (x) va g(x) 12 hai ham sb lién tuc trén [—1,1] va f (x) 12 ham s6 chén, g(x) la

1 1
ham s 1é. Biét [ f(x)dr=5 va [g(x)dx=7. Ménh dé ndo dudi day sai?
0 0
1
jf )dx =10. B. [g(x)dr=14.

C. j[f (x)]dleO. D._t[f(x)—g(x)]dleo.

Huéng din giai
Chon B

Cau 164: Néuham f(x) CHAN thi [ f(x)dx=2[f (x)dr 2. Néuham f(x) LE thi [ f(x)dx =0
-a 0 a
Néu chimg minh thi nhu sau:

bat 4= jf(x)dxz ff(x)dx+jf(x)dx

4 4,

0
Al—ff )dx. Pt t =—x = dt=—dx

Doi can: “\ N\ ]

=4 = I f \BQ J.ﬁ I )dx (Do tich phan xac dinh khéng phu thudc vao bién

s6 tich phan) —If )dx (Do £(x) 1a ham chén = f(—x) =/ (x))

Vay A=If(x)dxzjf(x)dx+jf(x)dx=10 (1)

0
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bit B= J.g dx Ig dx+J.g
%,—/
B, B,
0
B = J.g(x)dx. bat t =—Xx =dt=—dx
-1
Po6i céan: 1.\- N %y
U 1
= B, = I é \blk .[ g j )dx (Do tich phan x4c dinh khong phu thudc vao bién
1

0 0

s6 tich phan) = Ig dx (Do f(x) 12 ham chan :>g(—x) = —g(x) )

1
Vay szg(x)dx J.g dx+fg dx 0 (2
-1 0
Tir (1) va (2)
Céu 165: Cho ham s y=f( ) la ham 1¢é va lién tuc trén [—4 4 biét If )dx=2 va

2

[ f(~2x)dx=4. Tinh 1=jf(x)dx

1 0

A. I =-10. B. /=-6. C.1=6. D. /=10.
Huéng din giai

Chon B

Cach 1: Str dung cong thirc: jf(a“b :—Jf(ax)dx va tinh chat If )dx =0 v6i f(x) la

ham s6 1é trén doan [—a,a].

Ap dung, ta co:
Z 1 ¢4 1 ¢ -2
4= ] (20t = [ Pt s [ (x)av=s.
0 0 ) 2
2= ()i r()=[[r(x) <[ /(9=
Suyra: 0= [ f(x)de= [ f(x)dv+ [ f(x)det[ f(x)de
@O=8+(Iif(x)dx—j:f(x)dx)+[ & 0=8+(0-2)+I<1=—6.
Cach 2: Xét tich phan _Tf(—x)dx: 2.
bat —x =t :dxz—dti
Doi can: khi x ==2 thi 1=2; khi x=0 thi r=0dod6 [ f(-x)dr=—[f(¢)dt = [ f(¢)dt
:jf(t)dt=2:>.2[f(x)dx=
Do ham s y = f(x) 1a ham sé 1é nén f(—2x)=—1(2x).

Do dé j.f(—Zx)dxz—Jz.f(bc)dx :>j.f(2x)dx=—4.
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h 1
Xét [ f(2x)dx. Dat 20t = dr=—dt.

2 4
Poi can: khi x =1 thi £=2; khi x=2 thi 7=4 do d6 If(2x)dx=%jf(z)dt=—4
1 2

4

:>_[f(t)dt:—8 :jf(x)dx:—s. Do ]:j.f(x)dx :jf(x)dx+jf(x)dx =2-8=-6.

2

CAu 166: Cho ham sb chn y = f( )hentuc trén R va _[f( )dx 8. Tinh J.f

A 2. B. 4. C. 8. D. 16.
Huéng din giai
ChonD
Tacoj I dx 16.
1+2x 1+\/_

1) I,

t

Pat t=-x=dt=—-dx,khid6 16=1= J

dx j _dt =
S+ J_ 21442 2 1442

st [ e e revedrom v g

Cau 167: Cho f(x) 1a ham sb chin lién tuc trong doan [—1; 1] va If(x)dx =2.Két qua
-1

1
1= _[ (x dx bang

1 +e”
A I=1. B.I=3. C.1=2. D. [=4.
Huéng din giai

*) 4 %) gos (LX)
Chon A. [ = 2 Ldx=1+1
on J.1+e J.1+e +-[ +e” 1T

Xét Ilsz—zdx. Pit x=—t = dx=—df dbican: x=0=¢=0, x=-1=1=1

f(x re f(x ., e f re' f(x
Iy _Il+(e)( dr) J; 1+£’)dt' LalCOJ. 1+£f)dt:£ 1+e(*)dx'
! (z) 1(1+e’).f(t) 1 1!
Suyra 1= I1+e ! -[1+efdx:!Tdt:jf(t)dt:EJ;f(t)dIZI

1 2
Cau 168: Cho y =f(X) 12 ham s6 chén va lién tuc trén R. Biét jf(x)dx =%Jf(x)dx =1. Gia trj
0 1

cua J. dx bang

A. 1. B. 6. C. 4. D.3
Huéng din giai

Chon D ) )

Cach 1: Su dung tinh chat cia ham so chan

Ta co: J. [J;( jf dx, v6i f(x) 12 ham s chin va lién tuc trén [—a;a].
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1 2

Ap dung ta co: j;(fzdx:jf(x)dxzjf(x)dx+jf(x)dx=1+2=3

CéchzzDojf(x)dxz—jf j (x)dx lvaJ.f

:jf(x)dx+jf(x)dx = jf(x)dx =

0

Mat khacff I3x+1 I +)dx va y= f( ) 12 ham s6 chén, lién tuc trén R

0

= f(—=x)=f(x) vxeR. Xét 1 j dxi—)att_—x:>dx_ —dt

2

0 2 _232 23)(
Suyra [ = J. '! !).1 —‘! 3tf+(i)dt:.([ 3{S)dx
3
2 x 23 f(JC) f(x 2 3+1 :2 )
f I3x+1 £3x+1dx !3"+1 3xﬂdx ! 3x+1 _([f(x)dx—3.

TICH PHAN HAM AN POI BIEN DANG 5
“ Cho ham s6 y=f(x) théa man g[ f(x)]=x va g(r) 1a ham don di¢u ( luén déng bién hogc
nghich bién) trén R . Hay tinh tich phan I = jb f(x)dx
Ciach gidi: Dat y=f(x)=>x=g(y)=>dx=g'(y)dy
piven |05 sy = [ s(ohy
Cau 169: Cho ham s & (%) tien we rén R thoa man /() HS () =0 VreR o
1= f(x)dx

A.[=2. B.I:i. C.Izl. I
2 2

I

A|w

Huéng din giai
ChonD. Dt y=f(x)=x=y +y=dx=(3y"+1)dy
Ae A 0>y +y=0<y=0 2 L 4 5
Dai ¢ . Khido 1 = )d 32 +1)dy = [ (3 dy==
01can{x_2_)y+y ey 1do jf X = Iy(y+)y Io(y+y)y 4
Céu 170: Cho ham sb f( )hentuc trén R thoa man 2f3(x)—3f2(x)+6f(x)=x, VxeR. Tinh

5
tich phan / =J.f(x)dx
0

5.1:2. C.[:i. D.[:i.
2 3

12

A T2
4

Huéng din giai
Chon B. Dit y=f(x):x=2y3—3y2+6y:>dx=6(y2—y+1)dy,
Déi can: voi x=0=2)" 37 +6y=0=y=0 va x=5=2)" -3)" +6y=5y=1.
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Khido 7= jf dx = Iy6y y+1dy 6J.y y+y)dy 3

Céu 171: Cho ham s f( ) lién tuc trén R thoa man x+ f~ ( )+2f( )21, VxeR. Tinh

Iz_jf(x)dx

Alw

A.]:Z. B.1:1. C.1:1. D. /=
4 2 B 3
Huwéng dan giai
Chon A. Pt y=f(x)=>x=-p"-2y+1=dr=(-3)y"-2)dy.
Péi can: Véi Xx=—2=—) 2p+l=2y=1. x=1=-) 2p+1=1<y=0.

0
Khi do: Iz_!.y(—3y2 —2)dy:%

TICH PHAN HAM AN POI BIEN DANG 5

e g2 Cas t o dx b—a,,
Bai todn: “ Cho f(x).f(a+b—x)—k , khi do 1:-[k+f(x): o
Chirng minh:
dt =—dx
Patt=a+b—x= f( ):k_2 vax=a=>t-b, x=b=>t=a.
(1)

T dx f dx ljlf(x)dx_

Khi d6 7 = _ _1
s k+ f(x) kot K’ k< k+f(x)
f(f)
_ 1 x)dx _ 1 b-a
21_£k+f(x)+k-£k+f !dx gl ==

Céu 172: Cho ham s f(x) lién tuc va nhan gia tri duong trén [0,1]. Biét f(x) .f(l—x) =1 voi

Vx €[0;1]. Tinh gi4 tri 1=j1+‘]1f( )
0 X
A2 E-L- C. 1. D. 2.
2 2
Huéng din giai
Chon B. Tacé: 1+f(x)=1(x)f(1-x)+/(x) = 1J"J([)E)) = 1)6)+1

1
Xet 1= & patr=l-xex=l-f =dr=—df. Ddicin: x=0=r=1: x=1=¢=0.
+f(X)
0 1 1 1
. f(x)dx
Khi d6 I=—J.1 1 J.l =J‘ :jl
+f K +f —t) 1+ /(1 o 1+ £ (x)
Matkhacj j x)dx j”f( dx = jdx—1hay21 1. Vay 1=+
M+ 1 (x) 1+f 1+ £(2) ) 2’
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Cau 173: Cho ham s6 f(x) lién tuc trén R, taco f(x)>0 va £(0).f(2018—x)=1. Gia tri ciia

2018
tich phan 7 = I dv
o 1+/(x)
A. 1=2018. B./=0 C. 1=1009 D. 4016
Huéng din giai
Chon C.
208 1 2018-0
Taco I = j dx = =1009.
o 1+ f(x) 2.1

CAu 174: Cho ham sb y =f(x) c6 dao ham, lién tuc trén R va f(x) >0 khixe[O;S] Biét

f(x).f(5-x)=1 tlnhtlchphan I= I

>

1+f()
A= >
4

C.I1==

Bl
. Cr=2.

B. 1= D. 7=10.
3

Huéng din giai
Chon C. Pat x=5- t:>dx —dt; x=0=t=5; x=5=t=0

b (= _S5
(do f(5-1)= f(t)) =21 jodt 5j,_2

3
Céu 175: Cho ham sb y =f(x) lién tuc trén R va thoa méan f(4—x) =f(x) . Biét Ixf(x)dx =5.
1

h js1+f5 ) -[01+f

3
Tinh tich phan j f (x)dx
1

A2 B. L. c.2. p. 1.
2 2 2 2
Huéng din giai
Chon A.
bPatt=4-x=>dt=—dxvax=1=¢t=3; x=3=1¢=1.
3 3 3 3
Khi d6: 5= [xf (x)dx=[(4—¢) f(4=1)dt = [(4=x) f (4=x)dx = [(4-x) f (x)dx.
1

1 1 1

Suy ra: 10= [ of (x)de-+ [ (4-x) £ (x) :4jf(x)dx:§.

Cau 176: Cho ham s6 y = f(x) c6 dao ham lién tuc trén R va f(x)>0 khix e [0; a] (a > 0). Biét

dx
f(x).f(a—x)=1, tinh tich phan [ =
(3)- a2 [t
A 1=2. B.[=2a. c./=2. D./=%.
2 ) 3 1
Huwéng dan giai:
Chon A.
t dx ;.
I=|———— (1)Piat t=a—x= dt =—dx Dadi can:
e
[ dt r 1 r :
I=|- = dt = dx (2) (Tich phan xac dinh khong ph
= :[ 1+f(a—t) £1+f(a—t) t -([l+f(a—x) x (2) (Tich phan xac dinh khong phu

thudc vao bién sd tich phﬁn)
1
dx
1+f( ) 1+f(a—x)
H 246
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) - )
_1+f( ).f(a—x)+f( )+fa xd o +fa x+f(x)
(

1+f(a x)+1+f j- +fa x+f(xd jdx )
2
x).f(a=x)=1

Cau 177: Cho f(x) la ham lién tuc trén doan [O;a] thoa man {f(x) O,Vxe[O, ] va

J.d—x = b_a’ trong d6 b , C1a hai s6 nguyén duong va L2 1a phan s6 toi gian. Khi d6
o1+ f(x) c ¢
b+ ¢ co6 gia tri thudc khoang nao duédi day?
A. (15;22). B. (0;9). C. (7;21). D. (2017;2020).
Huéng din giai
Chon B
Cach 1.

Pit t=a-x=df=—dx . Pdicdn x=0=t=a;x=a==0.
a 0 a a
Liedo f- [ [ & __p & If(x)dx
01+f(x) a1+f(a—t) 01+f(a—x) 014 (1) +f(x)
f(x

ldx=a. Do do I_%a:>b—lc—2:>b+c—

=1

Suy ra 21=1+1=J‘1
0

&
~
=
&’“
o'—.n

Cich 2.
Chon f'(x)=1 1a mét ham thoa céc gia thiét.
Dé dang tinh dugc 1=%a:>b:1;c=2:> b+c=3.
TiCH PHAN HAM AN POI BIEN DANG 6
Cau 178: Cho ham s6 y = f(x) ¢6 dao ham lién tuc trén doan [1;4], dong bién trén doan [1;4] va thoa

4
man dang thirc x+2x.f(x) = [f'(x)]z ,Vxe[1;4] . Biét rang f(l):%, tinh Iz_[f(x)dx?
1

A. =186 B. =17 c. =122 . ;-1201
45 45 45 45
Huéng din giai
Chon A.  C6 x+2x.f(x) =[ s"(x)] = Vxfl+2/(x) = f'(x) = 112(f)() =x, vxe[1;4].
uyra [ _de=[(rars e [T g [Jraesc
1/1+2f(x) 1/l+2f X
3
2 3 @x2+:j !
1421 (x) =2x2 +C. Ma 7(1)=>=cC=2.Va )
=\1+2f(x) JVHCMa r()=J=C 3.Vz,:lyf(X) > .
c 1186
Vay Iz_!.f(x)dx=4—5
Cau 179: Chohémsény(X) c6 dao ham trén R théa méan 3f'(x).e St 22? )=0 va
x

/(0)=1. Tich phan J'xf )dx bang
0
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24/7 57
A.i. B. 12 c®, D.i.
3 4 8 4
Huéng din giai
Chon C. Tacé 3/ (x)e/ " - f22 ZC N 0312 (x).f"(x).e” ) = 2xe™"
X

3
Suy ra ¢t =ex2+l+C. Mt khac, vi f(())=1 nén C=0.

Do d6 et Zexz+l<:>f3(x):x2+1<:>f(X)=\/3 x*+1.
V7 V7 N 3 V7
Vay Ixf(x)dx = j xA/x* +1dx =%J‘\3lxz +1 d(x2 +1) =§|:(X2+1)3 x2+1i| _45
0 0 0

0 8

1
Cau 180: Cho ham s6 f(x) =x"+4x"=3x" —x+1,vxeR. Tinh 7= [ f?(x)./"(x)dx.
0

A2, B. 2. c..L. D. L.
3 3

Huéng din giai
Chon D. Dit t=f(x):>dt=f'(x)dx. Déi can: x=02t=f(0)=1, x=l:>t=f(1)=2_
2 3?2
8 1 7
e T=[£d _ry_s_t_7
Khi @6 _!t t 3 3733
Cau 181: Cho ham s f(x) ¢6 dao ham lién tuc trén khoang (O;l) va f(x) #0, Wx e(O;l).Biét rang

f(%jZa, f(g]=b va x+x1"(x)=2f(x)-4, Vxe(01).

1

2 5in? x.cos x + 2 8in 2x
Tinh tich phan / =_[ VR dr theo @ va b .
J £?(sinx)
6
A.1:3a+b_ B.]:3b+a. C.I:Sb_a. Q.[:Sa_b_
4ab 4ab 4ab 4ab

Huéng din giai

Chon D
Vxe(0;1) co x+x/"(x) =21 (x)-4 < x+4=21(x)—x"(x) = +4x=2x1(x) - f"(x)
X +dx 2xf(x)-x7f"(x) x2+4x_( x’ J"

I B R 2 ) B 5 R W )

sin® x.cos x + 4sin x.cos x

/*(sinx)

sin® x.cosx +2sin 2x

f*(sinx) de=

Tinh I = dx

AN [N
OIN |y

. o T 3
Dit ¢ =sinx = df = cosxdx, doi cin x:%:t: ,x:§:>t=7.

(S} Nl’_‘

2
34 |2 2 P _
Tacélzjt+4tdt— 2 3 1 _3a-b
1
2

17 (t) f(t)% _f(\/ziJ f@):% 4a dab
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Cau 182: Cho hamsé s lién tuc, f(x)>—1, f(0)=0 vathéa f'(x)v/x’ +1=2x[f (x)+1. Tinh
1(5):
A. 0. B. 3. C.7. D. 9.
Huéng din giai
S 2
Chon B. Taco f'(x)Vx’+1=2x/f(x)+1 & =
) \/f(x)+1 NI
P

dx<:>\/f(x)+1‘0ﬁ :\/x2+l‘ﬁ N f(x)+10

2x

=1

JJf +1 _IJ
e JF(B)H-Jf(0)+1=1s [f(V3)+1=2e £(3)=3

5
Céu 183: Cho ham s f(x) lién tuc trén R va If(x)dx=4, f(5) =3, f(2) =2.Tinh
2

2
I=Ix3f'(x2+l)dx
1
A. 3. B. 4. C 1. D. 6 .
Huéng din giai
Chon A. Patr=x+1 =>dfr=2xdx. x=1=¢t=2; x=2=1¢=5.
5
Khi d6 1=%j(z—1)f'(t)dt.
2
Pat u=t-1=du=4drt; dv=f'(t)dt,chon v=f(t).

1= 0] -] 70 =37 (5)- 5 ()2

f(Z\/;_l) + x. Tinh tich

Jx x

Céu 184: Cho ham s6 f(x) lién tuc trén doan [L4] va thoa man f(x)=

phén 1 =jif(x)dx

A. 1=3+2In"2. B. I=2In"2. C./=In"2. D. /=2In2.
Huéng din giai

Chon B.
tass oy J{ (Zj; ) ] e ( ) fra,

Xét K = jf(ﬁ )dx it 2Vx—1= z‘:>\/‘_f+1 j;:dz :»K:jf(;)dtzjf(x)dx.
Xét M = j.xxdx jlnxd (Inx)= 2xj=21r122.

Dodojf _[f( )dx+21n’ 2:>jf )dy=21n%2.
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Ca \ £ . N \ 1 ~ % . 2 _16f(\/;) ,
au 185: Cho ham so f(X) lién tuc trén R va théa man jCOtX-f(Slﬂ x)dx-j , dx=1. Tinh
% 1
1
tich phan If(4x)dx.
x
8
A I=3. B./-2. c.1=2. D. =2,
2 2
Huéng din giai
Chon D.
2 5 £ (Jx
bit 1, = jcotxf(sm x)dx 1, 1, = .[dezl,
i X
4
U Diat ¢t =sin? x = dt =2sinx.cosxdx = 2sin’ x.cot xdx =2¢.cotxdx.
X z ’ z
4 2
t ‘ 5 ‘ 1
z 1 1
2 1 1 14f(4x) 14f(4x)
1, = [cot dv _ Lg 1l =2 d(4x) =~ dx
: ;[coxf(smx) .I[f(t).ztdt_z.lf t dr 2! . (4x) 2.!. -
4 2 2 8 8
; 4
Suy ra If( x)dx=211:2
§
0 Pat t=x = 2di=dr.
x |1 | 16
t )1 | 4
CA) 0, W)  (4x)
I = dx 2d —2 _d = = .
2.!'x Jl.t”{ttz'[4xd(4x)2;[xdx
4 4

1.5
X 2 2

oo\—'—,-M~

1 f(4 L (4
Suyrajf(“x)dx:lz _ 1 Knide, ta co: j /1 x)dx+jf( x)dx:2+
1 27 2 ! 1
4 4

Cau 186: Xét ham s6 f'(x) lién tuc trén [G1] va thoa man diéu kién dx.f(x*)+3f(1-x)=~1-x""
1
Tich phan [ = J.f(x)dx bang:
0

A==, B./=Z. c.r=". | ) I
4 6 20 16

Huéng din giai
Chon C. Vi f(x) lién tuc trén [0;1] va 4x.f(x*)+3/(1-x)=~1-x" néntaco

a7 ()37 0-0)Jae= Vi & fawr(aee a7 - ogae i O
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Ma Jl.4x.f(x2)dx = ij(xz)d(xz) ’:—““>2j'f(t)dt =2/

va [3f(1-x)dr =3[ £ (1-x)d(1-x) === 3] f (u)du =31

0 0 0

O o |y

cos’tdt = l
2

O o |y

‘ 1 3
bong thoi I\/I—xzdx L‘“’)J.\/l—sin2 t.costdt =
0 0

Do do, (1)C>21+31:Z hay 7 -
4 20

Céu 187: Cho ham sb [ ( ) c6 dao ham lién tuc trén doan [01] théa man f

va jf(ﬁ)dx%.ﬁnhﬁch phan I=if(x)dx

Ly C.r=3.
4 4
Huéng din giai
Chon B. Détt—\/)_C:>l‘2—x:>dx—21dt Pdican x=0=¢=0;x=1=1r=1
1 1 1
Suy ra dx=2|t.f(t)dt < |t dt=—.Dodd6 < | x.f(x)dx=—
yIf() If If ; Jxf (x)dr=3

A 1=2. B. /=
5

S}

Mait khac ‘([xf(x)dx=%f(x) —_([—f' x)dx =

Suyraj f’ )dx:E—gzﬁzoxf'( )dx=

. Tatinh dugc j 3x? )zdx ==,

(1+cos2r)dt =%

=1, I[f

9
5

Dodéj[f'(x)] dx—2j3x2f dx+j3x dx = 0©j x)-3x%) dr=0

S f(x)-3x" =0 f'(x)=3x <:>f( x)=x"+C.

Vi f(1)=1nén f(x)=x". vay 1=jf(x)dx=jx3dx:

0

1
.
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DANG 4: PHUONG PHAP TUNG PHAN

Cau 188. Cho hamsé y =f(x) c6 dao ham f(x) lién tuc trén [0;2] va f(Z) =3, jf(x)dx

0

Tinh [x.f"(x)dx

A. 3. B. 3. C. 0. D. 6.
Huwdéng dan glal
2 2
Chon B. Taco jx.f' Jdx = [xd(f(x)) = x./ (x) —jf(x)dx=2f(2)—3:
0 0

Ciu 189. Chohamsd y= f(x) ¢6 dao ham la ( ) lién tuc trén doan [0; 1] va f(l) =2. Biét

1

I

0

1
)dx =1, tinh tich phan / = jx.f'(x)dx
0

) Huéng din gidi
Chon A. Dit u=x=du=dx, dv=f'( )dx chon v=If'(x)dx=f(x)

= T=xf(x jf )dx=1.1(1 jf dx=2-1=1

Cau 190. Cho hamsé f'(x) thoa man j(x+1)f'(x)dx=1o va 2f(1)=f(0)=2. Tinh

0

Izjf(x)dx

A. I=8. B. [ =-8. C.1=4. D. [ =-4.

Huéng din giai
1
Chon B. A=I(x+1)f'(x)dx Dit u=x+1=>du=dx, dvzf'(x)dx chon vzf(x)
0

1

= A=(x+1).f(x)|:)—jf(x)dx=2f(1)—f(0)—jf(x)dx=2—j‘f(x)dx=10:jf(x)dxz

0 0 0 0

CAu 191. Cho ham sb f(x) ¢6 dao ham lién tyc trén doan [0;2] va théa man f(2) =16

9

2 1
[/ (x)dx=4. Tinh tich phan 7 = [ox. /" (2x)dx
0 0
A I=12. B.I=7. C. I=13. D. 1=20.
Huéng din giai
_ du =dx
Chon B. Dit .
. ’ { V=f’(2x)dx:> v:—f(jx)
o xS 1 f(2) 16 1
Khi do: = Lirena=2 ezt g g
e 2 2£f 2 jf 2 4

Cau 192. Chohamsé y = f(x) c6 dao ham lién tyc trén R va théaman f(-2)=1,
2 0
[f(2x—4)dx=1.Tinh [x'(x)dx.
1 -2
A T=1. B..1=0. C.1=-4. D. =4,

) Huéng din gidi
Chon B
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Pit t=2x—-4—=dr=2dx,ddican x=1=¢t=-2, x=2=1¢=0.

2 10 0 0
lz!f(2x—4)dx:5'|;f(t)dt:>J;f(t)dt:2:>J;f(x)dx:
bat u=x=du=dx, dv=f'(x)dx:>v=f(x).

0

Vay j.xf'(x)dx =xf (x), - [ f(x)dv =2/ (-2)-2=2.1-2=0.

-2

Céu 193. Chohimsd y = f(x) thoaman f(x'+3x+1)=3x+2, Vx€R. Tinh z—fx.f'(x)dx
1

A2 B. 7. c 3 D. -1761.
4 4 4
Huéng din giai
du = dx v
ChonC. Pt "~ " _ i :
on a {dv—f (x)dx:{v:f(x)él xf(x)|1 [f(x)dx
f(5)=5(x=1)
\ 3 _
Tu f(x +3x+l)_3x+2:> Fl)=2 (xzo),suyral 23_ff
dt = (3x° +3) dx
Dit r=x +3x 1=
f(t)=3x+2

Poicin: Véi t=1=1=x"4+3x+1ex=0Vas=5=x +3x+1=5& x=1.

3 ! asio
Khi d6 I:23fff(x)dx:23—f(3x+2)(3x2+3)dxcz ?
1 0
A . < f(x) :
Cau 194. Cho ham s6 f(x) lién tuc trong doan [];e], biét j )=1. Khi do
1
If lnxdx bang
1
A. I=4. B. 1=3. C. =1 D. 1=0.

Huéng din giai

ChonD. Céch 1: Tacd I = f'(x).Inxdr = f (x).In x| jf dx f(e)-1=1-1=0.
1

{ =lnx du:%
Cach 2: bat , - X .

Suyra[zjf’( Inxdx = f (x jf = f(e)-1=1-1=0.

Cau195. Chohamsd y=f ( ) ¢6 dao ham lién tyc trén R théa man

f(x)+f(g—xj:sinx.cosx,V(’)ri moi xeR va f( ) 0. Gia tri cua tich phan j' S (x)dx bang
0

A _E, B. L. c. ™. p.-L.
4 4 4 4
Huéng dan giai
Chon D.

Theo gia thiét, /(0)=0 va f(x)+f(g—xj=sinx.cosx nén f(0)+f( j 0 <:>f( ):
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O 0 | 3

Ta co: f( )dx.

x.f'(x)dx IXd[f(x)} [xf(x ]‘ If(x Jdx Suyra: [ =-

o'_..\,\;;

(
Taco: f(x)+ ( j=smxcosx:>j f(x dx+I f(——xjdx J.smxcosxdx—%

Suy ra: [ £ (x jﬁf(——xj =—@j f(x)dr=g. Viy 1=-] f(x)a=-1.

Cau 196. Cho ham s6 f'(x) thoa f(0)=f(1)=1. Biét jex [ £ (x)+ f'(x)]dx =ae+b. Tinh biéu
thite Q:aZOIS +b2018, 0
A.0=38. B. 0=6. ~C.Q=4. D.o=2.
Huwéng dan giai
Chon D. 4= je” [f(x)+f'(x)]dx= je”f(x)dx+je“‘f'(x)dx
0 0

0

4 A

bit u=f(x):du:f'(x)dx, dv =e'dx chon v=e"= 4 =e”.f(x)‘1) —Ie”f'(x)dx

0
%,—/
A

VélyA:exf(x)| -4, +4,=e f(x)| —ef(l) f(O)_e 1 j{b— 1:>a2018+b2018:1+1:2

Cau 197. Cho ham sé f(x) c6 dao ham trén R thoa man f’(x) —2018f(x) =2018.x""7 ™" vei
moi xeR va f(O) =2018. Tinh gia tri f(l)
A._f(1)=2019¢"".  B. f(1)=2018¢™"".  C. f(1)=2018e"". D. f(1)=2017e"".
Huéng din giai
"(x)—2018.
Chon A. Tacé: f'(x)—20181(x)=2018x""" """ < /) e /() =2018.x"""

(]
J.f -2018. f(x)dx=j2018.x2°”dx (1)

2018x

1
Xets [ = I f ( ) 220(1)818 f J'f 2018xdx_J'2018.f(x)'672018xdx
© 0
! u=f(x) du = f"(x)dx
A — -2 x ~
e { 20187 () o e DR {dv:2018.6_2018"dx:>{v:—6_2018" '

Do d6 1, = f(x).(-e™"*)|;

1

+ [ f1(x) e dr = 1= £ (1) 2018
0

Khi do (1) < £(1)e™" =2018=x*"|; = f(1)=2019e""

Cau198. Chohamsd y=f(x) véi £(0)=r(1)=1. Biét rﬁng:j.e" [/ (x)+ f'(x)]dx=ae+b

Tinh Q:a2017 +b2017,

A. 0=2""+1. B.0=2. C..0=0. p. 0=2""-1.
Huéng din giai
Chon C
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u=f(x du=f"(x)dx
oo [1= 0 =70
dv=e'dx |v=¢"
1 1 1
JeLr )+ 7 ()]de=e () =o' (n)de+ [e ' (x)dx =¢f (1)=f(0) =e~1.
0 0 0
Dods a=1,b=-1. Suyra Q=a"" +b7 =17 +(-1)"" =0. Vay 0=o0.
Cau 199. Cho hamsé y = f(x) ¢6 dao ham lién tuc trén doan [0;5] va £/(5)=10,
5 5
[ (x)dx =30. Tinh | f(x)dx
0 0
A..20. B. -30. C. 20. D. 70.
Huéng din giai
u=x=>du=dx

dv=f"(x)dx=v=f(x)
jx.f’(x)dxz(x.f(x))‘i—jf( dx ©30=57(5 jf dx@jf )dx=51(5)-30=20.

Chon A. Dait {

Cau 200. Cho hai hamsb liéntyc s va g c6 nguyén ham lan lugt1a F va G trén doan [1;2]. Biét

ring F(1)=1, F(2)=4, ()=, G(2)=2 wa jf dx—% Tinh jF (x)dx
Al B. -1 c. -1 p. 145
12 12 12 12

Huéng din giai
uzF(x) duzf(x)dx
=
dv=g(x)dx VZG(X)

2 2 2

[F()2()ar=(F() G ~[ /()6 (x)dx = F(2)G(2)~F (1)G(1)~ [ £ (x)G(x)ei

1 1 1

Chon A. bDit {

367 _11
212 12
1
Cau 201. Cho ham s6 f(x) ¢ dao ham lién tuc trén [0;1] théa man jx[f'(x)—zjdx = f(1). Gid tri

0

1
cua [ = J.f(x)dx bang
0

A. 2. B. 2. C. . D. 1.
Huéng din giai
1 1
Chon C. Tacd [x[ f'(x)-2]dx = [x.f'( jzxdx
0 0
1 1 1 1
:de f(x =x.f(x) —If(x)dx—l=f(1)—]—1.
0 0 0 0

Theodébéi j.x[f'(x)—2]dx:f(l):>]=—1.

0

Cau 202. Chohamsd y = f(x) lién tuc trén doan [1;2] va

ava b=f(2).

—_——

(x—1)f'(x)dx=a. Tinh j.f(x)dx theo
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A.b-a. B.a-b. C.a+b. D. —a-b.
Huéng din giai
Chon A. Pit u=x—1=du=dx; dv=7"(x)dx chon v=/(x).

2 2 b

[(x=1).£7(x) v =(x=1) £ () = [ £ (9)e = £(2) - Jf<x)dx=b—j f(x).

1 1 a

Ta cé

——

( - )f'(x)dxza @b—j‘f(x)dx=a<:>j.f(x)dx:b—a_

2
Ciu 203. Cho ham sb f(X) lién tuc trén R va f(2)=l6, J.f(x)dx=4. Tinh tich phén

0

1
=Ix.f’(2x)dx
0
A. 1=13. B. /=12. C.1=20. D.I=7.
Huéng din giai
_ du =dx
u=x
Chon D. Dit , = 1 .
{dv=f (2x)dx {vzf(Zx)

Khi 6, 1 —x.2- 7 (2x)

1 1 1 1
1 1 1 1
[ @x)ar=27(2)- 3]/ (2x)dr =8~ [ f (20)ax-
0 0 0 0
2
biat r=2x=dr=2dx. V6i x=0=¢=0; x=1=¢=2. Suyra I=8—%J.f(t)dt=8—1=7.

Cau204. Cho y=f (X) 1a ham s6 chén, lién tuc trén R biét dd thi ham sé y = f (x) di qua diém

1

1 2 0
M(‘zﬂ} va .([f(l)dt =3,tinh 7 = j sin 2x. ' (sin x)dx -

A. 1=10. B.I=-2. C. I=1 D. [=-1.
Huéng din giai

0
sin 2x. f'(sin x)dx = J 2sinx.f'(sin x).cos xdx -

—_—

Chon B. Xét tich phan 7 =

o N
(=)}

o 1 0
Dit: ¢ =sinx = df = cosxdx. Péican: 4* 6:>t_ 2 :>I=2.[t.f'(t)dt-
x=0=¢t=0 —%

u=2t du =2d¢
at: = -
bat dv:f,(t)dt V:f(t) =1 2t.f(t)
X g . ) I 1 1
1 Do thi ham so y=f(x) di qua diém M(—E;4j :f(—a]:4.

1 1
0 2 2

] Ham s6 y=f(x) 12 ham sb chén, lién tuc tréen R = If(t)dtzjf(t)dt:_[f(x)dx:3,
0 0

2

Vay [=4-23=-2.

2
Cau 205. Cho ham s y = f(x) théa man jsmx.f(x)dx:f(o) =L Tinh / = [cosx.f'(x)dx -

o'—.w\kx
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A. I=1. B./=0.

Cc. 1=2. D. [=-1.
Huéng din giai
{u = f(x) = du=f'(x)dx

Chon C. Dit

i z
d = sin e = v = — oS x = .!.smx.f(x)dx=(—cosx.f(x))‘0 + | cosx.f(x)dx .

O o [ Ny

=1/=

O'—.I\J‘§
ot—u|n

cosx.f'(x)dx = sinx.f(x)dx+cosx.f(x)|0% =1-1=0.

Ciu 206. Cho ham sé y = f(x) lién tuc trén R va théa man f(—x)+2018f(x) =2xsinx. Tinh

T

1= f(x)ar:

2 2 2 . 4
2019 2018 i 1009 ~"2019
Huéng dan giai
% L4
Chon D. Taco [ (f(—x)+20181(x) jzxsmxdx
_% _r

2

@ff(—x)dﬁzmsff( )dbx = fzxsmxdx @2019i
- z

—o [N

2xsinxdx (1)

N
N

z
P =2x.(—cosx)|?, +sinx

z
2

2

dv =sin xdx

2 _ _
+Xét P= Iszinxdx Pit w=2x = du =2dx
) V=—COSX

_z 2
2
z

2
Tir (1 I= de__4
Fl sy 1= [ F(a)ar 2
2
Céu 207. Cho ham s6 f(x) va g(x) lién tuc, ¢6 dao ham trén R va théa man f'(O).f’(2) #0 va
g(x)f'(x) =x(x—2)ex. Tinh gi4 tri cta tich phan 1 =J2.f(

A. 4.

x).g'(x)dx?
B. e-2. C. 4. D. 2—e.
Huéng din giai
Chon C. Taco g(x)f'(x)= (x 2)e" =g(0)=g(2)=0 (vi f'(0)./"(2)=0)
dx =

)
I-= j 7(x).g(x)dx = Ef x)dg (x) =(f (X)-g(X))\f,—ig(x)f (x)

(x —2x) dx=4.

o'—.m

Cau 208. Cho ham sb y=f(x) c6 dao ham va lién tuc trén [0;

} théa man f(%j:?:,

sinx. /' (x)dx bang:

NG

1
dx=1 dx = 2 . Tich pha
e va .[[smx tan x. f (x )J ich phan

S =[N

2+3
A. 4. B = \/5. C. 1+3‘/§. D. 6.
-2 2
Huéng din giai
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3 u=sinx du = cos xdx
Chon B. Taco: [ = Ismxf dx bat dv:f’(x)dxj v=f(x)
. d
I =sinx.f(x)‘0Z —J.cosx.f(x)dx =%—[
0
2= i[smxtanxf i[ } j{l cos’ x ﬂ}dx
o 0 cosx o cOS X
0 cos 0

4
Cau 209. Cho ham s6 f( ) lién tuc trén R va f =16, If )dx=4. Tinh 7 :Ixf’(gjdx
0
A I=12, B.I=112. C.1=28. D. =144,
Huéng din giai
U=x du=dx

Chon B. Dbit dv:f'(zjdx: v=2f(£j'

2 2
Khi dé 1=£xf'(§de=2fo |3—2£f(§jdx =128-21 véi 11=£f(§jdx
bt uz%:dx:Zdu,khi dé 1, :.([f(gjdx=2£f(u)du =2J;f(x)dx=

vay [ =128-21, =128—-16=112.

Cau210. Cho ham sé f(x) c6 dao ham cdp hai f"(x) lién tuc trén doan [0;1] thoa
man f(1)=£(0)=1, f'(0)=2018. Ménh dé nio du6i day dung?

A._jf"(x)(l—x)dxz—zols. B. jf”(x)(l—x)dxz—l.
C. jf” (1-x)dx =2018. D. jf"(x)(l—x)dle.

Huéng din giai

1 1 u=1-x du =—dx
Chon A. Xét I:If"(x)(l—X)dx=£(1—x)d(f'(x))' bat {dvzd(f'(x)) Q{

< 1=(1- |+ff Jax =[(1=1) 7" (1)=7"(0)]+ 1 (x)], ==/ (0)+[/ ()= 1 (0)]
=—2018+(1—1):—2018.

Cau211. Cho ham sd f(x) c6 dao ham lién tyc théa main f(£j=0, T[f’(x)}zdx z
f

cosx f (x)dx :%. Tinh f(201872') i

NN ——

A. -1 B. 0 . C.

N | =
[
1
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‘ Huéng dan giai
Chon D. Bang cong thuc tich phan tirng phan ta co

Tcosxf dx = [smxf ) ]Esmxf( )dx . Suy ra

z
2

sinxf'(x)dx = —%-

RN —y

oy

T “1—cos2x 2x—sin2x|T x

Hon nira ta tinh duoc _[smz xdx = J- dx=| ————| =—.
. ° 4 z 4
2 2 2

T T T

Do do: j.[f'(x)fdx+2jsinxf’(x)dx+jsin2 xdx =0 < j[_f’(x)+sinx]2dx20-
0 0 0 0
: Vs
Suy ra f’(x)z—smx.Dodé f(x)zcosx+C.Vi f(5j=0 nén C=0.

Taduge f(x)=cosx = f(20187)=cos(20187)=1.
Ciu 212. Cho hamsé f (x) nhan gia tri duwong, c6 dao ham lién tuc trén doan [0' 2]. Biét f (O) =

( -3x° )f’( )
va f(x).f(2-x)=e 274 'y6i moi x€[0;2]. Tinh tich phan /= I ) dx
A7l B./-_10 C. 1—_5 D.7-_32
3 5 3 5

Huéng din giai
Chon B.
Cich 1: Theo gid thiét, tacé f(x).f(2-x)= ¢* ™ va f(x) nhan gi4 tri dwong nén
ln[f(x).f(Z—x)] = Ine2 ™4 <::lnf(x)+lnf(2—x) =2x" —4x.
Mait khéc, véi x =0, ta cd f(O).f(2)=l va f(0)=l nén f(2)=1
—3x f’ 2 '
Xét [ = j( f()z) S )dx,tac() 1:j(x3—3x2).f(x)dx

5 u=x =3 du=(3x2—6x)dx
bat d _f’(x)dx =

v_f(x) v=In f(x)
Suyra 7 =[(x* =3 )In £ (x )]‘ j(3x2—6x) In / (x) _—j (3x* = 6x).In £ (x)dx (1).
Dénday,déibiénx 2—t=dx= —dt Khi x=0—>¢= 2vax 2—-¢=0.

2
Ta c6 1——] (322 —61).In £ (2-1)(=dr) ==[ (3> = 6t).In f (2~ 1) dt
0

Vi tich phan khong phuy thude vao bién nén 7 = ~[(3x* = 6x).In £ (2-x)dx (2).

Tu (l) va (2) ta cong vé theo vé, ta dugc 2/ = — (3x2 —6x).|:lnf(x)+lnf(2—x):|dx

O 1 O C—y 10

1t 16
Hay [ = _5£(3x2 —6x).(2x* —4x)dx = -
Ciach 2 (Tric nghiém)
Chon ham s f(x) —et , khi d6:
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I =

2 x*-2x 2
<x3—3x2) B (2x 2 -16
! = j )(2x-2)dx=—2

Cau213. Cho ham sb6 f ( ) c6 dao ham lién tuc trén doan [0,1] thdoa man f (1)20 va

Pl e e
j[f jx+1)e f(x )dxzeT.Tlnhtlchphan Iz.gf(x)dx

0

A I=2-c¢. B.l=e-2. C.1=§. D. /=21,
Huéng din giai

u=f(x) :{du:f'(x)dx

dv=(x+1)e"dr v=xe"

Chon B.
1
Xét 4= [(x+1)e"f(x)dx. Dit {
0
1

—jxe"f’(x)dx =—.:|;xe"f'(x)dx = j).xe”f'(x)dxz

0

1-¢?
4

Suyra A= xe"f(x)‘1

0

1
e’ —1

4

1
. 1 1 1
Xet Ixzezxdx =e™ (—xz ——x+—j
) 2 T2y

0

Ta c6 j[f'(x)]zd“zjxev'(x) j e”dr = 0©j (x)+xe*) dr=0

Suyra f'(x)+xe" =0 Vxe[0;1] (do (f'(x)+xe" ) >0 Vxe[01])
= f'(x)=—xe' = f(x)=(1-x)e"+C
Do f(1)=0nén f(x)=(1-x)e". vay Izjf(x)dX:

(1-x)e"dx = (2-x)e’] =e-2.

© —

2

Cau 214. Cho ham sb f(x) c6 dao ham lién tuc trén doan [1;2] théa man J.(x—l)2 f(x)dx = —% ,

1

£(2)=0 va j[f’(x)]zdx=7 . Tinh tich phan Izjf(x)dx

Ar="1. B./-__. C.r--L. D./=_.

5 5 20 20

Huéng din giai
Chon B
’ 2 (X—1)3

Pat u=f(x) =>du=f"(x)dx, dv=(x-1) dx=>v= 3

TR -1 [ 2G-1y
Taco —gzj.(x—l) f(x)dx = 3 f(x) —I f'(x)dx

1 1 1

S}

1 1
2

Tinh dugc [49(x—1)"drx=7 :i[f’(x)]zdx —j2.7(x—1)3f'(x)dx +f49(x—1)"dx=0

= [76-17 - ()] =02 () =7(-1) = f(x)=7(x4_1)4+C.

1
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Dof(2)=0:>f(x):7(+r_1)4—%. Viy I= jf )dx = j{ 1) —ﬂdx:_;

Cau 215. Cho ham sb f(x) c6 dao ham lién tuc trén doan [0,1] thda man f(l) =1,

.(i;[f'(x)]2dx=9 va j.x3f(x)dx=%. Tich phan ‘(i)‘f(x)dx bang

0

AL B. 2. c. L. D.
3 2 B 4
Huwéng dan giai

Chon B. Ta co: j[f’(x)]2 dx=9 (1)

m|o-

_~ 4 ' ——_ 4 '
:>2 O 4.([)6 f(x)dx 2 4.([)6 f(x)dx
1
=[xt f (x)dr=—1=18[x".f =-18 (2)
0
1 x91 | :
~Lai co: [x'dv="- == =81[x'dr=9 (3)
0 9 0 9 0

- Cong vé véi vé cac dang thirc ( ) (2) va (3) ta dugc:
j[[f’(x)]ZHSx“.f( )+81x* ]dx 0@j[ x)+9x* dr = o@;rj[ x)+9x* |dx =0
0

Hay thé tich khéi tron xoay sinh béi hinh phang gi6i han béi d6 thi ham s y = f" (x) +9x", truc
hoanh Ox , cac duong thing x =0, x =1 khi quay quanh Ox béng 0
= [(x)+9x* =0 = f'(x)=-9x"= f(x)=[/'(x) dx_——x +C.

Lai do f(l) C——:>f(x)———x +%:>-(|)‘f(x)dx=-([(—2x5+ﬂjdx

, T T ,
Cau216. Cho ham s6 y=/(x) c6 dao ham lién tuc trén doan {O;Z} va f (ijo. Biét

V4

i i ]
[ 3 (x)dx= % | £ (x)sin 2xdx = _%. Tinh tich phan 7 = [ f(2x)dx
0 0 0
A I=1, B./-L. C.1=2. D=1l
2 4
Huéng din giai
Chon D.
T - sin2x=u 2cos 2xdx = du
Tinh | £’ i =-2.Dbat = khi d¢
n v(I)‘f (x)sm 2xdx 1 a fy(x)dx:dv f(X)=V , K1 do
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f"(x)sin 2xdx = sin 2x.f(x)|0% —Zjlf(x)cos2xdx =sin %.f(%)—sin 0.f(0)—2if(x)cos2xdx

S

f(x)cos2xdx .

o'—.&\N

o'—;A\N
S i [N

A . 4 . ,
Theo dé bai ta co I (x)sin 2xdx = —% = | f(x)cos2xdx = % Lai c6 |cos® 2xdx = %
0

Do i[f(x)—cost]zdx j‘ f (x)—2f (x).cos2x +cos’ 2x]dx (Z_zz_,_zj:o nén

T

s 1

4
0
Ciu 217. Cho ham s y=f( ) c6 dao ham lién tuc trén doan [0,1] va f(0)+f(1)=0. Biét

f(x)=cos2x. Tacé I =[cosdxdx = Joindx

o'—,oo\§

_[f dx—— _[f cos ﬁx)dxz— Tinh If

AT B. L. c. 2. p. 3%
V4 T 2
Huéng din giai
Chon C.
{u =cos (7x) {du =—sin(7zx)dx
Dit , =
dv=f( )dx v=f(x)

Khi do: jf )cos (7x)dx = cos (7x) £ (x) +ﬁjf sin (7x) dx

~(S )+ (0)+ [ 1 (x)sin(zx)dv=z[ f (x)sin (zx)dv :If(x)sin(ﬂx)dﬁ%-
Cich 1: Tim k sao cho j.[f(x)—ksin(ﬂx)]zdxzo
Ta cé: j[f() ksin(zx)] dx= jf )dx - 2kjf sm(m)d“kzjsmzw)dx

0 0

2
=l—k+k——0<:>k 1.
2 2

Do d6 j[f(x)—sin(;rx)]z dx=0 =>f(x) =Sin(7rx) (do [ f(x)—sin (mc):l2 >0 VxeR).

A N 2
Vay .([f(x)dx—.([sm( )dx-/Z
Cach 2: St dung BDT Holdern ﬁf } j)‘fz(x)dx_j‘gz(x)dx .
Dau “= ” xay ra @f(x) (x) ‘v’xe[a b]

1
—-= dx=—
Ap dung vao bai ta co U f Sln 7rx } J f J- sin’ ) 1
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suy ra f(x)=k.sin(7zx), keR.
Ma If sin ( )dx=%<:>kj.sin2(ﬂx)dx=%<:>k=1:>f(x)=sin(7z'x)

sin(77x)dx = 2

T

Sy S——

Vay [ £ (x)dv=
0
Céu 218. Cho ham s6 f(x) c6 dao ham f'(x) lién tyc trén doan [0,1] thoa f( )

1 2 1 1
[(£'(x)) dx == va jcos(%xjf(x)dxzé. Tinh [ f (x)dx
0 0 0
B. TT. c. L. D..
T
Huéng din giai

u:f(x) du = f'(x)dx .
sin % - Do do }[cos(%xjf(x)dxz%

2
Vi (—gf’(x)—sin (%xn >0 trén doan [0;1] nén
T

j(—%f’(x)—sin(%xnz dx =0 <:>—%J”(x)=sin(%xj @f’(x):—%sjn(ng_

0

Suy ra f(x):cos(%xj+C ma f(1)=0 do d6 f(x)=cos(%xj.

0

1 1
V4 2
Va x)dx=|cos| —x |[dx=—.
] (ZrJac=2
Cau219. Xéthamsd f (x) ¢4 dao ham lién tuc trén R va thoa méan diéu kién [ ( ) Iva

2 '
f(2)=4.Tinh J:I[f(x)+2—f(x2)+lex
1 X X
A J=1+In4. B. J=4-In2. C.J:lnz—%. Q._J:%+1n4
Hu’(mgd{mglal
2 f(x)+2 f 2f'(x 2 (x) 2 ) 1
Chon D. Céch 1: Taco J = j[ de | j . dx+j(———2jdx.
| X 1 X 1 1 X X
1
u== du=——dx
X = X

bat
dv=f'(x)dx v=f(x)

j[f(x )+2 f(x) J :i'f(’“f*

jf(j‘)dx_jf(f)dﬂi(%—iz)dx

1

J =
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2

1 =l+1n4-
2

2f(2)—f(1)+(21nx+§j1
Cich 2: J— I(f(x)+2 f(x) +1]dx j(xf’(x G LZ]dx

X x X

A (o= i

1
Cich 3: ( Tric nghiém)

:l+ln4.

Chon ham s6 f(x)zax+b.V‘1{ ,suyra f(x)=3x-2.

=
f(2)=4 [b=-2
2 2
Vay J=I(§—3x;lex=(21n|x|—lj
\x x x
Ciu 220. Chohamsd f (x) ¢6 dao ham lién tuc trén doan [0,1] thda man

f[f f x+1)e’f(x)dx -1 £(1)=0. Tinh If(x)dx

0

=ln4+l-
2

1

e—1 €
A &L B. —. C.e—2. D.
2 4

V| o

Hu’(’)’ng din giai
1

Chon C. Tinh: [ = jx+1ef )dx = jxef Jdx+ [e'f (x)dx=J+K.
0

ok ; u:ef(X): u=[ef(x)+e'f'(x)]dx
TlnhK—_([ef(x)dx' Dat{dv:dx {vzx

1

=K =(xe"f(x))‘10—_(i)‘[xexf(x)+xexf’(x)]dx =—J‘xe"f(x)dx—j;xexf’(x)dx (dof(l):O)

0

1 1
= K ==J = [xe' f'(x)dx = I =J + K =—[xe"f"(x)dx
0 0

.i'[f,(x):lzdxz e24—1 .i-[f,(x):'deZGZ_l (1)

4
- Két hop gia thiét ta duge: " | =3 i
—.[xe"f'(x)dXZ © 4_1 2J.xexf’(x)dx—— )
0 0
1 2
- Mit khac, ta tinh dugc: j Werdr =1 A3).
0
- Cong vé véi vé cac dang thuc (1), (2), (3) ta dugc:
1
J.([f’(x)]z+2xe"f( )+xzez")dx 0 <:>_[ )+ xe ) dx = 0<:>7r_[ )+ xe ) dx=0
0

hay thé tich hinh phang gi¢i han boi d6 thi ham sé y = f” ( )+xe ,truc Ox , cac duong thang x =0
x =1 khi quay quanh truc Ox bang 0

= f'(x)+xe" =0 & f'(x)=—xe" = f(x)= —Ixe =(1-x)e" +C.

- Lai do f(1)=0:>C=0:>f(x):( x)ex

:if(x)dxzi(l—x)e"dx =((1-x)e’

1
+I rdx_—1+e|—e: 2. Vély.!f(x)dxze—l
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Ciu 221. Chohamsd f (x) ¢6 dao ham lién tuc trén doan [0,1] thoa man f (1) =0,
1 1 1
[[f(x)] dx=7 va [+ f(x)dx =§. Tich phan [ f(x)dx bing
0 0 0

AL, B. 1. c. .. D. 4.
5 4

Huéng din giai
Chon A

3
dv=x’dx v:x—
3

v g on [1 /0=
Céch 1: Tinh: szf(x)dx. bat = :

—lJ.x3.f’(x)dx —f( jx3 f(x =—l_[x3 S(x

0 0 0 0

j 9x6dx——49 7 (2). jx3.f'(x)dx=—1:>j14x3.f'(x)dx=—14 3).
Cong hai vé (1) (2) va (3) suy ra j[f'(x)Tdx+j49x6dx+j14x3.f'(x)dx=7+7—14=o.

:j{[f’(x)]z +14x3f'(x)+49x6}dx=0 = j)-[f'(x)+7x3]2dx=0.

Do [ f'(x)+7x'] 20 j (x)+7x' ] dx20. Ma [[//(x)+ 72 ] dx=0= f"(x)==7x".

0

7x*
f(x)z—T+C Ma £(1)= 0:—%+C:0:>C:%

7xt 7 L 4 g 7% 7
Dods £(x) =L+ L vy [ £(x)de = (__ _jdx:(__+_x]
(x) 4 4 ! I 4 4 20 4

1
Cach 2: Tuong tu nhu trén ta co: J.x3 S (x)dx=-1. Ap dung BDT Cauchy-Schwarz, ta co:
0

= 7@x3f'(x)dxj2 < 7[j(x3)2 dx}'(:[[f'(x)]z dx] = 7%~I[f’(x)]2 dx=j;[f'(x)]2 dr

0

Dau bang xy ra khi va chi khi f'(x)=a’, véi aeR.

1 7l
Ta co IXS-f'(X) —1:>Ix avdy= —1:>ax7 =—l=a=-7.
0 0
Suy ra f'(x)=—7x3 :>f(x)=—7%+c ma f() 0 nén C:%
7 7 7 W7
Do d6 f(x) 4(1 X )VxeR Vay If J(_T+Zjdx:(_ 2):) " J():g'

H 265



Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886

Chii y: Chimg minh bat ding thirc Cauchy-Schwarz: “Cho ham sé f (x) va g(x) lién tyc trén

doan [asB]. Khi o, ta o6 (j () g(x)dxf SU £(%) dx](f g (x)dx}

Chirng minh:
Xéttamthfrcbéchai [ﬁf(x)+g(x):|2 =ﬂzf2 (x)+2/’tf(x)g(x)+g2(x)2O’Vdi in AeR

b b b
Ldy tich phan hai vé trén doan [a;b]: /12J‘f2(x)dx+2/1j.f(x)g(x)dx+_|‘g2(x)deO, v AieR(*)

Coi (*) 1a tam thirc bic hai theo bién A nén ta cé A'<0 = dpem.
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UNG DUNG DIEN TiCH
1. Dién tich hinh phing
a) Dién tich hinh phing gi6i han boi d6 thi ham s6 y = f(x) lién tuc trén doan [a;b], truc hoanh va

b
hai duong thang x=a, x =b duoc xac dinh: S = J.|f(x)| dx

YA
y=1f(x) p
H) y=0 s=£|f(x)|dx
X=a
x=b

b) Dién tich hinh phang gi6i han boi do thi ham sé y = f(x), y = g(x) lién tuc trén doan [a;b] va

b
hai dudng thing x=a, x =b duoc xac dinh: S = J.|f(x) - g(x)|dx

& (C):iy=1(x)
(1) (€)Y = £,

X=a

xX=b

S = “fl(x)— fo(x)|dx

Chu y:

b
- Néu trén doan [a;b], ham sé f(x) khong doi dau thi: J'|f(x)|dx =
- Ném viing cach tinh tich phén cuia ham sO ¢ chira gia tri tuyét d6i 7
- Dién tich cua hinh phang gidi han boi cac duong x = g(y), x=h(y) va hai duong thang y=c,

[ £

a

d
y=d dugc xac dinh: S = [|g(»)~h(y)|dy

DIEN TiCH HINH PHANG PUQC GIOI HAN BOI CAC PO THI
PHUONG PHAP: ) ﬂ
Truwong hop 1. Cho hai ham s6 f{x) va g(x) lién tuc trén doan [a; b]. Dién tich hinh phang gidi han

b
boi cc duong y = f(x), y=g(x), x=a, x=b 1a §=[|f(x)-g(x)|dx.

Phwong phap gidi toan

+) Gidi phuong trinh f'(x) = g(x) (1)
b

+) Néu (1) vo nghiém thi S = I(f(x) - g(x)) dx

+) Néu (1) c6 nghiém thudc. [a;b]. giasu a thi S = j'(f(x) —g(x))dx + j'(f(x) —g(x))dx

Chii y: C6 thé lap bang xét ddu ham s f(x)— g(x) trén doan [a; b] roi dua vao bang xét dau dé

tinh tich phan. ) ]
Trwong hop 2. Cho hai ham so0 f{x) va g(x) lién tuc trén doan [a; b]. Dién tich hinh phang gidi han

B
boi cac duong y = f(x), y=g(x) 1a §=[|f(x)-g(x)|dx. Trong d6 @, f la nghiém nho nhat va 16n
nhét ciia phuong trinh £ (x) = g(x) (a Sa<pf< b).
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Phwong phap gidi toan
Budrc 1. Gidi phuong trinh f(x) = g(x) timcac gia tri o, f.

B
Buéc 2. Tinh S = [|f(x) - g(x)|dx nhu trudmg hop 1.

Dang 1: Tinh dién tich hinh phing gi6i han béi dd thi ham s6 y = f(x), truc hoanh va hai duwong
thing x=a,x=b (a<b)

Cau 1. Viét cong thic tinh dién tich hinh phang dugc giéi han boi do thi ham sé y = f(x), truc Ox
va céc duong thang x=a,x=b (a <b).

b b b b
A. I|f(x)|dx. B. jfz(x)dx. C. jf(x)dx. D. ﬁjf(x)dx.
Huéng din giai
Chon A
Cau2. Cho ham sé y= f(x) lién tuc trén R va c6 @6 thi nhu hinh v& bén. Hinh phang dugc danh
d4u trong hinh v& bén c6 dién tich 1a
y

\b

al 0\/cx

A j:f(x)dx—j:f(x)dx. B. j:f(x)der_If(x)dx.
c. —jf(x)dx+:|:f(x)dx. D. if(x)dx-jf(x)dx.

Huéng din giai
Chon A. Taco f(x) >0 ‘v’xe[a;b] va f(x) <0 Vx e[b;c]

b c
Nén dién tich ctia hinh phang 1a [ £ (x)dx— [ f (x)dx
a b

Cau 3. Chohamsé f(x) liéntuc trén R, c6 do thi nhu hinh v&. Goi S 1a dién tich hinh phang duoc
gi6i han boi d6 thi ham sé f (x) , truc hoanh va truc tung. Khang dinh nao sau diy ding?

Y

c i\ O x
y—f(X)\/\

A Szj.f(x)dx—jf(x)dx. B Sz—]{.f(x)dx—j-f(x)dx
C Sz—]{f(x)dx+jlf(x)dx. D Szj.f(x)dx+j.f(x)dx

Huéng din giai
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0 d 0
Ta co S=I|f(x)|dx =J.|f(x)|dx+‘”f(x)|dx.
c c d
Quan sat d0 thi ham s ta thdy f(x)=0 véi xe[c;d] va f(x) <0 véi xe[d;0].
d 0
Do dd § = f(x)dx—[f(x)dr.
c d

Céu 4. Dién tich cta hinh phiang (H) duoc gi6i han béi do thi ham sé y = f(x), truc hoanh va hai
dudng thang x=a, x=b (a<b) (phan to ddm trong hinh v&) tinh theo cong thirc:

A S=[r(x)dr. B. §=—[ £(x)de+ [ £(x)dr.
C.5- jff(x)dx‘. D. § =] f(x)dr+ [ £ (x)ar.

Hudng d?m gidi
Chon B. Ap dung cong thirc tinh di¢n tich hinh phang ta co:

S:z|f(x)|dx:;':[O—f(x)]dx+j[f(x)—0]dx:—‘:[f(x)dx+jf(x)dx.

Cau 5. Chohamsé y = f(x) lién tyc trén R va c6 dd thi (C) la duong cong nhu hinh bén. Dién
tich hinh phéng gi6i han béi do thi (C), tryc hoanh va hai duong thing x=0, x=2 (phan t6 den) 1a

w
A [ f(x)dx. B. —[ f(x)de+ [ f(x)dx.
C. [ £ (x)de—] £ (x)d. D. Iozf(x)dx‘.

Huéng din giai
Chon C.
Duwa vao hinh vé ta nhan théy: khi x e (O;l) thi f(x) >0,khi xe (1;2) thi f(x) <0.
1 2
Vay § = J‘Of(x)dx—J-l f(x)dx
Cau 6. Goi S 1a dién tich mién hinh phing duoc t6 ddm trong hinh v& bén. Cong thirc tinh S 1a
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2 1 2

A. S=jf(x)dx+.|.f(x)dx. B. S=[f(x)dx—[f(x)dr.

C.Szjf(x)dx. D. §=—[f(x)dr.

Huéng din giai
Chon B. Ta thay mién hinh phang gidi han tr x =—1 dén x =1 & trén truc hoanh — mang dau

1
duong = S, =+If(x)dx
-1
Mién hinh phang gii han tir x =1 dén x =2 & dudi tryc hoanh — mang dau am

= 5, =—j.f(x)dx

Vay Szjf(x)dx—.'%f(x)dx.

Ciu 7. Dién tich hinh phang duoc gii han boi d6 thi ham sé y = x° —3x, truc hoanh va hai duong

thang x=1, x=4 Ia
N 5t ¥ p. 2
4 4 4 2
Huéng din giai
Tacod x’ —3x" =0<>x=3€[l;4]. Khi d6 dién tich hinh phang la

4 3 4 4
4 4 .

Ciu 8. Dién tich hinh phang duoc gi6i han bai dd thi ham sé y = x* —3x” — 4, tryc hoanh va hai duong

thing x=0, x=3 la
A 142 B. 143 c 144 p. 141
5 5 T 5 5
Huéng dan giai
Taco x*-3x°-4=0<x=2¢€[0;3]. Khi do dién tich hinh phang la

@

+

4
— 3_ 2 - =
S—”x 3x )dx +

3
.|' (x* =3x7)dx
1

4
j'(x3 -3x%)dx
3

1

3 2 3
S= ”x4 -3y’ —4>dx = J.(x“ —3x —4)dx| + _[(x4 —3x% —4)dx
0 0 2
s IREs | 48 96 144
e x| |+ e A [ =2 2=
5 5 5 5
0 2
Cau 9. Dién tich hinh phéng duoc gidi han boi dd thi ham sb y= x+1 , truc hoanh va duong théng
X+
x=21a
A.3+2In2 B.3-In2 C.3-2In2 D.3+In2

Huéng din giai

2
X+ X = I(I—Ljdx
xX+2 ! xX+2

Cau 10. Dién tich hinh phang gi¢i han boi d6 thi ham sé y = cos x, truc tung, truc hoanh va dudng thing
H 270
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x=7 bang
A. 3. B. 2. C. 4. D. 1.
Huéng din giai
Chon B. Hoanh d6 giao diém cuia @6 thi ham s6 y = cosx va truc hoanh la nghiém phuong trinh

cosx=0<:>x=%+k7z.Xéttrén [0;72'] suy ra x:%

Dién tich hinh phang can tinh 1a S =

O o |y

cosxdx—jcosxdsz.

2
Cau 11. Dién tich hinh phang dugc giéi han boi @6 thi ham sd y = cos2x, truc hoanh va hai duong

thang x:O,x:% la
A. 2 B.1 C.3 D. 4

Huéng din giai

Ta cb cos2x=0<:>x:£e{o;£}
4 2

SR

=1

o[Lan2
+|| —sin2x
o 2

Cau 12. Tinh dién tich S cua hinh phéng gidi han béi dd thi ham sb y=¢" +e ", truc hoanh, truc

Nén S = j.|cos 2x| dx = j'cos 2xdx|+ j'cos 2xdx| = (%sin 2x)
0 0 4
4

&N

tung va duong thang x = 2.

f 41 -1 -1 -1
A S=5(dvd).  B.S=S""(dvd).  C.S=S""(dvd).  D.S=S""(dvd).
e e e e
Huéng din giai
Chon D.
T '.S_O x | dx x [0 2 1 _64—1 dvd
a co: —:[e +e —(e —-e )_2=e a2 (dvdt).

Cau 13. Dién tich S cuda hinh phfmg gidi han boi dd thi ham sb y= X , truc hoanh Ox , cac duong
thang x=1, x=2 1a

A S:; B. S:%. C.S=7. D. S=8.
Huéng din giai
Chon A.
2 2 3|2 8 1 7
Dién tich hinh phang la Szﬂxz‘dxzj.xzdx:x_ =—_——=_.
! ! 3, 3 33

Céu 14. Dién tich hinh phang gi6i han boi ham sé y =x’+x”> +1, truc Ox va duong thing x =1 bang

axJb —In(1++/b)
C

A. 11 B. 12 C.13 D. 14
Huéng din giai

V6i a,b,c 1a cac sb nguyén duong. Khi d6 gia tri cia a+b+c 1a

Chon C.
Taco

1 1 1 1
§= [V +1dv= [ +x)d(\/x2 +1) — (F + 0 +1‘l ~[Vx? 163 +1dr =242 35 - [V +1dx.
0 0 0 0 0

1
Tiép tuc sir dung cong thirc tich phan timg phan dé tinh 7 = I\/xz +1dx dugc a=3,b=2,c=8.
0
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Cau 15. Tinh dién tich hinh phing gi¢i han boi d6 thi ham sb y = X+

va cac truc toa do Ox, Oy ta

x —_—
dugc: S=a lné—l . Chon dap an ding
c
A. atb+c=8 B. a>b _C.abte=l1 D. a+2b-9=c
Huwéng dan giai
Chon A.
Cau 16. Cho parabol (P) ¢6 d6 thi nhu hinh vé:
y
)
12 /3
ol NI/
Tinh dién tich hinh phang gi¢i han boi (P) véi truc hoanh.
A 4. B.2. c.8. D2
3 3

Huéng din giai
Chon D. Tur db thi ta c6 phuong trinh cta parabol 1a y = X —4x+3.
Parabol (P) cit Ox tai hai diém c6 hoanh do lan lugt1a x =1, x=3.

Goi S 1a dién tich hinh phing gi¢i han béi (P) véi truc hoanh ta co

3
(x__ 2 +3xj
3

Cau 17. Dién tich S hinh phang gi6i han boi cac dudng y =x° +2x+1, tryc hoanh, x=1 va x=2 1a

A s=31 B. 5= c.s=2L D. 5=
4 4 4 4

3 3

Hx2—4x+3\dx=

1

S 4

j(x2—4x+3)dx‘=

1

1

Huéng din giai
2
. 3 1
Chon A. Dién tich hinh phang cantim 1a § = Hx3 +2x+ l‘dx = 3? .
1
Ciu 18. Dién tich hinh phing gidi han boi d6 thi ham s y = —x* +4, duong thang x =3, truc tung va
truc hoanh la

A2 B. 2 c.2 D. 2
3 3 3 -3

Huéng din giai
2 3
2
Xétpt —x*> +4 =0 trén doan [0;3] conghiém x=2. Suyra S = H—xz +4‘abc+ﬂ—x2 +4‘dx = ?3
0 2
Ciau 19. Dién tich hinh phing giéi han boi dudng cong y = x* —4x, truc hoanh va hai dudng thing
x=-3, x=41a
222 g 20 ¢ 20! p. 20!
3 4 . 5 4
Huwéng dan giai
Xétpt x* —4x =0 trén doan [—3;4] conghiém x=-2; x=0; x=2
-2 0 2 4 201
Suyra §= Hx3 —4x‘dx+”x3 —4x‘a’x+_”x3 —4)c‘a’x+_“‘x3 —4x‘dx = e
-3 -2 0 2
Cau 20. Dién tich hinh phang gi6i han boi duong cong y = xIn x, truc hoanh va duong thing x=e 1a
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2 2 2 2
A.e 1 B.e+1 C.e 1 D.
2 2 4

Huéng din giai
e 2
Xét pt xInx =0 trén nira khoang (O;e] co nghiém x=1. Suyra S= fxlnxdx = 4+1
1

Céau 21. Tinh dién tich hinh phing gi6i han boi db thi ham s6 y =x?, truc hoanh va hai dudng thing
x=-1, x=2 biét rﬁng mdi don vi dai trén cac truc toa do 1a 2 cm.
A. 15 (cm?). B. $(sz)_ C. %(cmz). D. 17(cm?).
Loi giai
Chon D. Dién tich hinh phang giéi han boi d6 thi ham s6 y =x*, truc hoanh va hai dudng thing
s N t . x0 X2 17
x=—1,x=2121S=”x‘dx=—_|.xdx+_|.xdx=—— — =—(dvdt).
2 : 41-1 400 4

Do mdi don vi dai trén céc truc toa d6 1a 2 cmnén dién tich can tim 1a § =17 (cm2 )

-1

Ciau 22. Dién tich cua hinh phang gi6i han boi d6 thi ham s y = llnx, truc hoanh va dudng thang

. X
X =e¢ bang
A.l. B. 1. C.l. D. 2.
2 4

Huéng din giai
Chon A. Phuong trinh hoanh d6 giao diém: lln x=0&< x=1.
X

: 21 ; I’ x['| 1
Dién tich cta hinh phang gidi han la: _[ —Inx|dx = Iln xd(ln x) === 5
R 1 1
Céu 23. Dién tich ctia hinh phang gi6i han béi d0 thi ham s6 y = x> + x—2 va truc hoanh bang
A. 9. B.E. Q.g. D.i.
6 2 2

] Huéng din giai
Chon C. Hoanh d¢ giao diém cta d6 thi ham so va truc hoanh 1a nghiém cua phuong trinh:
x=1

X +x-2=0 @{ .
x=-2

Dién tich hinh phang S=j;‘x2+x—2‘dx =—j;(x2 +x—2)dx=%.
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Céau 24. Hinh phing gidi han boi cac duong y =x* -1, x=3 va Ox c6 dién tich 1a
A8, B.2 c. 1o p. 2
- 3 3 3 3

Huwdéng dan giai
Chon A
Phuong trinh hoanh d6 giao diém cua cac duong y=x>—1 va Ox 1a: x* ~1=0< x ==+1.
Dién tich hinh phang 1a:

3

3 1 3 3 1 3
S=[|=1lde=[(-*+1)dx+ [(x*=1)dx =| =24 x || +]Z—x]| =8.
Jhe -t = [ (e )t [l S| o[ 5o]]
Céu 25. Dién tich hinh phang gi6i han boi db thi ham s§ y = x+;,truc hoanh va dudng thing x =2
X+
la.
A.3+2In2. B.3+In2. C.3-2In2. D. 3-In2.
Huéng din giai
Chon C
x+1 tlx+1 f 1 2
Taco: =0 x=-1.Vay S=| dxzj(l— jdx=(x—ln|x+2|)‘ =3-2In2.
x+2 lx+2 ° x+2 -1

Céu 26. Cho hinh phang H gi6i han boi cac duong y = Jx ; y=0; x=4.Di¢n tich S cua hinh
phang H bang

A §=18, B.S=3. Cc.s=1. D.s=.
3 4 3

Huéng dén giai

16

3

Céu 27. Tinh dién tich hinh phing gi6i han boi cac duong thing x=4,x=9 va duong cong co
phuong trinh y* =8x.

4
Chon A. Xét phuong trinh Jx=0 ©x=0. Taco Szjﬁdngxﬁ
0

4
0

2 15242
A 102 B 132, C. 764 p. 15292,
3 3 3 3
Huwdéng dan giai
Chon D

9
Vi xe[49]= y=+8x. Vay §=2[Bxdx= 1523‘/5

4
Cau 28. Cho hinh thang cong (H) gi6i han béi cac duong y=¢*, y=0, x=0, x=In8. Puong thang
x=k (0<k<In8) chia (H) thanh hai phan c6 dién tichla S, va S,. Tim k d¢ S, =S, .

A.k:ln%. B. k=In4. C.k:§1n4. D. k=In5.
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Huéng din giai
Chon B

=ef—1.

0 0

Taco S, +5S, :hj.se”dx:(e’“)lng =7; 5 :jie"dx:(e)‘)
0 0

Ma SI:S2:>S1=%: ek—lzzzkzln%.

Céu 29. Cho hinh phang (#) nhu hinh v&. Tinh di¢n tich hinh phing ().

A. 21n3—2. B. 1. C. 21n3—3. D. 21n3+2.
2 . 2 2 2
Huwéng dan giai
3 du=ldx
A . 2 \ _ Ju=Inx X N
Chon A. Dién tich hinh phang (H)la: S =jxlnxdx. Dat = , nén:
1 dv = xdx 1,
v=—x
2
3 3 3 3 3
Sz.[xlnxdx:llenx —ljxdlelenx Lol Z2hmsoa.
1 2 29 2 4] 2

Cau 30. Tinh dién tich mién hinh phing gi6i han béi cac dudng y=x"—2x, y=0, x=-10, x=10.

A.s:z(gﬂ. B. S =2008. C.S=¥. D. 2000

Huéng din giai
Chgn C
Phuong trinh hoanh d6 giao diém cua do thi y =x"—2x va y=01ax’-2x=0< { -

x=2"

Trén doan [—10;10] tacod
x*=2x20, Vxe [—IO;O]Va‘l [2;10]. x*-2x<0, ‘v’xe[O;Z].
H 275



Tuyén chon va gidi thieu: Nguyén Quéc Hoan 0913 661 886

10 0 2 10 2008
Do d6 S = sz—zx\dx = j(x2—2x)dx—j(x2—2x)dx+j(x2—2x)dx == (dvdy,
-10 -10 0 2

Nhin xét: Néu hoc sinh sir dung MTCT tinh tich phan ma khong chia khoang thi c6 sy sai khac vé
ket qua gitra may casio va vinacal. Trong truong hop nay may vinacal cho dap so ding.

Cau 31. Dién tich hinh phing gii han béi cac duong y=x"+2, x=1, x=2, y=0.
A s=10 B.s=3. c.s=1. D.S=2.
3 3 3 3

Huéng din giai
2
Chon C. Goi § 1a dién tich cin tim. Ta ¢ § = [(x" +2)dx = %
1
Céau 32. Dién tich hinh phang gidi han bai ham s6 y =x’+x’ +1, truc Ox va dudng thing x =1 bang

a\/Z—ln(lnL\/Z) ] . _ o
voi a, b, c 1a cac so nguyén duong. Khi d6 gia tri cia a+b+c 1a

C
A.11. B. 12. C. 13. D. 14.
Huéng dan giai
Chgn C

Cach 1 (dung may tinh): Phuong trinh hoanh d9 giao diém x’Vx*+1=0<x=0
1
Dién tich hinh phang cin tim 1a § = [ ¥vx* +1dx vi x*Jx* +120,¥x e [0;1].
0

! a\/Z—ln(1+\/Z)
J-xz x* +1dx =
o c
1
Buéc 1: BAm méy tinh tich phan S = szxlxz +1dx =0,4201583875 ( Luu D)

0
Buéc 2: Co sé: Tim nghiém nguyén cia phwong trinh

a\/g—ln(lnt\/z) a\/z—ln(lJr\/Z) ) o
= Sce= s (coi = f(x), a=x, beZ vata thi cac gia tri
c
b=..-5,-4;.0,1;2;3;4.....)
Thw véi b=1:
Thw voi b=2: Mode + 7
T T . T T

_ X\/E—h’l(l-f'\/z)

D
= =

9
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Két qua: a=3;c=8,b=2

Cich 2 (giai tw ludn): Phuong trinh hoanh d6 giao diém x*vx* +1=0<x=0

1
Dién tich hinh phing cén tim Ia § = [ x*vx" +1dx vi x*x* +120,vx e[0;1].
0

Pt x=tan/=dv=(1+tan’r)dr  Ddican x=0:>t=0;x=1:>t=%

4
'([ OS lCOSl COS l

Khidé S = jtan 1+ tan® ¢ 1+tan t

COS l

T
j sin’z. cost
0

V2 V2
-1 1 2 12 6 2 1% 6
= 5 =1 2 +—J. 2du=—+—I ~du
16(1+u) 16(1-u)’ )| 7 87 (1-u?) 284 (1-u)
2 & & 2
6 3% 1-u+l+u 331 1
Tinh K = == e I d
- (1w 2![(1—u)(1+u)} ¢ 2!(1—u+1+uj !
B A
2 2
=§j ! ~+ ! ~+ 2 qu=3f 1 1 +1n|1+u| 7=3\/§+3ln(1+\/5)
29 (1—u) (1+u)  (1-u)(1+u) 201-u 1+u  |1-u| 0
3J2+3In(1+42) 742 +3In(1+42
VéyH:QJr + n(+ ): + n(+ )
2 8 8
V2 +3In(1++2 72 +3In (142
Khido § = 2(+ )—%K= ! 2( )—%(3\/5+31n(1+\/§))=

Céu 33. Cho hinh phing (H) gi6i han boi cac duong y=x*, y=0, x=0, x=4.
Dudng thing y =k (0 <k <16) chia hinh (/) thanh hai phan c¢ dién tich S, S,

(hinh v&). Tim k dé S, =S,.
A. k=8. B. k=4. C. k=5. D. k=3.
Huéng din giai
Chon B
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Hoanh d6 giao diém cta do thi hai ham s6 y=x’ va y=4k 1a x= Jk.
4 4
Do d6 dién tich S, = [ (x* —k)dx, dién tich S, = szdx—sl .
Jk 0

=22 o 2 gk
s 33 3

Jk=2+23
ke(0;16)

C>16=6k—\/k_3Q(\/z)3—6(\/z)2+16=0<:> Je=2-23 = k=4
k=2

Céau 34. Tinh dién tich S ctia mién hinh phang giéi han boi do thi cia ham s f (x) =ax’ +bx’ +c, cac

4 4 3 4 3
Ta o S1=S2<:>J(xz—k)dleszdxa(x——laj 2o \/k—+\/k_3=2
Jk 20 3 3

dudng thang x =1, x=2 va truc hoanh (mién gach chéo) cho trong hinh duéi day.

A s=21 B.s5=22. c.s=2 p.s=>3.
8 8 8 8

Huéng din giai
Chon A. Hinh phang giéi han boi d6 thi ctia ham sé f (x) = ax’ +bx’ + ¢, cac duong thang x = -1,

x =2 va truc hoanh duoc chia thanh hai phan:
[ Mién D, la hinh chit nhét c6 hai kich thuéc lan luotla 1 va 3 = S, =3.

f(x)zax3+bx2+c
[ Mién D, gdbm: < y=1
x=—-Lx=2
D& thdy (C) di qua 3 diém 4(-11), B(0;3), C(21) nén do thi (C) c6 phuong trinh
2
f(x)z%x3—%x2+3 :>S2=£(%x3—%x2+3—1)dx=%.Diéntichhinhphéng: S=Sl+52=%.

Céu 35. Cho ham sé f (x) lién tyc trén R, co d6 thi nhu hinh v&. Khang dinh nao sau day sai?

Y
-1~0 2x
A. j'lf(x)dx<.zf(x)dx B.j.]f(x)dx+;[f(x)dx<0.
C. —jf(x)dx>0. D. jlf(x)dx<0.

Huéng din giai
H 278



Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
0 2
Chon A. Dya vio dd thi ham s6 ta co: S, = [|£ (x)|dx <, = [| £ (x)|dx (1)
-1 0
Ma f(x)<0 voimoi x e[-1;0] va xe[0;2].

Do d6 ta c6 (1)<:>—J0.f(x)dx<—j.f(x)dx =S Jqf(x)dx>jf(x)dx. Viy A sai.

2

Chu 36. Cho ham s y=2—

(v6i m 1a tham s6 khac 0) c6 d6 thi 1a (C). Goi S 1a dién tich hinh

x+1
phflng gidi han béi do thi (C) va hai tryc toa dg. C6 bao nhiéu gia tri thuc ciia m thoaman S =17
A. Khong. B. Mat. C. Ba. D. Hai.

Huéng din giai
ChonD. x=0 :>y——m2<0(dom¢0) y=0=>x=m’>0.

dv _I[l;nl j = ((+m? )i 1|—x)f

0

1+m?
x+1

1—

Vay S = J.

0
=(1+m )1n(m +1)—
Dé S=1 thi (1+m” )In(m’ +1)-m’ =1 <:>(l+m2)(ln(m2+l)—l)=0.

d- I

x+1

<:>ln(m2+l)=1 omt+l=e > m=1Je—1
Céu 37. Cho ham s6 y =x* —4x” +m ¢6 d6 thi (C,). Gid sir (C,) cét truc hoanh tai bon diém phan
biét sao cho dién tich hinh phfmg gidi han boi (Cm ) v6i truc hoanh ¢6 dién tich phﬁn phia trén truc hoanh
bang dién tich phan phia dudi truc hoanh. Khi d6 m thudc khoang nao dudi day?
A. me(—l;l). B. me(3;5). C. me(2;3). D. me(5;+oo).
Huwéng dan giai
Chon C. Phuong trinh hoanh d9 giao diém ciia (C,,) v6i truc hoanh 1a x* —4x*> +m =0 (1).
bat 1 =x* (¢20), phuong trinh (1) tr6 thanh 7* —4t+m =0 (2).
Dé (1) c6 bon nghiém phan biét thi (2) phai c6 hai nghiém duong phéan biét. Diéu nay xay ra khi
A>0
. 4-m>0
va chikhi {S=4>0 <:>{ < 0<m<4 (3).
P=m>0 ">
Goi ¢, va t, (t <t ) 1 hai nghiém cta (2), khi d6 bén nghiém (theo thir ty tir nhé dén 1én) cia

phuong trinh (1) 1a x, = -/, , x, = —\ft, , x, =41, , x, = /1, . Do tinh ddi xtmg ctia (C,) nén co

[(x' =42 +m)de= [ (=x' +42" —m)dr & [ (20" -8x> +2m)dx =0 < 27 8 e 0
0 X3 0 5 3 0

5 3 5 3 5 3

%—ﬂ+mx4=0 <:>x—4—4i+mx4=0 @%—T“+mx4=0<:>3x2—20xf+15m=0.

—4x; +m=0 15x; —60x; +15m =0 12x} —40x; =0
S S
3x; —20x; +15m =0 3x; —20x; +15m =0 3x; —20x; +15m =0

i x,=0
m=0
12x; —40x; =0 . )
! ! 2 _10 " Két hop didu kién (3) suyra m _20
3x; —20x; +15m=0{ |™* ~ 3 9
20

m=—
9

Vay x, la nghiém cia hé {
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Céu 38. Cho ham s6 y=x"—3x"+m ¢6 d6 thi (C, ), véi m 1a tham s6 thuc. Gid stt (C,,) cit truc Ox
tai bén diém phan biét nhu hinh v&

Goi §,, §,, S, ladién tich cac mién gach chéo dugc cho trén hinh v&. Gid tri ciia m dé S, +8, =15,

la
A -2 B. 2. c. -2, D. 2.
2 4 3 4 2
Huwéng dan giai
Chon B

Goi x, 1a nghiém duong 16n nhét ctia phuong trinh x* —3x* +m =0, tacé m=—x; +3x7 (1).
Vi 5 +8,=5, v S, =5, nén S, =25, hay [ f(x)dr=0.
0

Ma :‘jf(x)dx =]]‘(x4—3x2+m)dx =[%5—x3+mx]

0

5 4

X 3 X
=—L—x +mx=x | L—x'+m|.

5 5

0
4 4
Do do, xl(%—xfﬂnJ:O @%—form:O (2). (vi x,>0)

4
Tur (1) va (2), ta c6 phuong trinh x?l—xlz—xf +3x) =0 < —4x! +10x) =0 < x? =§.

Vay m=—x +3x; =%.
Ciau 39. Biét dién tich hinh phang giéi han bai d6 thi ham s6 y = 3x? + 2mx + m” +1, truc hoanh, truc
tung va duong thang x = 2 dat gia tri nho nhat. Ménh dé nao sau day ding?
A. me(—4-1). B. me(3;5). C. me(0;3). D. me(-21).
Huéng din giai
Chon D. Tacod y=3x>+2mx+m’ +1=x> +2mx+1+2x> +1suyra y>0,VxecR.
Dién tich hinh phang can tim 1a
V2 2
S= H3x2 +2mx +m’ +1‘dx =§= J(sz +2mx +m’ +1)abc=(x3 +mx’ +m2x+x)
0 0

0

=22+ 2m+~2m* +42 =\/§(m2+\/§m+3) —ﬁ!(m+%)2+3%]

2
. 2 : 2
= \/E(m +gj +¥. Ta thay S 2%, suy ra S dat gia tri nho nhat khi m = —%.
Ciau 40. Gia trj ctia tham s6 m dé dién tich hinh phang gii han boi do thi ham s6
y =3x% +2mx+m?* +1, truc hoanh, tryc tung va dudng thang x = 2 dat gi4 tri nho nhit 1a:
A.m=2. B.m=1. ~C.m=-1. D.m=-2
Huwéng dan giai
Chon C
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Vi voi m tiy ¥ ta luon ¢6 3x* + 2mx+m* +1>0 Vx nén dién tich hinh phang can tim 13

S=i(3x2+2mx+m2+1)dx=[x3+mx2+(m2+1)x]2 =2m2+4m+10=2(m+1)2+8
0

0

S dat gia tri nho nhét bang 8 khi m = - 1. (ding casio thir nhanh hon)

Cau 41. Bat S 1a dién tich ciia hinh phang gidi han boi db thi ciia ham s6 y =4—x?, truc hoanh va
duong thang x =2, x=m, (—2< m <2). Tim s6 gié tri ctia tham s m dé S :23—5.
A 2. B. 3. C. 4. D. 1.
Huwéng dan giai
ChonD. Tacé S = T|4—x2|dx:§.
-2

Phuong trinh 4—x* =0 < x=+2. Baira —2<m <2 nén trén (—2;m) thi 4-x* =0 vo nghiém.

m m 3 m
[J-wfac=2 o[ (4-r)af =2 o 4x-2 | |-2
2 3 -2 3 -2 3
3 3
o | am-"- —(—8+§j:§<:> 4m—m—+E:§
3 3 3 3 3] 3
r 3
4m_m7+§:2_35 §m3_4m+3=0 m —12m+9 =0
& & 1
4m—m_3+1_6—_§ l —4m—ﬂ=0 [mS—IZm—41=0 ()
L 3 3 3 3 3

Xétham s§ f (m)=m’~12m,véi me(-2:2) ¢6 f'(m)=3m"~12=3(m’ —4) <0, Vme(-2:2).
Do do f(m) nghich bién trén (—2;2):>f(m)<f(—2):16:>m3—12m—41<0.

V21

Khi d6 (1) < m’ =12m+9=0 < (m=3)(m* +3m=3)=0=m = 2_3 théa man.

J21-3
2

Vay chicoé m = thdéa man bai toan.

Chu 42. Xét ham s6 y = f(x) lién tyc trén mién D =[a,b] cé do thi 12 mot duong cong C. Goi S la

phan giéi han bi C va cac duong thang x =a, x=b. Ngudi ta chimg minh dugc rang do dai duong

b
cong S bang J.1/1+( f ’(x))zdx. Theo két qua trén, do dai duong cong S 1a phan d6 thi cia ham sb

1+\/E

Jn
tri cia m”> —mn +n” 1a bao nhiéu?
A. 6. B.7. C.3. D. 1.
Huéng din giai

/f(x)=Inx b gi6i han béi céc duong thing x=1, x=+/3 1a m—/m+In v6i m, neZ thigi

Chon B.
N NG} 2
Ta co f’(x)z— Khi do, dodalduongcongSlal—J. 1+ dx I 1+a” :I 1+2x xdx.
X
1 1
Dit t=+/1+x>. Suyra £ =1+x*=tdt=xdx. DOican: x = 1:>t—\/5 x=B=r=2.
2 2
1, |t-1
Suyra: [ = dr=f]r +=In|—
Y Jitz JJ;[ t+1)J s 2 |t+l1] 5
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Suy ra: l=2—\/§+l(lnl—ln(3—2\/§)j=2—\/§+lln3+2\/§ =2—\/§+lnl+\/§.
203 2 3 NE)
1+m m=2

Ma [ =m—~/m+In Tn nénsuyra{ 3" Vay m’> —mn+n*=17.
n n=

Cau 43. Xét ham sé y = f(x) lién tyc trén mién D =[a;b] c6 b thi la mot duong cong C. Goi S 14
phan gi¢i han boi C va cac duong thing x =a, x =b . Nguoi ta chimg minh duoc rang dién tich mat

b
cong tron xoay tao thanh khi xoay S quanh Ox bang S = 27r“f (x)| |1+ (f'(x))zdx . Theo két qua trén,

tong dién tich bé mat ciia khdi tron xoay tao thanh khi xoay phan hinh phang gidi han bai do thi ham s6

2x* —In ,
f(x)z% va c4c duong thing x =1, x=e quanh Ox la

2 4 4 2 4
A. 2 l7z. B. de 97[. C. Mﬂ'. D. de 97z
8 64 16 16
Huéng din giai
Chon D

Cich 1. (Giai tw luan)

, 2x-lnx x* Inx 1 R 1Y 1 1
Taco f(X):T:?—ij(X):X—Ej(f (X)) :(x—4—x) :x2+16x2 —5

Laico f'(x)= x—% >0,Vxe(L;e), nén f(x) dong bién trén [L;e]. Suy ra
X

f(x)zf(1)=%>O,Vxe[l;e].

Tu day ta thyc hién phép tinh nhu sau

S = 27zi|f(x)|1/1+(f’(x))2dx - 2ﬂj(§—m7xj\/l+(x2 +ﬁ—%jdx

“x* Inx 1 1 “x* Inx 1Y
S=2zf| - EX | ¥ +— 4 —de=22[| 22 (x+—jdx
2 4 16x° 2 2 4 4x

1

e 2 e
=2z X _Inx (wi)dx:znj(lﬁ+1x—lxlnx—iﬁjdx=2;z(11+12+13)
4x 2" "8 4 16 x

4 2\ 4 2
Voi [ :J. lx3’+lx dx = x_+x_ :M
a2t g 8 16| 16
1, —J. (——xmxjdx=———x2(21nx—1)e 1l Ll
16016

X
Y

x> Inx

2

Ciach 2. Hoc sinh c6 thé truc tiép bAm may tinh tich phan § = 272'I
1

1+ x* + 12—1 dx
16x~ 2

Dang 2: Dién tich hinh phing giéi han béi cic dwong y = f(x), y = g(x), x=a, x=b

dé c6 két qua

Chu 44. Cho ham s y = f(x), y =g(x) lién tuc trén [a;b]. Goi (H) 1a hinh giéi han béi hai d6 thi
y= f(x) , V=g (x) va cac duong thang x=a, x =b . Dién tich hinh (H) duoc tinh theo cong thuc:
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A. SszZ|f(x)|dx—j.|g(x)|dx. B. SszZ|f(x)—g(x)|dx.

C.S, = j.[f(x)—g(x)]dx‘. D. S, :j[f(x)—g(x)]dx.
a Huéng din giai a

Chon D

Cau 45. Cho hinh phflng (H ) gi6i han badi dd thi cta hai ham s b2 (x) va f2(x) lién tuc trén doan
[a; b] va hai duong thang x=a, x=>b (tham khao hinh v& dudi). Cong thic tinh dién tich ctia hinh

(H) 1a

ol a ¢ \/cl'z\]bx
b

A.S:z|fl(x)—f2(x)|dx. B.Sz!(fl(x)—fz(x))dx.
c.5=f|fl(x)+/g(x)|dx. D.Szjﬁ(x)dx—fﬁ(x)dx.

Huéng din giai )
Chon A. Theo dinh nghia tng dung tich phan tich di¢n tich hinh phang.
Céu 46. Cho ham s6 y = f'(x) lién tuc trén R va théamin f(0)<0< f(-1). Goi S la dién tich hinh

phing gi6i han boi céc dudng y = f(x), y=0, x=-1 va x=1. Xét cic ménh dé sau

(D) S = [ f(x)de+ [|f (x)dx. (II) S:ﬂf(x)\dx.

(110 S=jf(x)dx. (V) S= jf(x)dx‘.

S6 ménh dé ding 1a

Al B. 4. C.2. D. 3.

Huéng din giai
Chon A Ta c6 dién tich hinh phang gi¢i han boi cac duong y = f(x) ,y=0,x=-1vax=11a

S=Hf(x)|dx nén (2) dang. Do f(0)<0< f(~1) nén Szjf(x)dx sai.

Tuong ty S = sai. va § = if(x)dx+j|f(x)|dx sai.
-1 0

1
j f(x)dx
|
Cau 47. Cho ham sb f (x) lién tuc trén [1; 2]. Goi (D) Ia hinh phfmg gidi han boi cac dd thi ham s
y=f(x), y=0, x=1 va x=2. Cong thic tinh dién tich S cia (D) la cong thirc ndo trong cac cong

thirc dudi day?
2 2

A S=[f(x)dx. B. S =]/ (x)dr. C. S=(|f(x)|dx. D. S=7x[f(x)dx.
Huéng din giai
Chon C
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Ciu 48. Tinh thé tich vat thé tron xoay tao boi phép quay xung quanh truc Ox hinh phang giéi han
bdi cac duong y =0, y:\/;, y=x-2.

87 B. 167 C. 10r.

A2 B
3 3

D. 8x.

Huéng din giai
0=vx=x=0

ChonB. Taco: {0=x-2=>x=2

Jr=x-2=x=4
Duya vao hoanh do giao diém ctia ba duong ta c6 dién tich hinh phang gom hai phan. Phan thir nhat

gi6ihanbdi y=+/x, y=0 va x=0; x=2. Phan tht hai gi¢i hanb6i y=/x, y=x-2vax=2; x=4

(x=2) =

dx zﬁjxdx+7z1.(x—(x—2)2)dx

Thé tich vat thé bing: V = ;zj(\/} )2 dr+ nf
0 2

=T —

Ciau 49. Tinh dién tich hinh phang tao thanh boi parabol y = x>, dudng thang y = —x+2 va truc hoanh

trén doan [O; 2] (phan gach soc trong hinh v§)

A2 B. 2. c. 2.
5 6 3

2

1 2 3
X

Huwéng din giai
ChonB. Taco S :szdx+j(—x+2)dx: 5

G

1

1 2
+(—x—+2xJ
0 1 2

Céu 50. Hinh phang (H) duoc gidi han boi d6 thi hai ham sb y =x* +x—2, y = x +2 va hai duong thing

0

x =-2; x =3. Dién tich cta (H) bang
AT B. > c¥ . ¥
5 4 ) 3 5
Huéng dan giai
Xét phuong trinh (x* +x-2)-(x+2)=0< x> -4=0<x=+2

2 3 87
Suyra §= ”xz —4‘a’x+ﬂx2 —4‘dx =?
-2 2
A s 2 e A 11 £ - +4x-4 , s
Cau 51. Hinh phang gidi han bdi d6 thi ham so (C):y = 1 tiém can xiém cua (C) va hai
x—

duong thang x = 0,x = a (a <0) c6 dién tich bang 5 Khi d6 a bang

A.1-¢ B. 1+¢’ C.1+2¢ D. 1-2¢°
Huwéng dan giai
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Tacd TCX :y=-x+3
0 a
Nén S(a) = J'(—Lljdx = j(%jdx = ln|x—1||z =In(l-a). SuyraIn(l-a)=5<a=1-¢
a X = o\ X~
Céau 52. Dién tich hinh phang gi¢i han béi cac dudng cong y =sinx, y=cosx va cic dudng thing

x=0, x=m bang ?
A. 2. B. 242. C. 22 D. 34/2.
Huéng din giai
Chon B.
Ta co S:j|sinx—cosx|dx. Phuong trinh sinx—cosx=0 < tanx=1 < x=§+kn (keZ).
0

Cho E+k7re[0;7r]:>k=0:>x=£.
4 4
Bién do1 S = “sinx—cosx|dx = I|sinx—cosx|dx+j|sinx—cos x|dx
0 0 T
"
3 . : "
= j(sinx—cosx)dx + j(sinx—cosx)dx =|(—cosx—sinx)| |+|(—cosx—sinx) —2J2.
0 % 0 %
Cau 53. Dién tich S ctia hinh phang giéi han béi d6 thi cac ham sé y = x va y =¢", truc tung va
duong thang x =1 duoc tinh theo cong thuc:

e —1d. E.S:j.(ex—x)dx. C.S:j.(x—e")dx. D.Szj.
0 -1

0

ex—x‘dx.

1

A s=|
0
Huéng din giai

Chon B. Vi trong khoang (O;l) phuong trinh e* = x khong c6é nghiém va e* > x, Vx e (O;l) nén

1
s=]
0
Céu 54. Tinh dién tich S cta hinh phang gidi han boi cac duong y=¢*, y=2, x=0, x=1.

A. S=4In2+e-5. B. S=4In2+e-6. C.S=¢*-7. D. S=e-3.
Huéng din giai

1

e’ —x‘dx=j(e"—x)dx.
0

1
Chon A. Goi S 1a dién tich cin tim. Ta c6 S:jeX—z\dx. Xéte'-2=0 <x=In2.
0

Béng xét dau e —2:

x| 0 In2 1
e -2 - 0 +
Ta cé S:j e ~2|dr =—T(eX—2)dx+ j (e ~2)dv =(20-¢") +(e" - 2x)| |
:(llln2+e—5. V(;”ly S:4ln2+lnez—5.
Céu 55. Tim a dé dién tich S ctia hinh phang giéi han boi (P):y = xl_j", duong thing d:y = x—-1

va x=a, x=2a (a>1) bang In3?
A. a=1. B. a=4. C. a=3. D. a=2.
Huéng din giai
Chon D
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2a
|dx :J.xl—ldx (vi a>1)=1n(x—1)|2a (via>1)

a

2a xz
Ta co: S=.|.
) _

~(x-1)

2a—1_ Ta co: 1n2a_1:1n3 = 2a-1
a—1 a—1 a—1

Cau 56. Biét dién tich hinh phang gidi boi cac dudng y=sinx, y=cosx, x=0, x=a (V6i

=3&a=2.

zln(2a—l)—1n(a—1) =In

ae [% 3} la —( 34442 - \/_) Hoi sé a thudc khoang nao sau déy ?

A L), B[22 c.[L2] p.[1,2]
10 — 5010 10 2 50
Huéng din giai

Chon B.

Ta co: sinx<cosx voi x € O;Z , Sinx>cosx voi x e AE)

Dién tich hinh phang gidi bdi cac duong y =sinx, y=cosx, x=0,x=a voi ae{z;g} la
(sinx—cos x)dx

S = Hsmx cosx|dx “smx cosx|dx+j|smx cosx|dx cosx—sinx)dx+

O'—.Mn
BN —a

4

5« B o B - e 2

4

a

3
—\/ECOS(X—%j

0

i
4

=S5=

3+4/2-43
2

4
S=ﬁsin(x+%}

0

ol S5

2
:cos(a—zj—l+\/_ —Z=£:a=£z1,047:>ae(5—1,ﬂj.
22 12 3 10

Céau 57. Cho hinh phang ( ) gi6i han boi cac duong y=x", y=0, x=0, x=4. Dudng thing y =k
(0 <k <16) chia hinh (H) thanh hai phan co dién tich S, S, (hinh v§).

a

ﬁ(gj ﬁ(ggjﬁ((gjoj

ER ]

y
16
k 5
SZ
0] 4 X

Tim k & S, =S,.

A. k=8. B. k=4. ~C.k=5. D. k=3.
Huwdéng dan giai

Chon B.

Hoanh d6 giao diém ciia db thi hai hamsé y=x" va y=k la x=\/% .
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4 4
Do dé dién tich S, = [ (x*—k)dx, dién tich S, = [ x*dx—S, .
0

4 4 3 4
TacéSlezaj(xz—k)dx=ljx2dx@(x——locJ‘ _32 ——4k—£ Jit =32
* 24 3 s 3 3
Jk=2+23 )
kEOl6
@16=6k—\/k_3@(\/2)3—6(\/%) 41620 |Jk=2-23 = k=4
Jk =2

Céu 58. Cho hai ham s6 y = f(x) va y = g(x) lién tuc trén doan [a;b] véi a <b.Kihiéu S, 1 dién
tich hinh phing gi6i han béi cdc duong y=3f(x), y=3g(x), x=a, x=b; S, 1a dién tich hinh phing
gi¢i han boi cac dudng y = f(x)-2, y=g(x)-2, x=a, x=>b. Khing dinh nao sau day ding?
A. 5, =28,. B. S, =35,. C. 5 =25,-2. D. 5, =25,+2.
Huéng dan giai
Chon B. Taco

S, =j;|3f(x)—3g(x)|dx :3z|f(x)—g(x)|dx :3i|[(f(x)—2)—(g(x)—2)}|dx =3S,.

Dang 3:Dién tich hinh phing gi6i han béi cac dwong y = f(x), y = g(x)

Cau 59. Dién tich hinh phing duoc gidi han bai parabol y =2-x" va dudng thing y = —x la
A. 7 B. 2 C.3 D. 2
2 4 _ 2
Huéng dan giai
x=-1
Ta co 2—x2=—x<:>[ va 2-x>>-x,Vxe[-1;2]
X

2 2 3
Nén S:.f(2+x—x2)dx: x4 X :2
% 2 3 2
Ciu 60. Dién tich hinh phang gi6i han bai cac do thi cia cac ham sd y = x? va y=x la:
A2 E-l- C.z. D. _l.
6 6 6 6

Huéng din giai
x=0

x=1"

i

Cau 61. Dién tich hinh phing dugc gii han béi hai d thi ham sé y=+/x va y=3x 1a
! B. L c. L D. !

Chon B. Phuong trinh hoanh d¢ giao diém la: x* = x < {

Ta c6 dién tich hinh phang can tinh la: S = Hx — x‘ dx =

1
-

0

A, — . . . —
12 13 14 15
Huéng dan giai

f(\/_ \/_)dx

Tac()\/;=i/;c>[i_ Nén § = ”\/_ \/_‘dx

f3-3] -
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Cau 62. Dién tich hinh phing duoc giéi han boi hai dd thi ham s y=2x-3x"+1 va
y=x —4x* +2x+1 1a

AT B C.3 D. 4
13 12
Huéng din giai
x=-2
Tacd 2x° -3x* +1=x" —4x’ +2x+1< | x=0
x=1
1 0 1
Nén S=Hx3+x2—2x‘dx= J.(x3+x2— +J.(x3+x2—2x)a’x
2 -2 0
4 3 0 4 3 !
x' X ) x° X ) 37
= —+—-x | —+—-x =—
4 3 4 3 12

Céu 63. Tinh dién tich S cta hinh phang gi¢i han boi (P):y =x" -4, tiép tuyén cta (P) tai M (2;0)
vatruc Oy la

A s=2 B.S=2. cs=3. D.s=_.

3 3 3
Huéng din giai
'=2x. y'(2)=4.
Chon A. 4 4 ( )
Phuong trinh tiép tuyén ciia (P) tai M (2;0): y =2(x—2)=2x—4.Dién tich hinh phang la

5

Cau 64. Goi (H) 1a hinh phing dwoc giéi han boi dd thi hai ham sb y = (1 +e")x, y=(1+e)x. Dién tich

SHx—4 2x4 Ux—Zx‘ 3

0

ctia (H) bang
AL B. &2 c. &2 p. £
2 2 2 2
Huéng din giai
Xét pt (1+ex)x—(1+e)x=0 c6 nghiém x=0, x=1
Suy ra S=j.‘x(e—ex)‘dx=j.x(e—ex)dxz%
0 0

= | x| +5. Dién tich cua (H)

Ciu 65. Hinh phang (H) duoc giéi han bai d6 thi hai ham s6 y =\ 2
bang
Al B. 7 c. 0 D. —
3 3 3 3
Huéng dan giai
PT ‘xz —1‘ = |x|+5 conghiém x=-3, x=3. Suyra

S = j;‘(‘xz -1‘ -(|x| +5))‘dx = 2:[Hx2 -1‘ -(x + 5)>a’x

Bang xét ddu x” -1 trén doan [0;3]

X 013
x* -1 -0+
. p 73
Vay S:2.|'( X —x- 4)dx+f(x -x- 6)d 3
0
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-x, khix<l 10 a

, vay=—x-x"la—
x—2, khi x>1 3 b

Ciau 66. Dién tich hinh phang gidi han boi cac duong thing y = {

. Khi d6 a+2bbing
A. 16 B. 15 C. 17 D. 18
Huéng din giai

Taco %x—xzz—x:wc:o; %x—xzzx—2:>x=3

1 3
Nén S=.|.(Ex—x2 +xjd’x+_f(mx—x2 —x+2jdx=E
0 3 1 3 2

Céau 67. Hinh phing (H) duoc giéi han boi dd thi hai ham sé y = ‘xz -

, ¥=x+3. Dién tich cua

(H) bang
o, 108 5. 109 c. 109 p, 19
5 5 6 6

Huéng dén giai
Xétpt [x* -4x+3|=x+3 c6 nghiém x=0, x=5
1 . 3 5 5 5 109
Suyra S=|(-x"+5x)dx+|(x -3x+6)dx+|(—x"+5x)dx=—
yon 8= (- +Sx)dee [( -3 6)dre (- +5x)de ¢
Ciu 68. Dién tich hinh phang gidi han boi (P):y =x’ +3, tiép tuyén cua (P) tai diém c6 hoanh d x =2

va tryc tung bang
A. 8 B. i C.2 D. 7
3 3 3
Huéng din giai
PTTT cua (P)tai x=2 1a y =4x+3
x=0

x=2

3
= ‘(x_ -2x* + 4x]
3

Cau 69. Tinh dién tich hinh phing gi6i han béi cac duong y=x", y = —%x +§ va truc hoanh.

Xétpt (x* +3)—(4x+3)=0<:>x2—4x=0c>[

2

Suyra S = H x —4x+4)‘

j:(x —4x+4)

0

A Y B. & c.2®. p. 2.
6 3 162 2
Hudng dan gidi
Chon A

Phuong trinh hoanh d6 giao diém cua cac dudng y=x, y:—%x+§ la
x=1
2 l 4 2
X =—x+—3x +x-4=0<& 4.
3 3 x:—g
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Hoanh @ giao didm ciia duéng thing y = —%x +§ v6i truc hoanh 13 x=4.

Hoanh d6 giao diém cuia parabol y = x* véi tryc hoanh 1a x=0.

3 4

1 4 1
Dién tich hinh phang cin tim 1a S = Ixz dx+j(—%x+§jdx :x? +[—%x2 +%x]
0 1 0

Céu 70. Cho (H) 1a hinh phing gi6i han béi parabol y = J3x%, cung tron ¢6 phuong trinh y = /4 — x?
(v6i 0<x<2) va tryc hoanh (phan t6 d4m trong hinh v&). Dién tich ctia (H) bing

1

y
2
(0] 2 x
A 47r+\/§' B 47:—\/5' c 4;z+2\/§—3' DL 5\/5—2@
12 - 6 . 6 3
Huwéng dan giai
Chon B
y
2
o 1 2 x
Phuong trinh hoanh d¢ giao diém ctia parabol y=\/§x2 vacung tron y =~/4—-x> (v6i 0<x<2)1a
x =1
Va-x' =3x ©4- =3 & , 4 ©x=1(vi0<x<2).
X =—=
3

1 2 2
Céch 1: Dién tich ca (H) 1a $ = [3x’dv+ [V4-x’ =§x3‘10+1 =?+1 v6i 1= [4—x dx
0 1 1

biat: x=2sint, te[—%;%} = dx=2cost.ds. Dbi can: x:1:t:%, x:2:>t=§

0 3 0 B

I =I\/4—4sinzt.2cost.dt =I4cos2 t.dt :I2(1+cos2t).dt =(2x+sin2t)|§ =2Tﬂ—§.
z 3
6 6

Vay S_£+1_*f 2—”—£ 47— \B

3 3 2 6
Cach 2: Dle;n tich cuia (H ) bang dién tich mot phan tu hinh tron ban kinh 2 trir dién tich hinh phang

1
gi61 han boi cung tron, parabol vatruc Oy. Tacla S=7— I(\/4 —x? =f3x? ) dx
0

2

y= 3x \ R qiaL s
.Tim m dé dién tich S=4?

y =mx
A. m=6 B. m=-6 C.m=%6 D. Khong ton tai m

Cau 71. Goi S 1a dién tich gidi han bdi cac duong: {
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Huéng din giai

x=0
Chon C. Xét phuong trinh 3x> = mx <> m
X=—
3
, ey =3X
Xét m>0 khi do6 dién tich gioi han boi cac duong: la:
y = mx
: z PRI
S=|3x* —mx|dx = | (mx —3x” Jdx = x| =—
S N o el I
3
m3
=>S=4—=4m=6
54
, oy =K
Xét m<0 khi d6 dién tich gidi han bdi cac duong: la:
y = mx
¢ p mx’ ’ m’
_ 2 _ 2.2 _|mx 3 __m
S_;U3X mx|dx !(mx 3x )dx [2 XJm )
3 3

3

=S=4< =4 m=-6. Viy m=16

Cau 72. Cho (P) y =x" +1 va (d) y = mx +2 . Tim m dé dién tich hinh phing gi¢i han (P) va (d) dat gia
tri nho nhat ?
AL B.

C.1 D.0
2

B

7 Huéng din giai
Chon D. Hoanh d¢ giao diém cua (P) va (d) 1a nghiém phuong trinh:
X =mx—1=0,A>0<m’>+4>0Vm

X, +Xx,=m
Phuong trinh c6 2 nghiém phan biét x,,x, ; theo dinh ly Viet két hop yéu cau: xx, =-1

X, <X,
Tac():SzI(mx+2—x2—l)dx=J(mx+1—x2)dx
2 3 *2 2 3 2 3
LG S S .. .
2 3 . 2 3 2 3
m? 1, \/2— m* 2 , )
z(xz—xl) 74‘1—5(7’1’1 +1) =m  +4 ?4'5 . Sc6 GTNN khi m=0.

Cau 73. Véi gia tri ndo cta m thi dién tich hinh phang gi6i han boi parabol (P):y=—x"+2x va
(d):mx(m<0) bang 27 don vi dién tich
A.m=-1 B. m=-2 C.med D. meR
Huéng din giai
Chon A.
x=0

Phuong trinh hoanh d9 giao diém: —x* +2x=mx < x> —(2-m)x=0 <
x=2-m>0
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2-m
2-m

—x +2x—mx‘dx = IO (—xz +2x—mx)dx= (—%3+x2 —mezj

f”

Do d6 m=-1.
Cau 74. Tich dién tich S cuda hinh phang (phan gach soc) trong hinh sau
yA

=—m’+6m*—-12m+8=27

0

A.S:% B S:?. c.s-U D.s=_
Huéng din giai
Chon B
A
y g(x)=x~2
M) = /x
- /;//// ¢ I
/,’/’/I/, I
e ”//f// :
QORI R
o 2 4 “x

Y=

Duya va hinh v&, ta ¢6 hinh phang dwgc gidi han béi cac dudong: { y=x—-2.
y=0
2 4 10
Suy ra Szjx/;dx+j(\/;—x+2)dx =5
0 2

Céau 75. Dién tich hinh phang gi6i han boi d6 thi ham s§ y = —x® +3x +3 va duong thang y=5.
A2 B. %2 c . p. 2L,
4 4 T4 4
Huéng dan giai
Chgn C

+ Xét phuong trinh hoanh d6 giao diém cua hai d6 thi 1a

3 3 X
—x +3x+3=5<x -3x+2=0&

L)
4
Cau 76. Cho (H ) 1a hinh phéng gi6i han boi cac dudng y = J2x ; ¥ =2x—2 vatryc hoanh. Tinh dién
tich cia (H ).

1
Vay dién tich hinh phing can tinh 13 S = ”x3 —3x+ Z)dx _2
-2
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A2 B. 18 c. 0
3 3 _ 3
Huéng dan giai
Chon A. Phuong trinh hoanh d¢ giao diém :

..
3

x=1 x>1
T2x=2x-2& 2, Sx=2
2x—(2x 2) 4x —=10x+4=0
U2x-2=0< x=1.
ONV2x=0=>x=0.
Do thi:

1 2
Dién tich hinh (H): S =S, +5,, =j\/5dx+j(\/5—2x+2)dx=§
0 1

Cau 77. Tinh dién tich S cia hinh phing gi¢i han boi db thi ham s6 y=x’—x va dd thi ham s6

y=x—-x".
A S=13. B.s=31 c.s=2. D. 5=,
12 3 4 12
Huéng dan giai
x=-2

ChonD. Taco ¥’ —x=x—x & x +x°-2x=0&|x=0
x=1

+ j(x3+x2—2x)dx‘=?—;.

0

Taco S =

S

Céu 78. Goi S la dién tich hinh phang gi¢i han béi d6 thi ham sé (H):y = x—‘i va céc tryuc toa do.
X+

Khi d6 gi tri cia S bang
A. S=In2-1 (dvdt).  B. S=2In2-1 (dvdt). C.S=2In2+1 (dvdt). D.S=In2+1 (dvdt).
Huéng din giai

Chon B. Do thi ham s y= % cit truc hoanh tai diém (1; 0) .

1
Taco S = l-——— —(x—2In|x+1{)| =2In2-1.
J.x+1 Ix+1 '!( x+1j ( | D‘O
Cau 79. Tinh dién tich S cta hinh phang (H) gi¢i han boi duong cong y =—x"+12x va y=—
NP B g 193 c g 397 D597
12 4 3 4 12
Huéng dan giai
Chon D

Hoanh d6 giao diém cua hai dudong cong 1a nghiém cua phwong trinh;
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x=4
X H2x=-x' - +12x+x* =0 | x=-3
x=0

0 4
Taco S =[x +12x+x7|dv+ [|-x +12x+ 7 |dr
-3 0
99 160_937
4 3 127
Cau 80. Cho (/) 1a hinh phing giéi han béi (C):y =+/x, y = x—2 va truc hoanh (hinh v&). Dién tich

= jl()c3 —12x—x2)d)c+j‘(—x3 +l2x+x2)dx
-3 0

ciia (H) béng

0 B. 10 cl. .2
3 3
Huéng dan giai

Chon A. Phuong trinh hoanh d¢ giao diém ctia d6 thi ham s6 y = \/; va y=x-2:

x2>2 >2
\/;=x—2<:>{ {x

xz(x—Z)2 < X’ =5x+4=0

Dién tich hinh phang (H) 1a

o x=4

3P 3 ¢
2x? 2x2  x?

2 4 2 4
Sz_([ﬁdx+!‘ﬁ—(x—2)‘dx:_(|).\/;dx+_!.(\/;—x+2)dx e %.
0 2

Ciu 81. Dién tich hinh phing gi6i han boi db thi ham s6 y =+/x va tip tuyén véi db thi tai M (4,2)

va truc hoanh la

A S B.2. c.l. D.2.
3 8 3 3

Huéng din giai

Chon A. Goi d 1a phuong trinh tiép tuyén ctia ham sé y=+/x tai M(42)=>d:y= %x +1.
Dién tich hinh phing gi6i han bai dd thi ham sé y=+/x, d va truc Ox la
0 4
1 1 8
S=[|=x+1]dv+[] —x+1-x [dx==.
o (oo
Céau 82. Dién tich hinh phang gi6i han boi cac duong y = x° va y=x+21la

O | oo

A. §=9. B.s=2. c.s=2. D. 5=
4 . 2
Huwéng dan giai
x=-1

Chon C. Phuong trinh hoanh d6 giao diém 1a x*> =x+2 < [ 5
X =
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Cau 83. Cho hinh phéng () gi6i han béi céc dudng y = [x* —4x+3
hinh v&). Dién tich cua (H) bang

, y=x+3 (phan t6 ddm trong

p. 2L
5

Huéng din giai

5
Chon B. Dién tich cua (H) la S =]
0

1

5

3
— x——2x2+3x
. 3

| = 4x+ 3~ (x+3)|dx =j(x+3—\x2—4x+3\)dx
0
(x+3)dx—{.|.(x2—4x+3)dx—i(x2—4x+3)dx+j(x2—4x+3)dx}
’ 1 l 3 33 3 5
—(x——2x2+3xj +[x——2x2+3xJ ]
0 3 1 3 3
5 [4 4 20] 109
=——|—4+—+— | =—.
2 \3 3 3 6

Cau 84. Tinh dién tich S cta hinh phing giéi han boi hai do thi ham s y=2x" va y =5x-2.

A.S:E. B.S:E. C.Szg. D.S:B.
4 8 8 4

Huéng din giai
Chon C. Phuong trinh hoanh d6 giao diém ctia hai d6 thi y = 2x° va y=5x-2:
2x° —5x+2:0©x:% hoac x=2

Dién tich S cua hinh phang gidi han bai hai d6 thi 1a

S =

2x* —5x+ = X —=5x+ =—2— .
\ 5 2\dx (22 5 2)dx ‘ ‘ 9
8| 8

N | = C— 1O
B | Sy 1O

Ciu 85. Tinh dién tich hinh phang duoc gidi han boi cac duong y = X, y=2X.
A.S:l, B.S:i C.Szl. D. S=—.
6 6 3

N | —

Huéng din giai
Chon A. Phuong trinh hoanh d6 giao diém: x’ =x ->x=0 vx=1
Dién tich hinh phing 1a § = jol\xz - x\dx - %
Céu 86. Cho (H) 1a hinh phing gi6i han béi cac d6 thi hams6 y=e, y=¢"

va y= (1 - e)x +1 (tham khao hinh v& bén). Dién tich hinh phang (H) la

A 5=t B.S—et>. c.s=1
2 2 3 2
Huéng dan giai
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Chon A
Cich 1: Phuong trinh hoanh do giao diém cta d6 thi y =€" véi duong thang y=e 1a
e'=ex=1.
Phuong trinh hoanh d¢ giao diém ciia dd thi y =e” voi duong thing y=(1—¢)x+11a
¢’ =(I-¢e)x+1<x=0.
Phuong trinh hoanh d¢ giao diém ciia d6 thi y =e véi dudng thang y =(1-¢)x+1 la

e=(l-¢)x+lex=-1.

Dién tich hinh phang (H) 1a S = ])‘|e—(1—e)x—1|dx+jﬂe—ex dx
-1 0

0
0 T (1-e)x’ A e+l
= J;(e—(l—e)x—l)dx+ !(e—e )dx‘ = [(G_I)X_Tj +(ex—e )0 =
Ciach 2: Xem x 13 ham theo bién y.
Hinh phang (H) gi6i han béi cac duong x=Iny, x:%(y—l), y=1, y=e.
-e
Dién tich hinh (H) 1a Szj.[lny—L(y—l)}dy =j.lnydy—ij‘(y—l)dy
) 1 l-e 1 l-e-
Tinh Az'[lnydy:(ylny—y)‘: =1
1
inh 5= (y-Nay= (2| o[£ e 1) 1z
[ A T (S R RS
I-e e+l
Viy S=1-——="",
& 2 2
Céau 87. Tinh dién tich hinh phang gidi han boi parabol y=x2—2x va duong thang y =x.
A2 RELY c. 2. p. U
2 6 6 6

Huéng din giai

X
Chon A. Tacé: x° —2x=x<:>{

9

i(xz —3x)dx

0

3
Dién tich hinh phang can tim bang S = .”xz —2x- x‘ dx =
0

Céu 88 Cho s6 duong @ thoa méin hinh phang giéi han boi cac dudng parabol y=ax2—2 va

y=4-2ax" c6 dién tich bang 16. Gia trj cia a bing

A. 2. B.l. C.l. D. 1.

4 -2
Huwéng dan giai

Chon C. Xét phuong trinh: ax’ -2 =4-2ax" < 3ax’ —6=0< x = i\/2 .
a
Dién tich hinh phing gi¢i han béi y=ax’ -2 va y=4-2ax" 1a

S = j [3ax” - 6| dx = J.(Saxz—6)dx=¥.
X X

a
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82 1

Theo gia thiét S=16<:>—=16<:>a=5.

Ja
Céu 89. Dién tich hinh phang gidi han boi cac duong y = X vay=x bang
1

A. 0. B. 4. Q.g. D. 2.
Huéng din giai
i x=0
Chon C. Phuong trinh hoanh d6 giao diém x° =x’ < | x=-1.
x=1

Dién tich hinh phang gi¢i han boi cac duong y = X’ va y= X’ bang

1 0 1
1
S=|x=x|dx=|(x—x")dx—[(x —x)dx==.
[ [ (e
Cau 90. Cho hinh (H) 1a hinh phing gi6i han boi parabol y =x" —4x+4, dudng cong y =x> va
truc hoanh (phén to dam trong hinh v€). Tinh dién tich § cua hinh (H ) .

na

A s=1L B.S=_. C.S:?. p.s=-1

Huéng din giai
Chon B. Parabol y=x’—4x+4 c6 dinh 7(2;0).
Phwong trinh hoanh do giao diémcia y=x"—4x+4va y=x" 1a X’ —x* +4x-4=0<x=1.
Cau 91. Cho (H) 1a hinh phang giéi han béi d6 thi ham sé y = 1n(x+l) , duong thang y =1 va truc
tung (phan to6 dam trong hinh v&).

¥—lejx+l]

Dién tich cua (H)bang
A e-2. B.e—1. C. 1 D. In2.
Huéng din giai
Chgn C. Phuong trinh hoanh 9 giao diém cta ham sé y=In(x+1) va duong thing y=1 la

e—1

In(x+1)=1¢ x=c—1. Diéntichcia (H)1a S = | In(x+1)dx.
0

_ _ b o
pge {17 | fdu= T de g §=(x+)In(x+1)" - [de=e-(e-1)=1.
dv=dx v=x+1 ' 0
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2 2

Cau 92. Hinh phang (H ) gidi han béi parabol y = ic—2 va duong cong c6 phuong trinh y = 4—? .

Dién tich cua hinh phing (H) bang

2(47 +3
A. M p, V3 c W3t p, 433
- 3 6 6 3
Huéng din giai
Chon A
! A
y
—
N .
.l
01 X

2 2 2 4
Phuong trinh hoanh d6 giao diém la 1}4—x— N I
4 12 4 144

4 2 2 _
e Y 404360 -576=0 | 12 ox=123.
144 x> =-48

) 243 . 1 23 243 2
Dién tich hinh phang (H) 1a = [ | J4-=—--=Idv== [ J16-2" dr~ | *-dx
4 12 2 3, 12

243 243

243
Xét [ = j 16— x2dx . Dat x=4sint, v6i te{—%;%} = dx=4costdt.
23

Vc’wix=—2x/§ :>t=—% Véi x= 2\/_ :>t—§

71'

i
\J16—16sin’t.4costdt = Il6cos tdt =8 'f l+cosZt dt =8 (t+%sin2t}
3

1=

3 lér
=——+44/3.
3 NG

s

'qw\ﬁ

Vay: S= 2(16” 4\/—]——

36

Wy

3

ﬁ_ 8T, 5 [24\/§+24\/_J 87 /5o 4\/_ 2(47”\/5)_

36 3

2

Cau 93. Trong mit phang toa dd Oxy cho hinh tron (C ) :x> +y* =8 va parabol (P); y= % chia hinh

tron thanh hai phan. Goi S, 1a dién tich phan nho, S, 1a dién tich phan 16n. Tinh ti s %‘7
2
A.i:3ﬂ'+2. B.i:3ﬂ—2' C.i:3”+2. ])i:3”+1,
S, 9r-2 S, 9r+2 S, 9r+2 S, 9r-1
Huéng din giai
Chon A.
X +y 28(1)
Giao diém cua (P) va (C) 1a nghiém cta h¢ phuong trinh 52
=—(2
y=>(2)
x4 x2 =4
Thay (2) vao (1) taduge: ¥’ +—=8 = x" +4x* -32=0 | Sx=%2
4 X =—8(L)
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Phan nho giéi han béi cac duong y =%; y=+8-x"; x=-2; x=2 nén ta co:

2 X 2 2
S, = ( g 2——jdx: ( 8—x2)dx— X
s 2

2
Tinh A= J.(\/8—x2 )dx
-2

bat x=2+/2sint = dx = 2+/2 costdt . Déi can: x=—2:>t=—%; x=2:>t=%.

3 i 3 :
A= I\/ —8sin®7.2/2 costdr =8 Icosztdt=4I(l+cosZt)dt:4(t+%sin2tj =2r+4.
& R g E
2 2
B:j"—dxz§
%2
S 2
:>S1=2;z+i :>SZ=;zR2—SI=6z—i. Vay 5 32
3 3 S, 9r-2
Cau 94. Tinh dién tich hinh phéng giéi han boi cac duong y=x" -2 va y=—|x|
A. E B. Z C. 3. D. 13—1

3 3
Huéng din giai
Chon B. Phuong trinh hoanh d¢ giao diém x> -2 = —|x| = |x|2 + |x| -2=0< |x| =l x=4%1.

1 1
Di¢n tich hinh phang la: § = [ |x* =2 +[x|dx jx ~2+|x|) ‘ j X -2-x dx+j x* = 2+x)dx
-1
0 1
3 2 ), \3 2 )| 16 6 3

Cau 95. Tinh dién tich hinh phang gidi han boi nira dudng tron y =+/2 —x* va duong thang d di qua
hai diém A(—JE ;o) va B(L;1) ( phan té ddm nhu hinh vé)

A.;z+2\/5' B 37r+2\/§. C.;z—zx/i_ D 37;—2\/5_
4 4 ) 4 4
Huwéng dan giai
Chon D. Taco d diqua B(L;1) c6 VTCP ;=Z§=(1+J§;1) ( VTPT 1a;,=(-1;1+\/5)
Suy phuong trinh téng quat cua d:—l(x—1)+(1+\/§)(y—1)=0<:>—x+(1+\/§)y—\/5=0

_ 1 X+ \/5
1+\/§ 1+\/§
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Ttr hinh v& ta c6 dién tich hinh phang can tim la
1
el f —) L V2
S= 2-x’ X— dx = 2—-x’dx— dx=A4-B
1 142

N V2 (1 ¥ 2
Tact 5= ‘[(1+\/— 1+x/§]dx_(l+\/§?+l+\/§x]—\/§: 2

Xét tich phan A4 = j V2 - xPdx
-2
T
Z .

V2 costdt ;Déicém: x=—\/5:>t=—5. x=1=>t=

Tuyén chon va gi6i thieu: Nguyén Qudc Hoan

Détx:\/fsint:dx:

z z T
. ¢ s ¢ 1. 4 3z 1
Khiddé 4= IZcos tdt = I(1+cos2t)dt: t+5sm2t :T+E
x x T
2

2

1 1 V2 3z-22

2

Vay S =3—7[+ =
4 2 2 2 4
Cau 96. Cho (H ) 1a hinh phang giéi han boi parabol y=7x2 va duong Elip c6 phuong trinh

6

2
~—+y” =1 (phan t6 dam trong hinh v&). Dién tich ciia (H) bang
A. 27443 B. 2% . FHV3 p. 3%
6 3 3 4 4
Huwéng dan giai
2 2
Chon A. Taco x?+y2=l =y=tl-7
Phuong trinh hoanh d6 giao diém ciia duong cong nira trén cua Elip va Parabol 1a
2
=1
2 3 X :_1
l—x——\/—x2 St -4=0 4 = g .
4 2 x2:—— —1
3
, ‘ N} 1| V3
Suy ra dién tich hinh phang (H) cantinhla S = 1———— ? —[V4-xPdx——.
y C p g( ) (H) :l;[ 4 5 ] ZJ‘I 3
1
Xét [ = I\/4—x2dx, dat x =2sint ta dugc
: : : 2
=lj 4—4sin*t2costdt = I2cos tdt = I(l+cos2t)dt: t+s1n2t =£+—3
27 - 2 Jl= 3 2
3 3 3 6
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_7r \/_ \/_ 27r+\/_

Do do S, ==+-"—-~=
372 3 6

1 2
Chii y: Ta c6 thé bAm may S(H) = J.[, fl —% —%xzjdx rdi so sanh két qua véi cac phuong an.

-1

Céu 97. Cho hinh phing () gi6i han béi cac duong y = ‘xz —1‘ va y=k,0<k<l.
Tim & dé dién tich ctia hinh phang (H ) gap hai lan dién tich hinh phang duoc ké soc
trong hinh v€ bén.

A. k=3/4.

B. k=32-1.

C. k=1,
2

D. k=3/4-1.

Chon D
Do dd thi nhén truc Oy lam truc ddi xtng nén yéu cau bai toan trd thanh:

Huéng dén giai

Dién tich hinh phang gidi han boi y =1-x?,y =k, x =0 bang dién tich hinh phing gii han boi :
y=l-x"y=x"-1y=k,x>0.

Tk 1 N
[ (1=x*=k)dr= [ (k=1+x"Jbo+ [ (k—x"+1)d
0 N 1
o (1-k)VT—F - %(1 NIk =2 (1= k)= L1 )Tk + (1= k)T F
H(1+EWTE =5 (1 RNk —(14k) B
<:>§(1+k)«/1+k=§<:>(\/1+k)3:2<:>k=%/Z—l. |
. |3
Cau 98. Chohamso y = f (x) xac dinh va lién tuc trén doan .Il |
[-3;3]. Biét ring dién tich hinh phing S, S, gi6i han boi dd T
thi ham s y = £ (x) va duong thing y = —x—1 lan luot 1a M , '. '
3 . 5
m . Tinh tich phan j f(x)dx bang \ '
-3
A 6+m-M. B 6-m—M. I\*.H ,"’ | ™
C.M-m+6. D. m-M-6 d 1%
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Huéng din giai

Chon D

M:Sl:'][(—x—l—f(x))dx:j(—x—l)dx—jf(x)dx:[—x—;— ] =_jf(x)dx
Taco -3 -3 -3 5 3
m=S, = j.(f +x+1)dx j.f(x)dx+_3[(x+1)dx=j.f(x)dx+(%2+xj =j'f(x)dx+6

<:>M—m=—6—:|.f(x)dx<:>:|.f(x)dx=m—M+6

Cau 99. Cho (H ) 1a hinh phang gi6i han boi duong cong y = Jx vanta duodng tron cé phuong trinh

y=+4x—x> (vdi 0<x<4) (phan t6 ddm trong hinh v&). Dién tich ciia (H ) bang
y

X
o] 2 4
N 4;z+15\/§. B, 87z—9\/§' c 107z—9J§_ o 107[—15\/5‘
24 6 ) 6 6
Huéng dan giai

S:i(\mx—xz ~x dx =i\/4x—x2dx—i\/;dx =i,/4—(x—2)2dx—2ﬁ.

x= ,
Chon B. Tacod Vdx—x* =+/x & x> -3x=0 < { . Vay dién tich hinh phang (H) 1a

bat x—2=25int,te[%;§}:>dx=2<:ostdt.Khi x=0:>t=—%; x=3:>t=%.

Suyra S= I2\/1 sin’¢.2 cos tdf — 2\/_—

2

2(1+cos2)dr 243 =(2t+sin 2|, =243

2

Nm‘—mm

Cau 100. Cho hinh phang D giéi han boi parabol y=—%x2+2x, cung tron c6 phuong trinh

y=+16 —x*, voi (0<x<4), truc tung (phﬁn t6 dam trong hinh v&). Tinh dién tich cta hinh D.

. y
y=+16-x’
X
9 4\y=—%x2+2x
A. SH—E B. 27[—2. C. 47r-|—E D. 47[—2.
3 3 3 3

Huéng din giai
4

Chon D. Dién tich hinh phang D 1a S = j (\/16 —x? —(—%xz + 2dex .
0
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4
Xét tich phan 1= [\16-x’dx  Dit x=4sint, 1 H’ﬂ
0

cos’ tdt = 16(11 +lsin2tj =4r
2 2

EEAN

5
Khi d6 1=j dtjx/16—16sin2t.4costdt ~16
0

4 4
s=f(-Lesax)ac=(-Lewn)| 2100 vay s=42-18
0 2 6 0o 3 3

Cau 101. Cho Parabol (P):y =x* va hai diém A4, B thudc (P) sao cho AB =2. Dién tich hinh
phang gi6i han boi (P) va duong thang AB dat gia tri I6n nhat bang

A2 B.2. g,i_ p. 3
3 4 3 >
Huéng din giai
Chgn C
y
B
A
/0 X
Cach 1: Goi A(G;GZ), B(b;bz) voi a<b. Taco: AB:2©(b_a)2+(bz_az)2 _4
2 2
X—a y—a X—a y-—a
AB‘Z)—a_bz—a2 1 b+a o y=(a+b)(x-a)+a’ © y=(a+b)x—ab

S

b
S= ((a+b)x—ab—x2)dx=I(x—a)(b—x)dx. bit t=x—a. Suy ra:

a a

S=b]:t(b—a—z)dt=br((b—a)t—z2)dt=%0

b-a 3

{ b-a ~ (b—a)3
6

3

(=]

0

Taco: (b—a) +(b —a*) =4 (h—a) (1+(b+a) |=4 < (b—a) =——— <4
(a4 (1 -] =4 =) (14 (0ra) | (oo =
.Y 53
Suyra:b—aé2:>S=(b 4) S2—=i.
6 3
. . . la+b=0 b=1
Dau “=" x4y ra khi va chi khi & & A(—l;l) ; B(l;l).
b—a=2 a=-1

Vay gié tri 10n nhit cia 4B bang % .
Ch y: Khi lam tric nghiém ta c6 thé du doan (linh cam:D) @, b d6i nhau, nghia 1a: a+b=0. Tir
do, thay vao (b —a)2 +(b2 —a2)2 =4, tim dugc a=—1, b=1. Suyra: A(-1;1); B(L1).

1
< 4
Viét phuong trinh: 4B:y=1.Tu do: S=J.(1—x2)dx=§.
-1

Hoac ciing linh cam, dic biét héa 4B song song voi Ox , tu d6 cling tim dugc a+b=0.
Cach 2: St dung cong thuc dién tich hinh phang gi¢i han boi (P):y=ax’+bx+c va
(d):y=mx+n.Dau tién ta 1ap phuong trinh hoanh d9 giao diém cua (P) va (d):
ax’ +bx+c=mx+n < ax’ +(b—m)x+c-n=0.
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Khi d6 dién tich hinh phing 1a: S =%, v6i A=(b—m)’ —4a(c—n).
Ap dung: Tuong tw, taco (AB):y=(a+b)x—ab, a<b.
PTHDPGD: x* =(a+b)x—ab < x* —(a+b)x+ab=0,c6 A =(b—a)2.

N _(b-a) (b=a) oo
Suyra: §* =—=-—"—=§ =-—— vadanh gia nhu cach 1.
36 36 6

4
Ciu 102. Chohamsb y= %— 2m’x* +2 . Tap hop tat ca cac gia tri ciia tham sb thuc m sao cho dd
thi ciia ham sb dé cho c6 cuc dai va cuc tiéu, dong thoi dudng thang cing phuong véi truc hoanh qua
diém cuc dai tao v6i dd thi mot hinh phéng co dién tich béng % la
1
A.D. B. {£1}. C. iﬁ;il . D. {i—;il}.
2 2
Huéng din giai
Chon B.
x=0

Tap xacdinh D=R. y'=2x"-4m’x = 2)c(x2 —2m2); V' =0 | x=2m
x=—2m
Do thi cua ham sb da cho ¢6 cuc dai va cuc tiéu < m =0
Via= % >0 nén ham sb dat cuc dai tai x =0 suy ra diém cyc dai cta do thi ham sé 1a A(0;2)
Puong thang cung phuong véi truc hoanh qua diém cuc dai c6 phuong trinh 1a d: y=2.
Phuong trinh hoanh d6 giao diém cia (C,) vad la:
x=0

x4 szO
T amx+2=2¢& < | x=2|m|
2 x* =4m’

x=—2|m|

Dién tich hinh phang can tim la: (chi y rang ham s6 da cho 1a ham chin)

Z‘W‘ Z‘W‘ Z‘m‘ 4 5
j X omx? |dx x——zm2x3
2 10 3

dr=2
0 0
Céu 103. Cho khéi tru c6 hai day 1a hai hinh tron (O;R) va (O;R), OO'=4R. Trén dudng tron
(O;R) 1§y hai diém A4, B saocho AB= a3 . Mat phfmg (P) diqua 4, B cit doan OO’ va tao véi

4
2.2
—=-2m'x

4

2 omiy? 2|m|
2

64, s
R R

15

Ta co S=ﬁ<:>|m|=1<:){m:1
15 m=-1

day mot goc 60°, (P) cit khéi try theo thiét dién 1a mot phan cua elip. Dién tich thiét dién d6 bang

A. (4—ﬂ+£]R2. B. [2—”—£JR2. C. [2—”+£JR2. D. (4—”—£JR2.

-1 3 2 3 4 3 4 3 2
Huéng din giai

Chon A

Cach 1:

Goi dién tich can tim 12 S, dién tich cta hinh nay chiéu Xuéng dayla §'.

Taco: S'=S.cos60°.

Hinh chiéu cta phan elip xuéng day 1a mién soc xanh nhu hinh vé.
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— OA’+OB*-4B> 1| —
Trong AAOB ta co: cos AOB = o4 +0 === AOB=2—”.
2.04.0B 2 3

4r
Suy ra: sd 408 16n = 47”. Do 6 8" = S 00 + Saion = 7R’ +%sin [ZT”jRZ _ (2—”+£]R2

2 304

cos 60° 3 4 3 2
2 2 _ 2 .
Ciich 2: Ta c6: cos AOB =24 +OB 4B _ 1 _ 258120 o =%
2.04.0B 2 2

Chon h¢ truc toa dd Oxy nhu hinh v€

Suy ra phuong trinh duong tron ddy 13 x* + y* = R*> < y=++R> —x7.
Hinh chiéu ctia phan elip xuéng day 1a mién soc xanh nhu hinh v&.
g ) 2 3
Taco S=2 J VR? —x* dx. Pat x=R.sint = S=[?ﬂ+£ R’
R

4

2
Goi dién tich phan elip can tinh 1a S'.

cos 60° 2
Cach 3: Goi I, H, K, E la cac diém nhu hinh vé.
* Ta co: IH/\O =60°

. S 4 3
Theo cdng thirc hinh chiéu, ta c6 S’ = =25= (?ﬂ +£JR2.

2 2
OH = OB~ BH? = R* - 2% :RT
:»0H=5:»01=0H.tan60°=R—‘/§,1H= OH _p.
2 2 cos 60°

AIOH ~ AEKH nén ta co:
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1E_OK =2=IE=2R.
IH OH
* Chon h¢ truc toa d§ Ixy nhu hinh vé ta c6 elip (E) cobantruclonla a=IE=2R va (E) di qua
RS3 oy
A| —R;—— | nén (E) c6 phuong trinh 1a ( E): +—=1.

2R
* Dién tich ctia thiét dién 1a S—sz 1— dx 2Rj,/ dx
* Xét tich phan: [ = J.,/ dx dat x =2R.sint; te{—— —} ta dugc
3
(1+cos2t)dt=£ t+ _| 2= \/5 R=S= 4z ﬁ R,
2 K 8 3 4

I sin 2z‘j
2

R
2 - 3

o fx =l

Céu 104. Cho parabol (P): y =x’ va mdt duong thing d thay ddi cét (P) tai hai diém 4, B sao cho
AB=2018. Goi S la dién tich hinh phang gi6i han béi (P) va dudng thang d . Tim gid tri 16n nhat
S cua S.

max

_ 201841 2018° 2018’ -1 b s 2018

A S, =—"" B.S, = . C.S,, =———. =
6 3 6 6

Huéng din giai
Chon D. Gia st A(a;a’); B(b;b*)(b > a) sao cho 4B =2018.
Phuong trinh duong thang d 1a: y = (a +b)x —ab . Khi d6

S=j[‘(aer)x—ab—xz‘dx=j:((a+b)x—ab—x2)dx=é(b—a)3.

Vi AB=2018 < (b-a)’ + (b’ ~a*) =2018' < (b-a)’ (1+(b+a)’) =2018".
2018’

= (b—a) <2018’ = |b—a|=b-a<2018= S <

2018’
vay 5. 22018

Céu 105. Cho parabol (P):y =x" vahaidiém 4, B thudc (P) sao cho 4B =2. Tim gié trj 16n nhat

khi a=-1009 va 5=1009.

cuia dién tich hinh phing gi¢i han béi parabol (P) va duong thing AB.

A2 B. 2. c.>. D.>.
2 =3 4 6
Huéng din giai
Chon B )

Goi A(a;az) va B(b;bz) 13 hai diém thudc (P) sao cho AB=2.
Khong mat tinh tong quat gia sit a <b.
Theo gia thiét tac6 AB =2 nén
(b—a)2 +(b2 —a2)2 =4 (b—a)2 [(b—a)2 +l} =4.
Phuong trinh dudng thang di qua hai diém 4 va B 1a
= (b +a)x—ab.
Goi S 1a dién tich hinh phang gi¢i han boi parabol (P) va
duong thang 4B ta co
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' (-a)

= fl(areh)a=ab - Joe = (a5 mame | =L

a

Mit khac (b—a)2[(b—a)2+l}=4 nén |b—a|=b—a£2 do (b—a)2+121.

Dang 4: Tinh dién tich hinh phing giéi han béi nhiéu dwong cong (>2 duong cong)
Cau 106. Cho parabol (P) Y% =x"+2 va hai tiép tuyén cia (P) tai cac diém M(—1;3) va N(2;6).
Dién tich hinh phang gi6i han boi (P) va hai tiép tuyén do bang
9

A 2. B 13 c.rl. p. 2L
4 4 4 4

Huéng dén giai
Chon A. Phuong trinh tiép tuyén tai M (—1;3) lad:y=-2x+1.
Phuong trinh tiép tuyén tai N (2:6) la d,:y=4x-2.

Phuong trinh hoanh d¢ giao diém ciia d, va d,: 2x+1=4x-2 < x = %
1
2 2 9
Vay S = Hx2+2+2x—1\dx +”x2+2—4x+2 dv =—
_ 1
1 2
Cau 107. Cho (H ) 1a hinh phang duogc t6 dam trong hinh v& va duoc gidi han boi cac duong co
-x  khi x<1
x—=2 khi x>1
y A

phuong trinh y = ?x— X',y ={ . Dién tich cta (H) bang?

Al B3 c. 11 p. 14,
6 =7 2 3

Huéng din giai
Chon B. Hoanh d¢ giao diém cua hai do thi hamso y=—-x va y=x-21a -x=x-2< x=1.

1 3
Dién tich hinh phang can tinh Ia S:J.(%x—x2 +x]dx+‘[(?x—x2—x+2de.
0 1
(13 (7 (13 (7
J.(—x—xzjdx+_[(—x—x2+2jdx©S= (—x—xzjdx+‘|.(—x—x2+2jdx
o\ 3 3 o\ 3 1\ 3
1
3

Cau 108. Dién tich hinh phang gi6i han boi do thi ham s§ y = |x—l| va nura trén cua duong tron

x*+y* =1 bang?

B. 71 c. 2. p. 2.
2 2 4
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Huéng din giai
x—1 khi x>1

Chon A y=|x_1|={l—x khi x<1’

x*+y* =1 y=+J1-x" do chi tinh nira trén ctia duong tron nén ta lay y =~1-x".

Hinh phang gi¢i han béi d6 thi ham s6 y = |x—1| va ntra trén cua dudng tron x” +)° =1 12 phan t6
mau vang nhu hinh veé.

Cach 1:

Dién tich hinh phang trén la:

S=—.7zR2—l.1.1=£—l (l di¢n tich hinh tron — dién tich tam gidc vuong can)
4 2 4 2 4
Cach 2: 7
Dién tich hinh phang trén la:
1
S= j[\/l ¥ —(1- x} I\/l xdx+jx 1)dx = 14{2 j :11_%,
0
Tinh II:I\/I—xzdx.
0
Détxzsint,te{—— —} dx =cost.dt. Ddi can x=0:t=0;x=1:>t=%.
1 P : :
11=J. .[ sin’ ¢ .cost.dt I|cost|cost.dt=_[cos2t.dt=Imdt
0 0 0 0 0
in2e\2
:l(H_sttj _T VéySzz—l.
2 2 ), 4 4 2

Cau 109. Dién tich hinh phang gi6i han boi cac duong y=2x, y=x>, y=1 trén mién x>0,y <1
la

AL B. L. c.>. D. 2.
2 3 12 3
Huwéng dan giai
Chon C

Cach 1: Taco: y:2x<:>x=§; y:xzc»x:\/; (do x>0).
1

Suy ra: SZI \/;—Z‘dyz—
0

2 12
Cich 2: Phuong trinh hoanh d¢ giao diém: x> = 2x < x* —2x =0 {

(B4m may truc tiép hodc xét ddu bo | |)

x=0
x=2
x=1

Phuong trinh hoanh d6 giao diém: x* =1 < { {
X=-
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Phuong trinh hoanh d6 giao diém: 2x =1 < x = l

Tir hinh vé ta c6 dién tich hinh phang can tim 1a
1

2 , 1 , , e l ¥ 1 5
S=_([(2x—x )dx+‘!l(1—x )dx :{x —?j§+(x—?)l = R
2

2

Cau 110. Cho hinh phang dugc gi6i han boi cac dudng y=+/4—x>, y=2, y=x c6 dién tich la
S =a+b.z . Chon két qua ding:

A.a>1, b>1.

B. a+b<1. C.a+2b=3. D. o’ +4b* >5.
Huéng din giai
Chon D
Y
3

3 20 -1 101 2| 3
Céc phuong trinh hoanh d¢ giao diém:

>0 x20
* J4—x* =x @{x , <:>{
X

4—x*= xzﬁ.

*J4-x"=2 < x=0.

*x=2.

=

Dién tich can tinh 1a: S = I

(2—\/4—x2)dx+j(2—x)dx =f2dx+ j(2—x)dx—f\/4—x2dx
0 2 0 V2 0
=(2x)|;/5 +(2x—%2j

2
Pat x=2sint = dx=2costdt. Pdican: x=0 = t=0; x=/2 = ==

oz i Vi
— [V4-rdx =242 +3-22 - [Va-xdr =3- [V4-27dx,
N 0 0

s : : :
Tacod J.\/4—x2dx=J\/4—4sin2t.2costdx=j4cosztdx=J.2(1+cos2t)dx
0 0 0 0
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:
=2 t+lsin2t =2 z+l =i Viay S=3_1_1=2_1_7,.
2 4 2) 2 2 2

0

Theo ki hiéu ctia bai toAntasuyra a =2, b = —% . Do d6 ménh dé dung 1 ¢® +4b> > 5.

Cau 111. Dién tich hinh phang gi6i han boi cac d6 thi ham s6 y = x%; y =%x2; y 2 bang
X
A.27In2 B. 27In3 C. 28In3 D. 29In3
Huéng din giai
2 2
Xét cac pthdgd x2—x—=0:>x=0;x2—2=0:>x=3;x——£=02>x=9
27 X 27 x

3 2 9 2
Suyra S =.|' P dx+f 27_x dx=27In3
0 27 Lx 27
Cau 112. Tinh dién tich hinh phang gi6i han béi parabol y = x> —6x+12 va cac tiép tuyén tai cac
diem A4(1;7) va B(-119).

AL B. 2. c 2 D. 2.
3 3 3

Huéng din giai
Chon B. Taco y'=2x-6. Goi tiép tuyén tai diem 4(L;7) 1a d,
Suyra d,: y=)'(1)(x—1)+7=—4x+11.
Goi tiép tuyén tai diém B(—l;l9) lad,. Suyrad,: y= y'(—l)(x + 1) +19=-8x+11.
Ta c6 phuong trinh hoanh d6 giao diém gitra d, va parabol la
x*—6x+12=—-4x+11< x=1.

Ta c6 phuong trinh hoanh d¢ giao diém gitta d, va parabol la

X —6x+12=-8x+11< x=-1.
Ta c¢6 phuong trinh hoanh d§ giao diém gitta d, va d, 1a

—4x+11=-8x+11<x=0.

Vay dién tich hinh phang can tinh 1a

+

2
=

W | —
W | —

0 1
S=j|x2—6x+12+8x—11|dx+j|x2—6x+12+4x—11|dx=
-1 0

, _ _ .2 .
Cau 113. Dién tich cta hinh phang giéi han boi Y = 2x.y=x". Y=l an midnx>0; V=1
AL B. L. c > p. 2.
3 2 1 3
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Huéng din giai
Chon C

Phuong trinh hoanh d¢ giao diém x* =1 = x=1; 2x=1< x= l

Hinh phang can tinh dugc tao tir hai hinh (H 1) va (H 2)

y=2x %
. 5
Trong d6 (H,){y = x* @Slzﬂzx—xz\dxzﬂ.
x=0; le
2
y=1 | S
— 2 _
Va (H,)={y=x" @Sz_ﬂl—x ‘dx_a.
le; x=1 2
2

Vay dién tich hinh phing can tinh 13 § = S +8, = £ + S5 .
ﬂ 24 24 12
Cau 114. Dién tich hinh phang nam trong goc phan tu the nhat, giéi han bdi cac duong thang
y=8x,y=x vaddthihamsd y=x"1a %. Khi d6 a+b bing

A. 68 B. 67 C. 66 D. 65
Huéng dén giai

Ta c6
8x—-x=0=>x=0;
g 5o x=0
x—-x =0= ;

x:2\/§

=0
x—x3=0:>{x

x=1

1 2 63
Nén S:f(Sx—x)dx+ _f (8x—x3)dx=7
0

1
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2
Cau 115. Dién tich hinh phang gi6i han béi cac duong thang y =1,y = x va do thi ham s6 y= x?

trong mién x>0,y <11a %. Khi d6 b—abang

A. 4 B. 2 C.3
Huéng din giai
2 2
Ta cod x—1=0:>x=1;x—%=0:xz0;1—%:02x:2

I

1 2 2 2
Nén Szfix—x—jdx+ (l—x—de:E
0 4 1 4 6

Cau 116. Tinh dién tich hinh phang gi6i han boi dd thi (P): y =x* —4x+5 va céc tiép tuyén ciia (P)
tai 4(1;2) va B(4;5).

A2 B. 2 c.2. D.>2.
4 9 8 2
Huwdéng dan giai
Chon A.

Tacod y'=2x-4.
Tiép tuyén ciia (P) tai 4 va B lan luot 1a
y==2x+4; y=4x-11.

s . . 5
Giao di€m cua hai tiép tuyén la M (E;_lj .
Khi d6, dua va hinh vé ta ¢6 dién tich hinh phflng can tim 1a:

S = (x2 —4x+5+2x—4)dx+ (x2 —4x+5—4x+11)dx=%.

—_ 0 |
D | I Sy

Cau 117. Tinhdiéntich S cta hinh phang gi¢i han boi cac d6 thi cachamsé y=Inx, y=1, y=1-x
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A.Sze—i. B.Sze—l. C.S:e+l. D.S:e+i.
2 2 2 2
Huéng din giai
Chon A
YA
=1
v=1n(2)
1
0] 1 € ;
y=1—=x
1 e 2|1 e €
Ta c6 s:j[l-(l-x)]dx+j(1-1nx)dx:% +x(1-Inx)| -[xd(1-Inx)
0 1 0 1 1
1 ¢ -1 1 ° 1 3
25—1—'!‘x.7dx=—5+x1 :—E-i-(e—l) ZS—E.

Cau 118. Dién tich hinh phing nam trong goc phan tu thir nhat, giéi han boi cac dudng thing y =8x

, y=x vaddthiham sb y =x’ 1a phan sb t6i gian %.Khi d6 a+b bang

A. 62. B. 67. C. 33. D. 66.
Huéng din giai
Chon B
Yy
X
—_—
-8 -7 6 5 -4 -3 K 1 2 3 4 5
x=0 .
Tacod ¥’ =8x & loai x=—2\/5
x =122
3 x=0 )
Xr=x loai x=-1
x==
242 1 2 4 22 2 a\[!
8x” «x x° x 1 63
Suyra S = 8x—x° Jdx — -x)dx =] —-— - ——— =16——=—
Y g(xx)dx!(x <) (2 4]0 (2 4}0 4 4
Khi @6 a+b=67.
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Cau 119. Goi S la dién tich hinh phing giéi han boi do thi cia ham s6 y=x"—4x+3 (P) va céc
tiép tuyén ké tir diém A(%;—Z&j dén @6 thi (P). Gid tri cia S béng

A. 9. B.

oo | \©o
ENJ N}
©
| o

C.

.

Huéng din giai

VA

Chon C

el

4
s 0 5 \ \ < . 3 \ I3 A A I3 . 4 2
Gia st A 1a duong thang di qua 4 E;_3 vacohésogoc k,khido A:y=k x—g -3.

Pé duong thing A 1a tiép tuyén voi dd thi ham s y=x"—4x+3 thi hé phuong trinh
2x—-4=k (1)

c6 nghiém
x2—4x+3=k(x—%j—3 (2) S

X
Thay (1) vao (2) ta dugc x° —4x+3 =(2x—4)(x—%]—3 & x-3x=0 @{

Véi x=0 thi k =—4, khi ¢ phuong trinh tiép tuyén 1a y = —4x+3.

Véi x =3 thi k=2, khi &6 phuong trinh tiép tuyén 1a y =2x-9.

Dién thich hinh phéng giéi han béi dd thi ciia ham sb y=x" —4x+3 va hai tiép tuyén y =—4x+3
va y=2x-61a

2 3
S=j(x2—4x+3+4x—3)dx+j(x2—4x+3—2x+6)dx=fx2dx+i(x2—6x+9)dx
0 % 0 %
3% _333
3, 3 |, 4

2
Cau 120. Trong h¢ truc toa d6 Oxy, cho parabol

(P):y:x2 va hai duong thing y=a, y=b
(0<a<b) (hinh v&). Goi S, la dién tich hinh phing
gidi han bdi parabol (P) va duong thang y =a (phan
to den); (Sz) 1a dién tich hinh phang gidi han boi
parabol (P) va duong thing y =b (phan gach chéo).
Véi dicu kién nao sau day cia a va b thi S, =5,?
A. b=34a. B. b=32a.
C.b={/§a. D.b={/€a.
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Huéng din giai
Chon A. Phuong trinh hoanh d6 giao diém cua parabol (P) .y =x" v6i duong thang y=b la
X=beox=+Jb.
Phuong trinh hoanh d6 giao diém ciia parabol (P) :y=x" voi dudong thang y =a la
Y=aox= J_r\/; .
Dién tich hinh phang gi¢i han boi parabol (P):y=x’ va duong thing y =5 la

b 3 JZ
S=2E(b—x2)dx =2(m-%) =2[b\/_—¥] =M.

3
Dién tich hinh phang giéi han béi parabol (P) :y=x" va duong thang y = a (phan t6 mau den) la

ﬁzz(a\/;_a }:441\/2

0

3

Ja : .
S, =2_([(a—x )dx =2(ax—?

a
3 3

0
Do do S:2S1<:>4b;/5=2.4a;/; @(\/3)3:2(\/;)3<:>\/3=i/§\/5©b=i/2a.

Cau 121. Goi (H) 1a hinh phang giéi han bdi d6 thi ham s6 y =—x” +4x va truc hoanh. Hai duong
thang y=m va y=n chia (H) thanh 3 phan c6 dién tich bang nhau (tham khao hinh v&).

Gia tri biéu thicc 7 =(4—m)’ +(4—n)’ bang

320 75 512

A T=—. B.T=—. C.T=—. D. T =450.
9 2 15

Huéng din giai
Chon A.

Sir dung cong thire: Dién tich hinh phdng gidi han boi do thi ham s6 y = ax” +bx+c va truc hoanh
. A’
bang S:6—2, véi a#0 va A=b*>—4ac>0.
a

Phuong trinh hoanh d6 giao diém ciia do thi ham s6 v&i truc hoanh —x* +4x =0 < {
X =

4
Dién tich hinh (H) 1a § = [(—x" +4x)dx = %
0

Tu d6, dién tich S, gi6i han boi d6 thi ham s y=-x’+4x va dudng thang y=m la

¢ AT (16-4m)’ 1
'“ea 6 3

dién tich S, gi6i han béi d6 thi ham s6 y=-x"+4x va duong thing y=n i

o Al _16-4n) 2
6 6 3
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J(16—4m)’ ) (4-m) - 1 (g)z

£\ 3
Tir do 6 ’ o . Suyra T'=(4-m) +(4-n) =22
l(16—anY 1(128Y 9
(16—4n) 64 (4_,1)3:_(_}
6 9 43
. x’ 27
Cau 122. Tinh dién tich hinh phing gidi han boi cac dudong y = x°, y=§, y=—.
X
A. %. B. 271n2—%. C. 27In2. D. 271n2—%.
Huéng din giai
Chon C
) 2 2 27
Xét phuong trinh hoanh do giao diem: x° =2c>x=3; x’ =%@x:0 ; %=—®x=6.
X X
3 2 6 2
Taco: SHP=J. - dx+j 272 g
0 8 Lx 8
6
63 63

8 8

X3 X3 ’ x3
S| XX o7l -
HP (3 24]0 [ i 24)

Cau 123. Goi (H) 1a hinh phing gi6i han boi cdc dudng y = (x - 3)2 , truc tung va truc hoanh. Goi £,
cky (k> kz) 1a hé s6 goc cuia hai duong thang cung di qua diém A(O;9) va chia (H ) 1am ba phén ¢

3

dién tich bang nhau. Tinh & —k, .
Al B.7. c.z . 2.
2 4 4
Huéng dén giai
Chon D

Goi d,:y=kx+9, d,:y=kx+9 (k >k,).

Goi M =d NnOx=M —2;0 s N=d,nOx= N —2;0 —2<—2
k, ky ky K
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Giao diém ciia (P):y =(x~3)" v6i hai truc toa d6 lan lugt 1a C(3;0), 4(0;9).

Theo gia thiét ta cd S,y =S, < OM =20N < PN k, =2k, .
1 2
3
. 2 1 243 27
Lai 06 S ;) =380y < [(x-3) dv=3._0AON & 9=-""c k===,
0 2

27 27
Suyra kl Z—T:kl—kz ZT.
Céu 124. Tinh dién tich S cua hinh phang (H) dugc giéi han boi cac do thi (dl):y=2x—2.

(dz):y=§+1. (P):y=x2—4x+3.

A s=12 B.s=1. c.s=21 2

= 16 3 ) 48 ' 4
Hudng dan giai
Chon A

Phuong trinh hoanh d¢ giao diém: §+ l=x"-4x+3 < x° —%x+2 =0 <
x

Il
DN — -bl\)lb—l

X
X

Phuong trinh hoanh d6 giao diém: 2x—2=x>-4x+3 < x> —6x+5=0 c{

Phuong trinh hoanh d¢ giao diém: 2x -2 = §+ l < 3x—3 =0=x=2
Dién tich ctia hinh phang (H ) :

S:jBH—(xz —4x+3)}dx+i[2x—2—(x2 ~4x+3) |dr

5

189

16

5 3 9
= —x2+2x—2 dx+I(—x2+6x—5)dx= X2 o
2 3 4

2

2

N | C—, —

! 3

+ (_x_ +3x% - SxJ
1 3
2

Dang S: Dién tich S giéi han béi cac duong:
- Db thi cia x = g(y), x=h(y), h(y) lién tyc trén doan [c,d].
- Hai duong thing x=c,x=d

S=Tlg(y)—h(y)|dy

Cau 125. Dién tich hinh phang gi6i han boi d6 thi hai ham sé y* -2y +x=0, x+y=0 1a
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A2 B.2 c.’ p. U
4 2 2 2
Huéng dan giai
Bién d6i vé& ham s theo biénsé y 1a x=—y" +2y, x=—y

Xét pt tung do6 giao diém (-)” +2y)—(—y): 0 coOnghiém y=0, y=3
3 3
A 9
Vay S=_”—y2 +3y‘dy='|.(—y2 +3y)dy=§
0 0

Céu 126. Dién tich hinh phang trong hinh v& sau 1a

Al B. U c.l . 12
3 3 3 3
Huwéng dan giai

.2 y=-1 2 ) 10
Taco y" =y+2 < , nén S=I(y+2—y )dy =—.
y=2 0 3
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UNG DUNG DIEN TiCH CO PO THI PAO HAM
Céu 1: Cho hamsd y = f(x)=ax’ +bx’ +cx+d (a,b,c,d € R,a #0) c6 dd thila (C). Biét ring o thi
(C) di qua gbc toa do va dd thi ham s y= f'(x) cho bodi hinh v& bén. Tinh gia trj

H=f#-/(2)?
A. H=145. B. H=64. C. H=51. D. H=58.

Huéng din gidi
Chon D. Theo baira y = f(x)=ax’ +bx’ +cx+d (a,b,c,d eR,a=0) dodé y=f'(x) la

ham bac hai c6 dang y = f'(x)=a'x’ +b'x+¢'.

=1 a=3
Dua vao do thitaco: {a'—b' +c' =4 & b'=0=y=f"(x)=3x"+1.
a+b'+c' =4 =1

Goi S 1a dién tich phan hinh phing giGi han béi cac duong y = f '(x) ,truc Ox, x=4, x=2

Ta co S=i(3x2+l)dX=58. Lai co: S:if'(x)dx:f(x)| =f(4)-1(2).

Do do: H = f(4)-f(2)=58.
Cau 2: Chohamsé y = f(x)=ax’ +bx* + ex+d(a,b,c,d € Rya = 0) c6 db thi (C). Biét ring db
thi (C) di qua gbc toa do va dd thi ham s6 y=f'(x) cho bsi hinh v& bén. Tinh

S(3)=7(0)2
>
A. 24. B. 28. C. 26. D. 21.
Huéng din gidi
Chon D
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Ta co f'(x)=23ax’ +2bx+c. Dya vao db thi ham s y = f"(x)ta thdy dd thi ham sb
yv=Ff '(x) 1a parabol c6 truc ddi ximg 1a truc tung nén b = 0.

P thi ham s6 y = f'(x) di qua 2 diém (1;5),(0;2) ta tim duoc: a = ;¢ = 2.

Suy ra: f'(x) =3 4+2= f(x) = x° +2x+C, db thi ham sb (C) di qua gbc toa do nén
C=0=f(x)=x"+2x=f(3 )—f(2)z21

Hoac: f'(x)=3x+2= f(3 ff )dx =21.

Cau 3: Chohamsé y = f(x)=ax’ +bx’ + cx+d(a,b,c,d € Rya =0) ¢6 dd thi (C). Biét rang do
thi (C) tiép xtc véi dudong thang y = —9 tai diém c6 hoanh d¢ duong va do thi ham sé
y=1f '(x ) cho boi hinh v& bén. Tim phan nguyén cia gia tri dién tich hinh phang gi¢i han
b6i d6 thi (C) va truc hoanh?

A. 2. B. 27. C. 29. D. 35.
Huéng din giai
Chon C.

Ta cod f'(x) =3ax” +2bx+c. Dya vao dd thi ham s6 y = f'(x) ta thay do thi ham sb

. 1
y:f'(x)di qua 3 diém (—1;0),(3,0) (l 4) ta tim duoc: a—g b=—1,c=-3.
1
Suy ra: f'(x)zx2 —2x-3 :>f<x) :§x3 —x*=3x+C.
Do (C) tiép xtic v6i duong thang y = —9 tai diém c6 hoanh d¢ dwong nén ta cé:

f'(x>:O<:>x:—l;x:3:>x:3.

. 1
Nhu vy (C) di qua diém (3;—9) ta tim duge C=0= f(x)= gx3 —x* —3x.

Xét phuong trinh trinh hoanh d¢ giao diém va tryc hoanh:

l)c3—)c2—3)c:0<:>x:0;x:w.
3 2
34345

%f —x? —Sx}dx: 29,25.
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Cau 4: Cho ham s6 y = f(x) = ax" 4+ bx” 4 ¢ (a>0) c6 4 thi (C), 6 thi ham s y =|/"(x)| nhu

3 =83
9

hinh v&. Biét dd thi ham s6 ¥ = f"(x) dat cyc tiéu tai diém [T . Db thj ham s8

¥ = f(x) tiép xiic véi truc hoanh tai hai diém. Tinh di¢n tich S ciia hinh phing gi6i han boi

db thi (C) va truc hoanh?
A
—7 1 >
7 8 14 16
A —. B. —. C. —. D. —.
15 15 15 15

Huéng din giai
Chon D. Tu dd thi ctia ham s y= ‘f'(x)‘ va a>0 ta dé dang c6 dugc dd thi ham sd

y:f'(x) nhu sau:

f'(x):4ax3 -+ 2bx . P4 thi ham sb y=f'(x) di qua (1;0)’[£;—89\/§

3 ] ta tim duoc

cz:l;b:—2:>f'(x):4x3—4x:>f(x):x4—2x2 +C.
Do (C) tiép xac v6i truc hoanh  nén

f'(x) =04 x=0;x==1. Do (C) ddi xtmg qua truc

tung nén (C) tiép xtc voi truc hoanh tai 2 diém
(,0),(—10).

Dodo: f(0)=1=C=1= f(x)=x"—2x"+1.

Xét phuong trinh hoanh do giao diém cua (C) véi truc

hoanh: x* —2x* +1=0¢ x = +1.

S:jl\x“—zxul)d :%.

CAu 5: Cho ham sb f (X) ¢4 dao ham lién tuc trén R va c6 dd thi ctia ham f '(x ) nhu hinh vé&. Biét
f(O) =35, tinh gid tri clia f(l) ?
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A. 0. B. 3. C. 8. D.11.

Huéng din gidi
Cich  1:  f'(x)=ax+b.  Theo  hinh v& ta  tm  duoc
f'(x) :—6x+6:>f(x):—3x2 +6x+c

Mia f(0)=5=c=5= f(x)=-3x"+6x+5= f(1)=8.

1

Cich 2: (1)~ £(0)= [ f'(x)x=Sp,, =3= f(1)=3+5=8.

0
CAiu 6: Cho hamsd y = f(x) c6 dao ham f'(X) lién tuc trén R va do thi ham sé y=f'(x) trén doan
[—2; 6] nhu hinh v&. Tim khang dinh dung.

|
6 X

A. r[I_lza;'s)ﬁy: f(—2). B. r[I_lza;'a)%y: f(2) C. I[I_lza;%y: f(6) D. mgxy:f(—]).

Huéng din gidi

Chon C.
Ta c6 bang bién thién:
x -2 -1 2 a
f‘{ ;-] + 0 - +
7o- 116}
73 / /
£ L af e

Tur bang bién thién suy ra r[I_lza(ﬁ y = max {f (-1); f (6)}
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Dién tich hinh phéng gi6i han béi d6 thi ham sé6 y=f" (x) tryc hoanh va hai duong thing
x=—1vax=21la SI:—If’(x)dx:—f(x)| f(-1)-r(2).
Dién tich hinh phang gi¢i han béi do thi ham s6 y=f" (x) truc hoanh va hai duong thang
x=2vax=61a S, jf )dx = f(x )| = 1(6)-1(2).

Tur hinh vé suy ra S, > S, :>f( )—f(2)>f(—1)—f(2)c>f(6)>f(—l).
CAu 7: Cho ham sb f (x) c6 dao ham f’ '(x) lién tuc trén R va do thi cua f '(x) trén doan [—2;6]
nhu hinh bén dudi. Khang dinh nao dudi day ding?

_______ 3

©:y =/

A. f(22)<f(-D)<f(2)<f(6). B._f(2)< f(=2)<f(-1)<f(6).
C. f(2)<f(2)<f(-1)<f(6). D. f(6)<f(2)<f(-2)<f(-).
Hwéng dan giai
Chon B. Duya vao dd thi cia ham f” (x) trén doan [—2; 6] ta suy ra bang bién thién cua ham
s6 f (x) trén doan [—2;6] nhu sau:

X -2 -1 2 6
f(%) 0 + 0 - 0 +
/=) /(6
f(x) f(—2)/ \f(z) /
f(=2)</(=1)
Dua vao bang bién thién ta c6 < f(2)< f(~1) nén A, D sai.
/(2)<(6)
y A
"""" ’ (©): =19
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Chi cin so sanh f(=2) va f(2) nita 1a xong.

Goi §,, S, la dién tich hinh phéng duoc t6 dam nhu trén hinh vé.

Taco: S, =J]f’(x)‘dx =Jif’(x)dx =f(-1)-£(-2).

2
Sz=j
-1

Duya vao dd thi ta thay S, <S, nén f(-1)-f(-2)< f(-1)-f(2) & f(-2)> f(2).

shae =] 7(3)as = (1)1 2)

Cau 8: Cho ham s6 y=f'(x) c6 dao ham f"(x) trén R va dd thi ciia ham s6 f”(X) cét truc hoanh tai
diém a,b,c,d (hinh sau).

Chon khang dinh dung trong cac khang dinh sau:
A f(a)>£(5)>1(c)> £ (d). B. £(a)>£(c)>/(d)> £ (b).
C. f(c)> f(a)>£(d)> 1 (b). b. /(c)> f(a)>£()> £(d).

Huéng din gidi
Chon D
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M Tur d6 thi ctia ham s f'(X) , ta c6 dau cua f'(X) va BBT nhu sau

X | —oo a b c d +00
Y + 0 - 0 + 0 - 0 +
/(a) /,C)
/() /(d)

 Duya vao bang bién thién, ta suy ra f(a) va f(c) cung 16n hon f(b) va f(d) 1)

S, <8, :>jf'(x)dx<jf'(x)dx:f(a)—f(b)<f(c)—f(b) = f(a)<f(c) @

S, <8, = if'(X)a’x< djf'(X)dXS fe)=1f(b)< f(ec)-f(d)=r(b)>rf(d) 3

Tir (1), (2) va 3) = f(¢)> f(a)> f(b)> f(d)
Céau 9: Cho ham s y= f(x). Him sé y= f”(x) ¢6 dd thi nhu hinh duéi day. Biét phuong trinh

f’(x)zO c()bénnghiémphénbiét a,0,b,cvéia<0<b<ec.
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Ménh dé nao duéi day dung?

A. f(b)> f(a)> f(c). B. f(¢)> f(b)> f(a).
C..r(b)> f(e)> f(a). D. f(c)> f(a)> f(b).
Huéng din gidi
Chgn C
+ Tir hinh v& ta thay: f’( )<0 khi xe(b'c); f’(x)>0 khi x > ¢ nén cod f(b)>f(c).
+ Ta lai ¢: f[ f'(x dx<ff f[—f/(x)]dx@f[—f/(x)]dx<]f’(x)dx

P <SR = 7 (0)+ 7 (@) < 1(e)~ £(0) = f(a) < ().
+Vayf< )> f(c )>f( ).
Cau 10: Cho ham s6 y = f(x) c6 dao ham va lién tuc trén R. Biét rang d6 thi ham s6 y=/f"(x) nhu
hinh 2 dudi day.

Tol 1 2 »
~|-1

-1
Lap ham sb g(x) = f()c)—x2 —x . Ménh dé nao sau day dung?
A g(-1)>g(1). B. g(-1)=g(1). C. g(1)=¢g(2). D. g(1)>g(2).

Huéng din gidi
Chon D. Xét ham sb h(x) = f'(x)—(2x+1). Khi d6 ham sb h(x) lién tuc trén cac doan
[-11], [12] va c6 g(x) 1a mot nguyén ham ctia ham s6 y =h(x).

=Y

x=-1
: S x=1
Do d6 dién tich hinh phang gidi han boi , la
y=f'(x)

y=2x+1

S = j —(2x+1)|dx = j[f —(2x+1)Jdv = g ()|, =g(1)-g(-1).

Vi S, >0 nén g(1)>g( 1).
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x=1

. x=2
Dién tich hinh phang gioi han boi . la
y=["(x)

y=2x+1

S, =j\f’(x)—(2x+1)\dx :j[(2x+l)—f'(x)]dx - —g(x)|12 =g(1)-2(2).

Vi §,>0 nén g(1)>g(2).

Cau 11: Cho ham s6 y = f(x). P thi cia ham sb y = f’(x) nhu hinh sau. Pat A(x) =2f(x)—x".
Ménh dé nao duéi day dung ?

A. h(4) = h(-2) > h(2) . B. h(4) = h(-2) < h(2).
C. h(2) > h(4) > h(-2). D. h(2) > h(=2) > h(4) .

Huéng din giai

Chon C. Tacé h'(x)=2f'(x)_2x=2[f’(x)—x}.Tavé duong thang y=2x.
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Hoac

h(2)—h(—2) = ]h‘(x)dx

= h(4)<h(2).
h(4)=h(=2)= [ 1) =2 [ () = xlx =2 [ [ ()= xlae +2 [ [ '(x) — xfax

=28, -28,>0= h(4)>h(-2).

Nhu vay ta co: h(—2) < h(4) < h(Z)

Céu 12: Cho ham s6 y = f(x). D0 thi cia ham s6 y = f'(x) nhu hinh v&. Dat g(x)=2/(x)+x’.
Ménh dé nao duéi day dung?

A. g(3)<g(-3)<g(1). B. g(1)<g(3)<g(-3).
C. g(1)<g(-3)<g(3). D. g(-3)<g(3)<g(1).
Huéng din giai

Chon B. Tacéd: g'(x)=2f"(x)+2x= 2[f'(x)+x] =-g'(x)= 2[—x—f'(x)]
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Ta v& duong thing y = —x.

:—]g'(x)dx:2}[—x—f'(x)]dx>02>g(—3)> g(1).
fg x)dx—2f[ x— f dx<O:>g(3)>g(l).
o(-3)-2(3) = [elxe=2 v r(x dx+2f = f(x)h = 25,25, > 0

= g(—3) > g(3).
Cau 13: Cho ham s6 y = f(x). D0 thi ctia ham s6 y = 1" (x)
nhu hinh bén. Pat g(x) =21 (x)+(x+1)*.
Ménh dé nao dudi day dang?
A. g(D)<g3)<g(-3).
B. g(1)<g(-3)<g(3).
C.g(3)=g(-3)<g®.
D. g(3)=g(-3)>g(@). ]
Hwéng dan giai

Taco: g'(x)=2f"(x)+2(x+1)=2[ f'(x)+(x+1)] = -g'(x)=2[-(x+1)= f'(x)]
Ta v& duong thing y = —(X—H).

g(—3)—g(1)=—'|.g (x)dx= 2_[[ (x+1)- (x)}dx>0:g(—3)>g(1).
J.g dx 2][ x+1 (x)]dx<0:>g(3)>g(1).
jg )dx = 2][ (x+1)= /" (x) K +2[ [~ (x+1)= /" (x) Hr =25, 25, >0
= g(-3)>g(3). Nhuvaytaco: g(1)<g(3)<g(-3). ChonA
Céu 14: Cho ham sb y=f(x) lién tuc trén R c6 d6 thi y=f'(x)
cho nhu hinh du6i day. Dat g(x)=2/(x)—(x+1)’.

Ménh dé nao duéi day dung.

A. fglgg(x) = g(l) .
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B. max g(x)=g(1).

[-33]

.Kh

(@}

ng tdn tai gia tri nho nhét cta g(x) trén doan [—3;3].
Huéng din gidi
Chon B. Taco g(x)=2f(x)—(x+l)2 =g'(x)=2f"(x)-(2x+2)=0<= f'(x)=x+1.
Quan sat trén dd thi ta c6 hoanh d6 giao diém cua
f'(x) va y=x+1 trén khoang (-3;3) 1a x=1.
Viy ta so sanh cac gia tri g(—3), g(l) , g(3)

Xét j;g’(x)dx:2:1[[f'(x)—(x+l)]dx>0
<g(1)-g(-3)>0=g(1)>g(-3).

Tuong tu xét j.g'(x)dx=2j.[f'(x)—(x+l)]dx<0

= g(3)—g(11)<0<:>g(3)1< g(1).

Xét ig'(x)dxz2i[f'(x)—(x+1)]dx+2j[f'(x)—(x+1)]dx>0

o g(3)-g(=3)> 0 g(3) > (=3). Viy taco g(1)>2(3)>g(-3).

Vay maxg(x) = g(l) .

[33]

Céu 15: Cho ham s§ y = f(x). Ham sb y= f"(x) c6 dd thi nhu hinh v& dudi day

Biét ré’mg dién tich hinh phéng gidi han boi truc Ox va dd thi ham s y=f ’(x) trén doan
[-2:1] va [1;4] 1an lugt bang 9 va 12. Cho f(1)=3. Gi4 trj biéu thuc f(-2)+ f(4) béng

A. 21 B. 9. C.3. D.2.
Huéng din gidi

Chon C. Theo gia thiét ta co j”f'(x)‘dx=9 va :hf'(x)‘dx:12.
-2 1

1

Dya vao do6 thi ta co: If'(x)‘dx:—jf'(X)dx=—f(x)‘12=—f(—1)+f(_2)

=-f(1)+f(-2)=9. Tuong tufa co —f(4)+/(1)=12.
Nhuvay [-f(1)+f(=2)]-[-/(4)+f()]=-3 < F(-2)+f(4)-2/(1)=-3

\ Y

S f(2)+/(4)-6=-3 < f(-2)+ f(4)=3. +

:a/:>\0 et
[
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Céu 16: Cho ham s6 y = f(x) ¢6 dd thi ham s y = f'(x) nhu
hinh bén. Biét f(a)>0.Phuong trinh f(x)=0 c6 nhiéu nhat

bao nhiéu nghiém?
A. 2 nghiém. B. 1 nghiém.

C. 4 nghiém. D. 3 nghiém.

Hudéng dan giai
Chon A. Tird6 thi ciaham s y = f '(x) ta c6 bang bién thién nhu sau:

X | —oo a b c +00
- 0 + 0 - 0 +

f(b)
' f(a>\‘ e JF’ -

f(c)—f(a):ff'(x)dxz]f’(x)dx+jf'(x)dx<0:>f(c)<f(a)

Do f(a)>0 nén

f(¢)>0:PT f(x)=0 vb nghiém.
f(c)=0:PT f(x)=0 c6 1 nghiém.
f(c)<0:PT f(x)=0 c6 2 nghiém.

Cau 17: Cho ham sd f(x) c6 dao ham trén R, dd thi ham sb y= /'(x) nhu trong hinh vé
bén.

Hoi phuong trinh f(x)=0 c6 tat ca bao nhiéu nghi¢m biét f(a)>0?
A. 3. B. 2. C. 1 D.o.
‘ _ Huoéng dan giai ’
Chon D. Tur d6 thi cia ham so y = f'(x) ta c6 bang bién thién nhu sau:

X — a

b
- 0 + 0 -

1PN /“b\./
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ff f X)dx—I—ff x)dx>0:>f( )>f( )>0= PT
f () 0 vo nghlem

CAu 18: Cho ham sb y = f(x) c6 dao ham f'(x) lién tyc trén R va dd thi ciia ham s6
/"(x)nhu hinh v&. S ndo 16n nhat trong cac s6 sau £(0); £ (1); £(3);.f(4)?

A. £(0). B. /(1). c. 1(3). D. /(4).

\ Y y= fix)

Huéng din gidi

X 0 1 3 4

y + 0 - 0 +

70 i
' f(O)/ \m> 7

f<4>—f(1):ff'(x>dx:]f'(x)dx+]f'(x)dx<O:>f<4)<f(1). Chon B

1

Céu 19: Cho ham s y = f(x) c6 dao ham f'(x) lién tuc trén R va d6 thi cia ham s6 /'(x) nhu
hinh vé.
LE ]

SN,
\/

Khiang dinh nao sau ddy dung? /
A. fa)> £(b) va £(c)> f(a). g. /(2)>1(b) , e)</(a)
c. fla)<f(b) va f(c)> f(a). p. /(@) <f(b) y fle)<fla)

Hudéng din gidi

fla)=1(b)= [ £(xkix >0 f(a)> £ (b).
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fle)=rla)= [ f'(xpx <0 f(c)< f(a).
“ Chon B
Céu 20: Cho ham sé y = f(x) c6 dao ham f'(x) lién tuc trén R va do thi caa ham s f’(x) nhu
hinh vé.

f"\b} I
Khang dinh nao sau day dung? ©e c
A F(0)> f(c) va f(c)> f(a). g, /(2)>1(e) y; S(e)<f(a).
C. f(b)< f(c) va f(c)> f(a). p. [(0)<S(e) y S(e)<S(a)

Huéng din gidi

f(b)—f(c):]f'(x)dx>0<:>f(b)>f(c).

fle)=r(a)= [ f'(xpx>0 f(c)> f(a).
a Chon A
Cau 21: Cho cac sb thuc @, b ¢ d thopaman 0<a<b<c<d vi ham sd y=f(x). Biét ham sb
y=f ’(x) c6 dd thi nhu hinh v&. Goi M va ™ lan luot 1a gia tri 1on nhét va nho nhét cua
hamsd y=f (x) trén [0; d ] . Khang dinh nao sau ddy 1a khang dinh dang?
y

a\b c/d X

N\

A.M+m=f(0)+f(c). B.M+m=f(d)+f(c).

C.M+m=f(b)+f(a). D.M+m=f(0)+f(a).

Huéng din gidi
Ta c6 bang bién thién:

x |0 a b c d
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y

0 + 0 0 +
, f(O)\f( ) /f(b)\}( ) /f(d)

So sanh f(a);f(c)

f(e)=f(a)= ff' x)dx_ff x)dx+ff (xMx <0= f(c)< fa)=m= f(c).
Sosanhf( )f(b) ( )

]f x)dx—ff x)dx+ff x)dx<0:>f( )<f()

]f x)dx_ff x)dx+ff (x)dx < 0= f(d)< f(b).

= f(d)< f(b)< f(0)=M = f(0). ChonA

Cau 22: Cho ham sb y= f(x) x4c dinh va lién tuc trén doan [— 1; 2] , ¢4 d6 thi ctia ham s
y= f'(x) nhu hinh vé sau.

Ménh dé nao sau day dung ?

A. ma[xf](x):f(—l). B. r[nIdg](f( x)= f(2).
C. max f(x) = /(1). D. max f (x) = f[%]
Huéng din giai
* —1 a 1 i 2
2
y
= Ny
Y 3 /
/(a) [5]
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f(l)—f(—l):Jf'(x)dxz]‘f'(x)dx—i—jlﬂf'(x)dx>0:>f(l)>f(—l).

£@2)- 1)~ [ £ s

| f'(X)dX+ff'(x)dx>0:>f(2)>f(1). Chon B

Cau 23: Cho ham s6 y = f'(x) xdc dinh va lién tyc trén R, c6 dd thi cia ham s6 y = f'(x) nhu hinh

v€ sau.

A. g(—l <g(1)<g(2). B.g(2)<g(1)<g(—1).
g

—1)<g(1). D. g(1)<g(—1)<g(2).
Hudéng din giai
Ta co g'(x) = f'(x)—l. Ta vé& thém dudng thang y = 1.

1

Ta co: g(l)—g(—l)zjg'(x)dx:f[f'(x)—l]dx<0:>g(1)<g(—l).

-1

g(2)—g(l): jg‘(x)dxz][f’(x)—l]dx<0:>g(2)< g(l). Chon B

BAI TOAN THU'C TE SU DUNG DIEN TiCH HINH PHANG

Cau 24: Nguoi ta tr6ng hoa vao phén’ dat duogc t6 mau den Pugc gidi han bdi canh 4B ,CD duong
trung binh MN cta manh dat hinh chit nhat ABCD va mdt dudong cong hinh sin (nhu hinh
v&). Biét AB =27 (m), AD =2(m). Tinh dién tich phan con lai.
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A

M / N
NS

B

C
A 4r-1. B. 4(z-1). C. 4r-2. D. 47 -3.
Huéng din giai
Chon B. Chon h¢ toa d0 Oxy (nhu hinh bén). Khi do
A Y B
M 0 N >
D C
Dién tich hinh chirnhatla S, =47 .

Dién tich phan dit duoc t6 mau den la S, = ZJ. sinxdx =4.
0

Tinh dién tich phan con lai: S=S, -8, =474 = 4(z-1).

Cau 25: Mot vién gach hoa hinh vuéng canh 40 cm dugc thiét ké nhu hinh bén dudi. Dién tich mdi
canh hoa (phan t6 dam) bang

1
y N _
Y= 00"

2

A. 300 cm?.
3

E._T cm”. C. 250 cm”’. D. 800 cm®.

Huéng din gidi
Chon B. Dién tich mdt canh hoa la dién tich hinh phang dugc tinh theo cong thirc sau:
20 20
1 2 1 400
S = [| +20x ——xzjdx - (—.\/20.\/5——)8) =20 (em?).
! ( 20 3 60 o 3 ( )
Cau 26: Céng truong Pai hoc Bach Khoa Ha Ni ¢6 hinh dang Parabol, chiéu rong 8m, chiéu cao
12,5m . Dién tich cua céng la:

A. 100(m’). B. 200(m?). C. %(nﬁ). Q._iﬁ(mz).
Huéng din giai

Chon D

Cach 1:
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Xét hé truc toa dd nhu hinh vé ma truc ddi xtng cua Parabol trung véi truc tung, truc hoanh
trung voi duong tiep dat cua cong.

Khi d6 Parabol c6 phuong trinh dang y = ax” +c.

Vi (P) di qua dinh 7(0;12,5) néntacd c=12,5.

(P) cit truc hoanh tai hai diém A(—4;0) va B(4;O) néntacd 0=16a+c = a =%= —i—;
, 25 ,
Do dé (P):y=-"=x"+12,5.
32
4
, 25

Dién tich cta cong la: S'= I(——xz +12,5jdx = @(mz).

s\ 32 3

Cach 2:

Ta c6 parabol da cho c6 chiéu cao 1a 5 =12,5m va ban kinh ddy OD = OF = 4m.
Do d6 dién tich parabol da cho 1a: S = %rh = %(m2 ) :

Céu 27: Mot hoa van trang tri dugc tao ra tir mot miéng bia mong hinh vudéng canh bang 10 cm bang
cach khoét di bon phan bang nhau c6 hinh dang parabol nhu hinh bén. Biét 4B =5cm,
OH =4 cm. Tinh dién tich bé mat hoa vin do.
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A. @cmz. E._wcmz. C. &cmz. D. 50 cm®.
3 3 3
Huwdéng dan giai

Chon B

\ 1A X X \ 16 , 16
Dua parabol vao h¢ truc Oxy ta tim dugc phuong trinh 1a (P) y=——Xx +—X

25 5

Dién tich hinh phang gidi han boi (P):y= —%xz +%x , truc hoanh va cac duong thing

5

x=0,x=51a S=J.[—Ex2+mxjdx:ﬂ.
o\ 25 5 3

2 A Ao s 160 2

Tong dién tich phan bi khoét di: S, =45 = = cm”.

Dién tich cua hinh vuéng 1a S,, =100 cm’.

Vay dién tich bé mat hoa vanla S, =S, —S, =100 —% = ? cm®.

Cau 28: Mot cong chao c6 dang hinh Parabol chiéu cao 18 m, chiéu rong chan dé 12 m . Nguoi ta cing
hai soi ddy trang tri 4B, CD ndm ngang dong thoi chia hinh gidi han boi Parabol va mit dat

thanh ba phan c6 dién tich bang nhau (xem hinh v& bén). Ti sb é—g bang

181

IZm
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1 4 1 3
A ——. B. 2. C. —. D. .
V2 5 =-3n 1+22

Huéng din gidi
Chon C. Chon hé tryc toa do Oxy nhu hinh vé.

A

0

A\ 4

; 18
[\
Phuong trinh Parabol ¢6 dang y = a.x* (P).
(P) di qua diém c6 toa do (—6;-18) suyra: —18 = a.(—6)2 Sa= —% =(P):y= —%xz.
AB
Tu hinh vé ta c6: —— = A .
CD x,

Dién tich hinh phang gi¢i ban boi Parabol va duong thing AB:y = —%xf la

Tt 1 X 1
S, = 2][—1362 —(—leﬂdx = 2(——.x—+—x12xj
oL 2 2 23 2 .

Dién tich hinh phang giéi han boi Parabol va duong thang CD y = —%xzz la

r 12 1, )
S, =2‘[{—lx2 —(—lxzzﬂdx ZZ(——.X—Jr—xzsz
oL 2 2 23 2 .

Tur gia thiét suy ra S, =28, < x; =2x] @j—;=% Vay %=;€—;=%.
Céu 29: Bac Nam 1am mét cai cira nha hinh parabol c6 chiéu cao tir mat dat dén dinh 1a 2,25 mét, chiéu
rong tiép giap voi mat dat 1a 3 mét. Gia thué mdi mét vudng 1a 1500000 ddng. Vay sb tién
bac Nam phai tra la: i i i
A. 33750000 dong. B. 3750000 dong.  C. 12750000 dong.  D. 6750000 dong.
Hudéng dan giai
Chon D. Goi phuong trinh parabol (P) .y =ax’ +bx+c. Do tinh d6i xting cua parabol nén

ta c6 thé chon hé truc toa o Oxy sao cho (P) ¢6 dinh 7 € Oy (nhu hinh v&).
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Ta c6 hé phuong trinh:

3 3
2 9 2 3
Dién tich ctra parabol 1a: S = J‘(—xz +—jdx :2'[(_)(2 +2de :2[ d +2xj
3 4 0 4 3 4
2

S tién phai tra la: %.1500000 = 6750000 dong.

Cau 30: Ba Ti mudn lam ctra sat dwoc thiét ké nhu hinh bén. Vom cdng c6 hinh dang 14 mot parabol.
Gia Im’ ctra sat 1a 660.000 dong. Cira sit c6 gia (nghin dong) la:

A. 6500. B. %.103. T gooam oD T
C. 5600. D. 6050. H - 2%
o o )
- i T
& JfE - =
.‘:' ———— s s s r: T‘ e 5
"- "; : — —' — ;—-‘* =_ i-, )
5 1 —

Huéng din gidi
Chon D

Tir hinh v& ta chia cira rao sat thanh 2 phan nhu sau:
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Khidoé §=8,+S5,=5,+51,5=S5+7,5
Dé tinh S, ta van dung kién thuc dién tich hinh phéng cua tich phan.
Gan hé truc Oxy trong d6 O tring véi trung diém 4B, OB < Ox,0C Oy,

Theo d€ bai ta ¢6 dudng cong c6 dang hinh Parabol. Gia st (P): y = ax’ +bx+c

5
A(_E;O)E(P) Ea—éb+c=0 2
4 2 a=-—
5 25 5 25 2 1
Khi do: B(—;OJG(P) S9—a+=b+c=0<b=0 :>(P):y=——x2+—
2 42 | 257 2
1 _1 c==
C(O,E)G(P) C—2 2
2002 1 10 55
DiéntichS2=ZJ(——x2+—de=—(m2):>S=—(mz).
25T 2 6 6

Vay gia tién cira sat la: % X 660.000 = 6.050.000 (dong).

Cau 31: Trong dot hoi trai “Khi t61 18” dugc td chirc tai truong THPT X, Poan truong c6 thuc hién
mot dy an anh trung bay trén mot pano cé dang parabol nhu hinh v&. Biét ring Poan truong
s€ yéu cau cac 16p gtri hinh dy thi va dan 1én khu vuc hinh chit nhat 4ABCD , phén con lai s€
dugc trang tri hoa van cho phtt hgp. Chi phi dén hoa van 1a 200.000 ddng cho mot m* bang.
Hoi chi phi thip nhét cho viéc hoan tit hoa vin trén pano s& 1 bao nhiéu (Iam tron dén hang

nghin)?
A B
4m
D C.
4m
A. 900.000 dong. B. 1.232.000 dong. ~ C..902.000 dong. D. 1.230.000 dong.
Huwdng dan giai
Chgn C
bit hé truc toa do nhu hinh v&, khi d6 phuong trinh duong parabol ¢6 dang: y = ax®> +b.
Yy
A B
4m
pl 1o ]c .
-2 4im 2

Parabol cét truc tung tai diém (O; 4) va cit truc hoanh tai (2; 0) nén:
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a2’ +b=0 b=4
Dién tich hinh phang gi¢i han béi dudng parabol va truc hoanh 13

2
S, :j(_x2+4)dx:[_x?3+4xj :%. Goi C(1;0) :B(t;4—t2) v6i 0<1<2.
) 2

b=4 a=-1
< . Do d6, phuong trinh parabol 1a y = —x* + 4.

Tacd CD =2t vd BC=4-1.
Dién tich hinh chit nhit ABCD la S, =CD.BC =2t(4—1)=-21'+8t.
Dién tich phan trang tri hoa van 1a § =5, - S, = %—(—213 +8t) =2 -8t +% .

Xét ham s f(z):2t3—8t+% voi 0<t<2.

2
t=—7=¢€(0;2
, ! 2 \/5 ( )
Taco f'(t)=61-8=0 < :
(=g (0;2)
NE)
. 5 . . -32
Tur bang bien thién suy ra dién tich phan trang tri nho nhat la bang #mz , khi d6 chi

96-1324/3
9

phi thap nhat cho viéc hoan tat hoa van trén pano sé la 200000 ~ 902000 dong.

Cau 32: Bac Ném lam mot cai cfra’ nha hinh parabol c6 cpiéu cao tir mat dat dén diqh la 2,25 rrrlét,‘chiéu
rong tiép giap voi mat dat 1a 3 mét. Gia thué moi mét vudng la 1500000 dong. Vay so tién bac
Nam phai tra la: i ‘ ‘
A. 33750000 dong. B. 12750000 dong.  C. 6750000 dong. D. 3750000 dong.
Huéng din giai
Chgn C

* Gin parabol (P) va hé truc toa do sao cho (P) di qua 0(0;0)

y B

* Goi phuong trinh cta parbol 1a (P): (P) cy=ax’ +bx+c

Theo dé ra, (P) di qua ba diém 0(0;0), 4(3;0), B(1,5;2,25).

Tu o, suy ra (P) D y=—x"+3x N
0 4

3
* Dién tich phan Bac Nam xdy dyng: S = _H—xz + 3x‘ dx =%
0

* Viy s6 tién bac Nam phai tra 1a: %.1500000 = 6750000 (dong)

Céu 33: Trén canh dong c6 c6 2 con bo duge cdt vao 2 cay coc khac nhau. Biét khoang cach giita 2 coc
12 4 mét con 2 soi day cot 2 con bo dai 3 mét va 2 mét. Tinh phan dién tich mat c6 16n nhat
ma 2 con bo ¢6 thé an chung (lay gia tri gan ding nht).

A. 1,034 m? B. 1,574 m? C..1,989m? D. 2,824m?

Hwéng dan giai

Chon C.
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Dién tich mat cé an chung s& 16n nhét khi 2 soi ddy dugc kéo cing va 1a phan giao cua 2
duong tron.

Xét hé truc toa do nhu hinh v€, goi O, M 1a vi tri cua coc. Bai toan dua vé tim dién tich phén
duoc t6 mau.

Ta c6 phuong trinh dudong tron tam (0):x2+y2 =3 va phuong trinh dudng tron tam

(M):()c—4)2+y2 =2’

Phuong trinh céc duong cong cua dudng tron nim phia trén truc Ox la: y=~+9-x" va
y= 4—(x—4)2

s 21
Phuong trinh hoanh do giao diém: /4 —(x—4) =v/9—x? < 4+8x-16=9 < x = —
g b g VA-(x-4) ]

21
8 3
Dién tich phﬁn duogc t6 mau la: §=2 J‘1I4—(x—4)2dx+]‘\/9—x2dx ~1,989. Ta c6 thé
2 pi}
8
giai tich phan nay bang phép thé luong gidc, tuy nhién dé tiét kiém thoi gian nén bam may.

5
2 2 y:—g\/64—y2 (El)

Vay phuong trinh cua elip la SIS AR TN

64 25 5
y=a64-r* (E)

Khi d6 dién tich dai vuon dugc gidi han boi cac duong (E,); (B, ); x=—4 x=4

4 4
Dién tich ctia dai vuon 1 S = 2j 2\/64—x2dx :EI\/64—x2dx
-4 0

2

. L 3
Tinh tich phan nay bang phép do6i bién x = 8sin¢, ta duge S = 80(% +§j

V3

Khi d6 sb tién a7 = 80(% +Tj‘ 100000 = 7652891,82 = 7.653.000 .
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Cau 34: Mot manh vuon hinh tron tim O ban kinh 6m . Nguoi ta can trong cdy trén dai dat rong 6m

nhan O lam tam dbi xtng, biét kinh phi trong cdy 1a 70000 ddng/m>. Hoi can bao nhiéu
tién dé trong cdy trén dai dat do (sd tién dugc 1am tron dén hang don vi)

/_\

6m

A

A. 8412322 dong. B. 8142232 ddng.  C. 4821232 dong.  D. 4821322 dong.
Hudéng dan giai

Chon D.

Xét hé truc toa do oxy dat vao tdm khu vuon, khi d6 phuong trinh duong tron tam O 1a
x’+y?>=36. Khi d6 phan nira cung tron phia trén truc Ox c6 phuong trinh

y=v36—x* = f(x)

Khi d6 dién tich S cia manh dat bang 2 lan dién tich hinh phéng gii han boi truc hoanh, d6

3
thi y= f(x) va hai duong thing x=-3; x=3 = § =2[36-x" dx
-3

o . e A w T
Pat x = 6sint = dx = 6 costdt . Po1 can: x=—3:>t=—g; x=3:>t=g

N
]
Nk

6 6
:>S=2j 36c0s’tdt =36 [ (cos2t+1)dt =18(sin2t+21)] =183 +127

6 6 T
6

Do d6 sb tién can ding 1a 70000.S ~ 4821322 dong

Cau 35: Ong An c6 mot manh vuon hinh elip c6 d6 dai truc 16mn bﬁng 16m va do dai truc bé bénglOm

. Ong mudn tréng hoa trén mot dai dat rong 8m va nhan truc bé ciia elip 1am truc d6i ximg
(nhu hinh v&). Biét kinh phi dé trong hoa 1a 100.000 dong/1m*. Hoi 6ng An can bao nhiéu
tién dé trong hoa trén dai dat d6? (Sé tién dugc lam tron dén hang nghin).

A. 7.862.000 dong. B..7.653.000 dong.  C. 7.128.000 dong.  D. 7.826.000 ddong.

Hudéng dan giai
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2 2
Chon B. Gia st elip c6 phuong trinh —2+b—2 =1,véia>b>0.
a

Tir gia thiét tacod 2a=16=>a=8 va 2b=10=>b=5

Cau 36: Mot ngudi c6 manh dat hinh tron c6 ban kinh 5m, ngudi nay tinh trong cdy trén manh dét do,
biét mbi mét vudng trong ciy thu hoach dugc gia 100 nghin. Tuy nhién can c6 khoang tréng
dé dung chdi va do dung nén ngudi ndy cing soi ddy 6m sao cho 2 ddu mut diy nam trén
dudng tron xung quanh manh dat. Hoi ngudi nay thu hoach dugc bao nhiéu tién (tinh theo
don vi nghin va bo phan s thap phan).

AL 3722. B. 7445. C. 7446 . D. 3723

Huéng din giai
bit hé truc toa d6 4349582 nhu hinh vé.
Phuong trinh dudng tron cia miéng dat s& la
x+y* =25

Dién tich can tinh s& bﬁng 2 lan dién tich phén to
dam phia trén.
Phan t6 dam dugc giéi han boéi duong cong cd

phuong trinh 1a y =25 —x% ,truc Ox;x=-5;x=4
(trong do gid tri 4 c6 dugc dua vao ban kinh bang 5
va d0 dai day cung bang 6)

4
Vay dién tich cén tinh la § =2 [ V25— x’dx ~ 74,45228... Chon B
-5

Cau 37: Trong Cong vién Toan hoc c6 nhitng manh d4t mang hinh dang khac nhau. M&i manh dugc
trong mét loai hoa va n6 dugce tao thanh béi mét trong nhirng duong cong dep trong toan hoc.
O d6 c6 mot manh dat mang tén Bernoulli, né dugc tao thanh tir dudong Lemmiscate ¢c6 phuong
trinh trong hé toa do Oxy 1a 16y” = x° (25 - xz) nhu hinh v€ bén.

)\y

=V

Tinh dién tich S ciia manh dat Bernoulli biét raing mdi don vi trong hé toa 6 Oxy twong tmng
v6i chiéu dai 1 mét.

125 125 250 125
A.SZT(WZZ) B.SZT (mz) C'S:T (mz) D.SZT (mz)

Huéng din gidi
Chon D.

Vi tinh d6i xtmg tru nén dién tich ctia manh dat twong tng vai 4 1an dién tich cia manh dét
thudc goc phan tu thir nhat cua hé truc toa do Oxy .

H 345



Tuyén chon va gi6i thiéu: Nguyén Quéc Hoan 0913 661 886

Tir gia thuyét bai toan, ta c6 y = i%x\/S —x7.

Goc phan tu thir nhat y =%x\/25 —x’;xe [0;5]

X 1t e 125 125
Nén S(I)ZZIX 25—x2dx=3:>S=T(m3)
0

Cau 38: Mot manh vuon hinh tron tim O ban kinh 6m . Nguoi ta can trong cdy trén dai dat rong 6m
nhan O lam tam ddi xtmg, biét kinh phi trong ciy 1a 70000 ddng/m> Hoi can bao nhiéu tién
dé trong cay trén dai dat do6 (s tién dugc lam tron dén hang don vi) i
A. 8412322 dong. B. 8142232 dong. C. 4821232 dong. D. 4821322 dong

Hudéng dan giai

Xét hé truc toa do oxy dat vao tdm khu vuon, khi d6 phuong trinh duong tron tam O 1a
x’+y?>=36. Khi d6 phan nira cung tron phia trén truc Ox c6 phuong trinh

y=v36-x" = f(x)

Khi d6 dién tich S cia manh dat bang 2 1an dién tich hinh phang gidi han boi truc hoanh, d6

3
thi y= f(x) va hai dudng thing x=-3; x=3 =5 =2[ V36— x’dx
-3

< . Re A T T
Pat x = 6sint = dx = 6 costdt . Po1 can: x=—3:>t=—g; x=3:>t=g

T T

NE]

=85=2 j. 36cos’tdt =36 j. (cos2t+1)dt =18(sin2t+2 t)| =183 +127
6 6 ;
Do d6 s6 tién can ding 1a 70000.S ~ 4821322 dong
Céu 39: Vom cira 16n cia mot trung tdm vin hoa c6 dang hinh Parabol. Nguoi ta du dinh lip cira kinh

cuong luc cho vom cira nay. Hay tinh di¢n tich mat kinh can lap vao biét rang vom ctra cao
8m va rong 8m (nhw hinh vé)

A. %(mz) B. ?(mz) C. %(mz) p. Bl

Huwéng din giai:

Chon C. Céc phuong 4n nhiéu:

H 346



Tuyén chon va gi6i thiéu: Nguyén Quéc Hoan 0913 661 886

—lx2+8dx=§ (m*)
2 3
1, 26
——x" +8ldx="— (m?
2x x 3 (m°))
R 1 131
D. HS nham a = —%,b=8,c= ——X2+8XdXZT (m*)

Céu 40: Mot khuon vién dang ntra hinh tron ¢6 duong kinh bang 45 (m). Trén d6 ngudi thiét ké hai

Cau 41:

phan dé trong hoa c6 dang ctia mot canh hoa hinh parabol ¢6 dinh tring véi tAm nira hinh tron
va hai ddu mut cta canh hoa nam trén nira duong tron (phan t6 mau), cach nhau mot khoang
bang 4(m), phan con lai ciia khudn vién (phan khong t6 mau) danh dé tréng co Nhat Ban. Biét
céc kich thudc cho nhu hinh vé va kinh phi dé trong c6 Nhat Ban 1a 100.000 dong/m?. Hoi
can bao nhiéu tién dé trong c6 Nhat Ban trén phan dat d6? (S6 tién duge lam tron dén hang
nghin)

A. 3.895.000 (ddng).  B. 1.948.000 (dong). C. 2.388.000 (d6ng). D.1.194.000 (dong).
Hudéng din gidi:

Chon B. bDidt hé truc toa d0 nhu hinh ve& Khi d6 phuong trinh ntta dudong tron la

y=AR—x* = (2\/7) —x \/7

Phuong trinh parabol (P) c¢6 dinh 12 gbc O s&co
dang y =ax’. Mit khac (P) qua diém M(2;4)
do dé: 4=a(-2)" =a=1.

Phan dién tich ctia hinh phang giéi han boi (P ) va nira dudng tron.( phan t6 mau)

2
Ta c6 cong thic S, = I(\/ZO—xZ —xz)dx; 11,94m* .
-2

1

trongco E Shinhtron

Vay phan dién tich trong co 1a S - S, ~19,47592654

Véy so tién canco 1 S,,,,., x 100000 ~1.948.000 (dong).dong.

Mbt san choi cho tré em hinh chit nhat c6 chiéu dai 100 va chiéu rong 1a 60m ngudi ta lam
mot con dudng nam trong san (nhu hinh v&). Biét rang vién ngoai va vién trong ciia con dudng
1a hai duong elip, Elip ciia duong vién ngoai ¢6 truc 1on va truc bé 1an lugt song song voi cac
canh hinh chit nhat va chiéu rong ctia mit dudng 13 2m . Kinh phi cho mdi »’ lam dudng
600.000 dong. Tinh tong s6 tién lam con duong d6. (SO tién duoc 1am tron dén hang nghin).
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100m

T2m

60m

A. 293904000. B. 283904000. C. 293804000. D. 283604000.
Huwéng din giai:
ChonA.

Xét hé truc toa do Oxy dat gbc toa dd O vao tam cua hinh Elip.

Phuong trinh Elip ctia duong vién ngoai cia con dudng la (El) W % =1. Phan d6 thi
cua (E ) nam phia trén truc hoanh c6 phuong trinh y =30 1— =1, ( )

. x2 y2
Phuong trinh Elip cua dudong vién trong cuia con duong la (Ez): T 282 =1. Phan db thi

2
cua (Ez) nam phia trén truc hoanh c6 phuong trinh y =28 1_4x_82 =1, (x) .

Goi S, 1a dién tich cua (El) va bang hai lan dién tich phan hinh phang gi¢i han béi truc hoanh
va dd thi ham s6 ¥ = f;(x). Goi S, 1a dién tich cta (E,) va bing hai 1an dién tich phan hinh
phang gidi han boi truc hoanh va db thi ham sé y=f, (X) .

50 2 48 2
Goi § 1a dién tich con dutng. Khidd §=5,-5, =2 [ 30,[1-Z—dx—2 [ 28,/1-=dx.
4 50 4 48
a 2
Tinh tich phan 7 =2 [ 1—%dx,(a,be]R*).
bat x=asint,(—%£t£%j:>dxzacostdt.

Xe A VA T
boi can x=—a:>t=—3;x=a:>t=5.

(1+cos2¢)ds

— N

5 7
Khi d6 I:2I b\/I—sinzt.acostdt=2abI cos’tdt =ab

N

2
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:ab(t+s1n2tj
2

Viy tong sb tién lam con dudng d6 13 600000.S = 600000.1567 ~ 294053000 (ddng).

z
2

= abr . Dodé S=8 -5, =50307 48287 =1567.

s

Cau 42: Trong mat phéng toa dd, cho hinh chir nhat (H ) c6 mdt canh ndm trén truc hoanh, va c6 hai
dinh trén mot duong chéo la A(—l; 0) va B (a; \/;) , Vi g > 0. Biét rang d6 thi ham s6 y = Jx
chia hinh (H ) thanh hai phan c6 dién tich bang nhau, tim a.

A.a=9. B.a=4. C.azé. D.a=3.

Huwéng din giai:

Chon D.
Goi ACBD Ia hinh chi nhat v6i AC ném trén truc Ox, A(~10) va B(a:va)

Nhan théy dd thi ham sb y= \/; cit truc hoanh tai diém c6 hoanh do bﬁng 0 va di qua
B (a;\/g ) . Do d6 no chia hinh cht nhat ACBD ra lam 2 phﬁn 14 c6 dién tich lan luot 1a S,

S,. Goi S, la dién tich hinh phang gidi han boi cac dudng y = Jx vatrue Ox, x= O,x=a
va S, 1a dién tich ph?ln con lai. Ta lan luot tinh S..S,.

Tinh dién tich S, = [ v/xdx.
0

Pitt=vx = =x=2dt=dx;Khi x=0=¢t=0;x=a=t=+a.

2a\/5

3

\/g 2t3 \/;
Dodo S, = [ 2¢°dt = (Tj
0

0

Hinh chit nhit ACBD ¢6 AC=a+1;AD =+a

nén S, =5, -5, =\/E(a+1)—2“3\/; =%a\/2+\/;

Do do thi ham s& y=+/x chia hinh (H) thanh hai phan c6 dién tich bing nhau nén

S1=Sz<:>#=§a a+a < aa=3Ja = a=3(Do a>0)
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Cau 43: San truong cd mot bdn hoa hinh tron tim O . M6t nhém hoc sinh 16p 12 dugc giao thiét ké bon
hoa, nhém nay dinh chia bon hoa thanh bon phan, boi hai duong parabol ¢ cing dinh O va
d6i xtig nhau qua O . Hai dudng parabol nay cat duong tron tai bén diém 4, B, C, D tao
thanh mot hinh vudng c6 canh bang 4m (nhu hinh v&). Phan dién tich S,, S, dung dé trong
hoa, phan dién tich S,, S, dung dé trong cé (Dién tich 1am tron dén chit sb thap phan thi hai).
Biét kinh phi tréng hoa 1a 150.000 déng /1m?, kinh phi dé trf)ng c6 12 100.000 dong/1m?. Hoi
nha trudng can bao nhiéu tién dé trong bon hoa d6? (S6 tién 1am tron dén hang chuyc nghin)
A. 6.060.000 dong. B. 5.790.000 dong.  C. 3.270.000 dong.  D. 3.000.000 dong.

Huwéng din giai:
Chon C. Chon h¢ tryc toa d¢ nhu hinh vé

Parabol ¢6 ham sb dang y = ax” + bx +c c6 dinh 1a gdc toa d va di qua diém B(2;2) nén co

phuong trinh y = %xz

DPuong tron bon hoa c¢é tam 1a gbe toa dd va ban kinh OB = 2+/2 nén c¢6 phuong trinh 1a
x?+y?=8. Do ta chi xét nhanh trén ctia duong tron nén ta chon ham s nhanh trén 1a

8— )C2 . A
Y
2 A B
; 1
Vay dién tich phan S, = j(\/8—x2 —Eszdx 51
)
Do do, dién tich tréng hoa s€ la /0 o

2
S1+S2=2J'(\/8—x2 —%xzjdxz15,233... D =
-2

Vay tong sO tién dé trong bon hoa la:
2 \
15,233%150.000 +(7Z'(2\/§) —15, 233) %100.000 ~ 3.274.924 dong.

Lam tron dén hang chyc nghin nén ta c6 két qua 1a 3.270.000 dong.
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UNG DUNG TiCH PHAN TiNH THE TiCH GIOT HAN BOI CAC PUONG

1. Thé tich vat thé: 7 ﬂ

Goi B la phan vét thé gidi han bdi hai mat phang vudng goc véi truc Ox tai cac di€m a va b; S(x)
1a dién tich thiét dién cua vat thé bi cit boi mat phéng vuong goc voi truc Ox tai diém x, (a<x<b).
Gia sit S(x) 1a ham s6 lién tuc trén doan [a;b].

1 1 A

\-
(V)

-

77/ ____‘15_6_;( V=JjS(x)dx
/S(x) / /

b
Khi d6, thé tich cta vat thé B dugc xac dinh: V = [ S(x)dx

2. Th?ﬁ tich khéi tron xoay: i
Thé tich khoi tron xoay dugc sinh ra khi quay hinh phang gidi han béi cac duong y = f(x), truc
hoanh va hai duong thang x =a, x=b quanh truc Ox:

(C):y=1£(x)

Ox):y=0 b 2
)y V=[] ax
x=b

Chuy:
- Thé tich khdi tron xoay dugc sinh ra khi quay hinh phang gi¢i han boi cac duong x = g(y), truc
hoanh va hai duong thiang y=c, y=d quanh truc Oy:

YA
£
({:_:—:—:-d 7777 (C): x=9(y)
\ (Oy):x=0 " 2
\I Yoo V,= nJ:[g(y)] dy
“==jc N y=d
0 X

- Thé tich khéi tron xoay dugc sinh ra khi quay hinh phing gi¢i han béi cac duong y = f(x), y = g(x)
va hai duong thang x=a, x =b quanh truc Ox:

b
V=af]f (- g @)
) THE TiCH GIOI HAN BOI CAC PO THI (TRON XOAY)
Tinh thé tich khoi tron xoay: i
Truong hgp 1. Thé tich khoi tron xoay do hinh phang gidi han bdi cac duong y = f(x), y=0, x=a
b

va x=b (a <b) quay quanh truc Ox1a V = ﬁjfz(x)dx .

Truong hep 2. Thé tich khi tron xoay do hinh phang gidi han béi cac duong y = f(x), y = g(x),

b

x=a va x=>b (a<b) quay quanh truc Ox1a V = ﬂj‘fz(x)—gz(x)‘dx .
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Dang 1: Tinh thé tich vat thé tron xoay sinh b6i mién (D) gi¢i han béi y:f(x); y=0 va
x=a,x=>b khi quay quanh truc Ox.
Cau 1. Chohamsb y= f(x) lién tuc trén doan [a;b]. Goi D 14 hinh phing gi6i han béi do thi ham
s6 y= f(x), truc hoanh va hai duong thing x=a, x=>b (a <b). Thé tich khdi trdn xoay tao thanh khi
quay D quanh truc hoanh dugc tinh theo cong thuec.

b b b b
AV=r[f(x)dx.  Byv=2z[f(x)dx. C.V=2[f*(x)dx. D.V=r[f(x)dr.
Huéng din giai
Chon A. Theo cong thire tinh thé tich vat tron xoay khi quay hinh (H ) quanh truc hoanh ta co
b

V=rx|f(x)dx.

Cau 2. Chohamsd y= f(x) lién tuc va cé dd thi nhu hinh bén. Goi D 1a hinh phang gi¢i han béi do
thi ham s6 d4 cho va truc Ox . Quay hinh phiang D quanh truc Ox ta dugc khdi tron xoay cé thé tich
V' duoc xac dinh theo cong thuc

Y
3
ol N3 %
A._Vzﬁ_lf[f(x)]zdx. B. V:%![f(x)]zdx.
C. Vzﬂzj[f(x)]zdx. D. sz[f(x)]zw.

Huéng din giai
Chon A
Do thi ham s y = f(x) cét truc Ox tai hai diém c6 hoanh do lan luot 1a x =1, x=3 nén thé tich

3
khdi tron xoay khi quay hinh phiang D quanh truc Ox duoc tinh theo cong thic V =z J [ f (x)}2 dx
1

Cau 3. Cho hinh phing (H) gi6i han béi dd thi ham s6 y=—x+3x—2, truc hoanh va hai duong
thang x=1, x=2. Quay (H) xung quanh truc hoanh dugc khéi tron xoay c6 thé tich 1a

A. V=ﬁx2—3x+2\dx. B. V=ﬂx2—3x+zfdx.
1 1

2 2
Q._Vzﬁj.(xz—3x+2)2dx. D. V=7z.”x2—3x+2‘dx.
1 1
Huéng din giai
Chon C
Cau 4. Choham sd y=7" ¢6 dd thi (C). Goi D 1a hinh phing gi¢i han boi (C), truc hoanh va hai
duong thang x=2, x=3. Thé tich ciia khdi tron xoay tao thanh khi quay D quanh truc hoanh duoc
tinh bdi cong thur:
2 3 3 3
A. Vsz.nzxdx. B. V=7z3_[7rxdx. g._Vsz'n“dx. D. V=7Z'2I7Z'xdx.
3 2 2 2

Huéng din giai
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Chon C. Thé tich ctia khéi tron xoay tao thanh khi quay D quanh truc hoanh dugc tinh béi cong

thire: V = ﬂi(ﬂx )2 dx =7z‘3[ 7dx .
2 2

Céu 5. Thé tich khdi tron xoay do hinh phang gi6i han boi cac duong y = Jx , truc Ox va hai duong
thang x =1; x =4 khi quay quanh tryc hoanh dugc tinh boi cong thirc nao?

A._Vzﬂixdx. B. V=ﬂ\/}‘dx. C. Vzﬂzjxdx. D. V:yzj\/}dx.
1 1 1 1

Huéng din giai
Chon A. Thé tich khdi tron xoay gi6i han boi d6 thi ham sé y = f(x), truc Ox, x=a va x=b

b
duoc tinh boi cong thirc: V = ﬁj[f(x)]z dx.

Cau 6. Cho hinh phing (H) gi¢i han boi cac duong y =x" —2x, truc hoanh, truc tung, dudng thing
x =1. Tinh thé tich V hinh tron xoay sinh ra béi (H) khi quay (H) quanh truc Ox.
Ay B.v=-¥ c.v=17 p.v='7
1 5 3'7 r 8 2 \8 r
- Phuwong phap: Cong thuc tinh the tich khoi tron xoay do hinh phang gidi han boi d6 thi ham so

b
y = f(x), truc Ox va hai dudng thang x = a,x =b(a <b) quay xung quanh truc Ox 1a V" = ﬂJ.fz (x)dx

- Cach giai: Ap dung cong thiic ta c6
1
8z
15
0

V zﬂj;(xz —2x)2 dx =7z-:[(x4 —4x° +4x2)dx= 71'()6?5—364 +4x?3]

2 2
Cau 7. Trong h¢ tryc toa do Oxy cho elip (E ) c6 phuong trinh ;—5+% =1. Hinh phang (H ) gidi
han bédi nira elip ndm trén truc hoanh va truc hoanh. Quay hinh (H ) xung quanh truc Ox ta dugc khéi

tron xoay, tinh thé tich khdi tron xoay do:
AV =607, B. 307. c. 188 p. 1416
25 25

Huéng din giai
2 2 2
ChonD. Tacd 2—=1-2 e y= (9| 1-2- | véi (-5<x<5).
9 25 25

5 2
Goi V 14 thé tich can tim, tacé: V = 7 j [9—9215jdx =607 .
=5

Cau 8. Cho hinh phing D gidi han boi dudng cong y=¢*, truc hoanh va cac dudng thing x=0,
x =1. Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich ¥ bang bao nhiéu?
2 _ r(e*+1 r(e* -1 2
_e-1 B. V:M. Q_[/:M. p. =
2 2 _ 2 2
Huéng dan giai
"o (62 - 1)

T2

ATV

1 2x
Chon C. Thé tich khéi tron xoay can tinh 1a V' = ﬂf(ex )2 dx=7r ( 62 j
0

0
Cau 9. Thétich V' cua khdi tron xo0ay dugc sinh ra khi quay hinh phfmg gidi han bdi duong tron (C):
X +(y- 3)2 =1 xung quanh truc hoanh 1a
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A.V=6r. B. V=61 C.V=3x". D..V=6x".
Huéng din giai

Chon D.

(C):x*+(y=-3) =1 (y-3) =1-x"= y=3+1-2*  (y-3) =1-x"20=>-1<x<]1.

Thé tich cua khéi tron xoay dugc sinh ra khi quay hinh phing gi¢i han boi dudng tron

L 2 1 2
(C):x2+(y—3)2=1 xung quanh truc hoanh la: V=7rj[3+\/1—x2J dx—ir'[[i%—\/l—xﬂ dx=67".
| 5

Cau 10. Cho hinh phang giéi han boi duong cong y=tanx, truc hoanh va hai duong thing

x=0,x=a véiace (0;%) . Thé tich khéi tron xoay thu dugc khi quay hinh phing nay xung quanh truc

Ox la
A. —7r(a— tana) B. ﬁ(a— tana) C. —zlIn(cosa) D. 7zIn(cosa)
Huéng din giai
Chon A

Céu 11. Tinh thé tich ¥ ciia khoi tron xoay tao thanh khi quay hinh tron (C):(x+ 2)2 +(y —3)2 <1
quanh truc Ox .
A.V =277 (dvtt). B. VV =677 (dvtt). C.V =rx" (avtr). D. V =6x (dvtt).
Huéng din giai
Chon D. Tinh tién (C) theo v= (2;0) ta duoc hinh tron (C'):x* + (y—3)2 <lI.
Xét x? +(y—3)2 =1=y=3%+1-x".
Khi d6 thé tich khéi tron xoay tao thanh khi quanh (C’) quanh tryc Ox 1a:

1 2 2 1
V=7rj[(3+\/1—x2) —(3—\/1—x2) }dx = dr [\1-xdx.
-1 -1
Pit x =sin¢ = dx = costds . Poi can x:—lzt:—g, x=1:>t:%.

z
2
=6r

3 3 3
V=127z_[\/l—sinztcostdt:IZEIcosztdt:127z_[ LT cosor e =127 Lo Lsin2s

; : 2 2 2" 4

2 2 2

|
0N

2

Dang 2: Tinh thé tich vt thé tron xoay khi cho hinh phing gi6i han béi: y = f(x)va y=g(x)
quay quanh truc Ox.

Céau 12. Cho hinh phing trong hinh (phan t6 d4m) quay quanh truc hoanh. Thé tich ciia khéi tron xoay
tao thanh dugc tinh theo cong thirc nao?

y fl(x)
£ (x)
0 a b X
AV = [[ £ (%)= £ (x) |de BV =x[[ £ (x)= £ (x)]dx
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C. V:nf[ﬁ(x)—ﬁ(x)]dx. D. Vznj.[fl(x)—fz(x)]zdx.

Huéng din giai
Chon B.  f(x)> f,(x)Vxe(a;b)

Cau 13. Cho hinh phing (D) dugc giéi han béi cac duong x=0, x=1, y=0 vd y=+2x+1. Thé
tich ¥ ctia khéi tron xoay tao thanh khi quay (D) xung quanh tryc Ox dugc tinh theo cong thirc ?

1 1 1 1
AV =n[2x+ldx.  B.V=xn[(2x+1)dr. C.¥V=[(2x+1)dr.  D.V=[J2x+1dx.
0 0 0 0
Huéng din giai
1 5 1
Chon B. Tacé ¥ =nf(v2x+1) dr =n[(2x+1)dr.
0 0
Céu 14. Cho hinh phang (D) dugc giéi han boi cac dudng x=0, x=7, y=0 va y=—sinx. Thé tich
V' cua khéi tron xoay tao thanh khi quay (D) xung quanh truc Ox dugc tinh theo cong thuc

A. V:ﬁ][.|sinx|dx. E._V:ﬁ]{sinzxdx. C.V=r
0 0

I(—sin x)dx

) D.V:Jsinzxdx.
0
Huéng din giai

Chon B. Ta c6 thé tich ctia khdi tron xoay can tinh 1a 7 = 7Z'I sin® xdx .
0

Céu 15. Thé tich khdi tron xoay tao thanh khi quay hinh phang gidi han boi cac duong y=xe*, y=0,
x=0, x=1 xung quanh truc Ox la

1 1 1 1
AV = Ixzez’“dx. B. V= ﬁjxexdx . C. V= 7r'|. x’e*dx. D.V = ﬁJ.xzexdx.
0 0 0 0

Huéng din giai
Chon C. Theé tich khdi tron xoay gi¢i hanbéi y = f(x), y=0, x=a, x=b(a <b) xéac dinh béi:

b 1
V:ﬁjfz(x)dx. Vay, V:ﬁJ.xzezxdx.
a 0

Céu 16. Cho hinh phing (H) gi6i han bdi d6 thi ham s6 y = x.In x, truc hoanh va hai dudng thing
x=1; x=2. Thé tich vt thé tron xoay sinh béi ( H ) khi né quay quanh truc hoanh c¢6 thé tich ¥ dugc
xac dinh boi

A Vznjz(x Inx)'de. B szz(x Inx)dx. C sz.z(x lnx)zdx D szzj.z(x In x)dx

A. (. . B. e - G (= . . (o .

Huwéng dan giii
y=x.Inx
Chon A. Thé tich vat thé tron xoay sinh b6i (H):y =0 khi né quay quanh truc hoanh co thé

x=Lx=2

2 2
tich V duoc xac dinh boi V' = 7Z'L (x. In x) dx.

Céu 17. Cho hinh phang (H) gi6i han béi cdc duong y=x’;y=0; x =2. Tinh thé tich ' cta khoi tron
xoay thu dugc khi quay (H) quanh truc Ox .
Av=2 B. V=32, c.v="7, p. 327
3 5 3 5
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Huéng din giai
Chon D

2
V& phac hoa hinh thiy ngay mién can tinh: V = 7Z'I xtdx = %x
0

Céu 18. Thé tich khéi tron xoay khi quay hinh phing (H) giéi han béi y =x” va y=x+2 quanh truc
Ox la
T2 2 81z 81z
A, —— (dvtt). B. —— (dvtt). C. —— (dvtt). D. —— (dvtt).
10 (dvtt) 5 (dvtt) S0 (dvtt) 5 (dvtt)
Huéng dan giai
x=-1

Chon B. Phuong trinh hoanh d¢ giao diém x* =x+2 < { 5
X =
2r

Thé tich cAn tim 1a ¥ = 7[“21|:X4 —(x+2)2}dx‘ =

Cau 19. Thé tich khdi tron xoay tao thanh khi quay hinh phing gi6i han boi d6 thi ham s6 y =e€* va cac
duong thang y =0, x =0 va x =1 dugc tinh boi cong thirc nao sau day?
1 1 1 1
A.V:Ie“dx. B.V:ﬁjexzdx. C.V:J.exzdx. Q._V:ﬁjezxdx.
0 0 0 0
Huéng din giai

1 1
Chon D. Thé tich khdi tron xoay can tim 1a: ¥ = nJ.(ex )2 dx = nj e™dx.
0 0

Cau 20. Tim cong thtrc tinh thé tich cua khdi tron xoay khi cho hinh phéng gidi han bdi parabol
(P):y=x" vaduong thing d :y = 2x quay xung quanh truc Ox .
2 2 2 2 2 2
A._ﬁj(xz—Zx)zdx. B. ﬂj4x2dx—ﬂjx4dx. C. ﬂJ.4x2dx+ﬁjx4dx. D. ﬂI(Zx—xz)dx.
0 0 0 0 0 0
Huéng din giai
x=0

Chon A. Phuong trinh hoanh d giao diém: x* —2x=0 < {
X =

2
Vay thé tich khéi tron xoay duoc tinh: ¥ =7 J (x2 - 2)6)2 dx.
0

Céu 21. Hinh phang gidi han boi hai 46 thi y = |x| va y= x quay quanh tryc tung tao nén mot vat thé

tron xoay co thé tich bang
AL B. Z.
6 3

27 p. 47
15 15
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Huéng din giai
Chon A

. x=0 =y=0
Phuong trinh hoanh d¢ giao diém |x| =X o d .
x=xl=y=1

Ta c6 d0 thi hai ham s6 y = |x| va y= x* déu ddi xing qua Oy nén hinh phang gi6i han boi hai d6
thi y = |x| va y= x’ quay quanh truc tung tao nén mét vét thé tron xoay c6 thé tich bang thé tich vat thé

tron xoay khi quay hinh phang gi6i han boi hai dudng x = y va x=,/y quay xung quanh truc Oy .
1
T

re

1 1
. . X 1 1
Theé tich vat thé tron xoay can tim la: Vzﬂj‘y—yz‘dy =ﬂj(y—y2)dy 272'.(5)/2 —§y3j
0 0

0
Cau 22. Thé tich vat thé tron xoay khi quay hinh phing giéi han béi cac duong y =1-x", y=0 quanh
truc Ox c6 két qua dang %. Khi d6 a+b co két qua la:
A. 11 B. 17 C.31 D. 25
Huéng din gisi
Chon C. 7sz (1-x*) dx = 116—5” Nén a= 16, b= 15, a+b=31
S

2

Céau 23. Cho D 1a mién phang giéi han béi cac duong : y = f(x) = 1% ;y=8(x)= % .Tinh thé tich
+Xx

khdi tron xoay thu duoc tao thanh khi quay D quanh tryc Ox ? Thé tich dugc viét dudi dang
T =mn*+nr ;mne R thitdng gid tri m+n 13 ?

Al B. 1

: c.2 D.2
2 20 5 5

Huéng dén giai

1 X x=1
Chon B. Xét phuong trinh S=—
I+x 2 x=-1

1
Nhu vay, thé tich can tim s& dugc tinh theo cong thic: V = 7TJ. ‘ f(x)-g° (x)‘dx
-1

1

1Y x Lo L gt Lo = Lo ]
=l e L e e
V:7r1—i V(’Yi[z'i‘;zdx

0] " (1)
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2

TinhI:Détxztant,te(i;zj dx =—dt = (I+tan’ 1)t
2 2 cos“t

s 1A ok . L 4 1+tan’ ¢ 4 ) 1Z
Ta co thé viet I lai dudi dang I:J.—zdtzj‘cos tdt=—j(1+cos,2t)dt
7£(1+tal’121) i 27£
4 4 4
2
:[:Z.l_lV:]Z'ZJ,_l_L :7[__1,_2_7[
4 2 4 2 10, 4 5

Nhén xét: Pdy la mét bai todn khd khé, doi héi thi sinh phdi biét diing cong thire va viée xur Ii tich
phan khéo léo.
Cau 24. Cho hinh (H) gi6i han boi tryc hoanh, d thi cia mot Parabol va mot duong thang tiép xuc
véi Parabol d6 tai diém A(2;4), nhu hinh vé& bén. Thé tich vat thé tron xoay tao boi khi hinh (H) quay
quanh truc Ox bang
Y
|

O S

19) /1
A, 107 B. 32%. c. 2. . 22%.
15 5 3 5

Huéng din giai
Chon A. Parabol cé dinh 1a gdc toa d6 nhu hinh v& va di qua A(2; 4) nén c6 phuong trinh y = X
Tiép tuyén cua Parabol do6 tai 4(2;4) c6 phuong trinh la y =4(x-2)+4=4x—4.

2 2
Suy ra thé tich vat thé tron xoay can tim 1a 7 = ﬂj(xz )2 dx — ﬁj(4x - 4)2 dx.
0 1

2

16

1

1
2
2 2 32 16) lé6x
Vay V=r|(x*) dx—7|(4x-4) dx=7| =—— |=——.
Céu 25. Cho hinh phing (H) gi¢i han béi céc dudng xy=4, x=0, y=1va y=4. Tinh thé tich V/
ctia khdi tron xoay tao thanh khi quay hinh () quanh tryc tung.

A. V=8n. B. V =16x. C.V=10m. D. V =12=n.
Huéng din giai

Chon D.

Ta c6 thé tich V' ciia khéi tron xoay tao thanh khi quay hinh (H ) quanh truc tung la

y= nj(ijz dy = nfédy - n(—ﬁj

1Y 4 y

4

=12m.

1
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Céu 26. Cho hinh thang cong (H) gi6i han boi cdc duong y=e¢", y=0, x=—1, x=1. Thé tich vat
thé tron xoay dugc tao ra khi cho hinh (H) quay quanh truc hoanh béng

a8 p, (£re)7 .7 b =)
5 . — : : :
Huéng dan giai
9 L ‘ T R G
Chon D. Thé tich vat thé cdn tinh 1 ¥ = 7 [ "dv == [ d (™) = =-¢™| | = ———
’ 2! 2 2

CAu 27. Thé tich vat thé tron xoay khi quay hinh phing gi6i han boi y=1-x", y =0 quanh truc Ox
ay= % véi a, b 1a sb nguyén. Khi d6 a+b bing
A.11. B. 17. C. 31. D. 25.
Huéng din giai
Chon C. Phuong trinh hoanh d¢ giao diém 1-x* =0 < x ==I.

1
Tacs V=n[(1-¢') dr =12 —a=16.b=15. Viy a+b=31.

-1
Cau 28. Goi (H) 1a hinh phang duoc gidi han boi cac do thi ham s6 y = 2x, y = 1‘—’“, y =0 (phan to
X

dam mau den & hinh vé bén).

Thé tich ctia vat thé tron xoay tao thanh khi quay (H) quanh tryc hoanh bang.
A._Vzﬂ(§—2ln2j. B. V=7r(§+2ln2j. C. V=7r(2ln2—§j. D. V=7r(2ln2+§j.

Huéng din giai

Chon A.
Phuong trinh hoanh d6 giao diém cta y=2x va y _l=x la:
X
x#0
1-x _Jx#0 1 1
2x=—"-& 5 L x=7 S x=—.
X 2x"+x-1=0 2 2
x=-1
\ A - .2 x#0
Phuong trinh hoanh d¢ giao diém ciia y =2x va y=0 la: 2x=0 < < x=0
2% +x-1=0

\ . a . L2 5 . 1-x .. 1—-x xz0 x#0
Phuong trinh hoanh d6 giao diémcua y=0 va y = la: —=0<& { 0 = S x=1.
X X —-x= X

+ J.(__lj -i.(__%ﬂjdx
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Cau 29. Tinh thé tich ctia khi tron xoay khi quay hinh phing gi6i han béi cac duong y =x" —4,
y=2x-4, x=0, x=2 quanh truc Ox.

A 2T B. 327 c. 2. p. 2T,
5 7 s 5
Hudng dan giai
Chon A
2 2
C(’)Kznj(x2—4)2dx=21i56n,V2=7rj‘(2x—4)2dx=%n. Vay thé tich cin tim ¥/ =, —, = 52
0 0

Céu 30. Cho hinh phing (H) gi6i han boi d6 thi ham sé y = 1 Va cac duong thang y=0, x=1,

X
x=4.Thétich V cua khbi tron xoay sinh ra khi cho hinh phing (H ) quay quanh tryc Ox .
A. 2nln2. E._%. C.%—l. D. 2In2.
Huéng dén giai
Chon B. Thé tich ¥ cua khdi tron xoay sinh ra khi cho hinh phang (H ) quay quanh truc Ox la

4 2 4
Vznj(lj dxzn(—lj =n[—l+lj :3_71;.
X X ) 4 4

Céau 31. Tinh thé tich ¥ cua vét thé tron xoay sinh ra khi cho hinh phang gii han bai cac dudng y = 1
x

,y=0,x=1, x=a, (a>1) quay xung quanh truc Ox .

ar=[1-1) I Y e L [
a a a a

Huéng din giai
| a a

Céu 32. Cho hinh phang (H ) gidi han bdi cac duong y = X, y =2x. Thé tich ctia khdi tron xoay

Chon B

a 2
A or 5 A A \ A 1 \ 1 1
Thé tich V' cuta vat the tron xoay cantimla V = j (—j dx =—7—
1

X X

duogc tao thanh khi quay (H ) xung quanh tryc Ox bang:
A2 B %7 c. 2z p. 167
15 15 3 15 15
Huwdéng dan giai

. x
Chon B. Xét phuong trinh hoanh d6 giao diém: x* —2x=0 < {
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2

y=x
1 Lo, o g ,. | V= 2x

Khi quay (H ) xung quanh truc Ox ta dugc khoi tron xoay gidi han bdi 0
X =
x=2

. Z. r 2\2 2 64rx
Do @6 thé tich cua khoi tron xoay la: V' = ﬁj (x ) —(2x)|dx = Ts
0

Cau 33. Tinh thé tich ¥ cua vat tron xoay tao thanh khi quay hinh phang (H) gi6ihan boi cac dudng
y=x’; y=\/; quanh tryc Ox .

Ay 2%, B.y =%, c.v==". p.yv=1%
10 10 10 10
Huéng din giai
Chon B
y e
v
-
o[ 1 X
Phuong trinh hoanh d6 giao diém ¥’ =\/; o xt-x=0
@x(x—l)(x2+x+1)=0 < x=0 hodc x=1
. . L 2 L
Khi d6 thé tich khdi tron xoay sinh bsi hinh (H) 1a ¥ = 7[(Vx) dx—nj(xz)zdx=%
0 0

Céau 34. Cho hinh phang D giéi han béi dudng cong y = e, cac truc toa do va phan dudng thang
y =2—x voi x>1. Tinh thé tich khéi tron xoay tao thanh khi quay D quanh truc hoanh.

e’ -1 ﬂ(562—3) 1 e-1 1 e’-1

AV = B.V=—"-—7—=". C.V=—nr—mr. D. V==

1

—+ . + .

3 2¢? =" 6e’ 2 e 2 2¢é?
Loi giai

Chon B

Phuong trinh hoanh d6 giao diém cia duong cong y=e¢'' va duong thing y=2-x:
¢'=2-x<x=1.(Vi y=¢"" 12 ham dong bién va y =2—x 1 ham nghich bién trén tap xac dinh
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R nén phuong trinh c6 toi da 1 nghiém. Mit khac x =1 thoa mén pt nén d6 1a nghiém duy nhét cua pt
do).
Puong thang y =2 —x cit truc hoanh tai x=2.

3
) +7z(x——2x+4j
0 3

Dang 3: Tinh thé tich vt thé tron xoay khi cho hinh phiing gii han béi: x=g(»); x= f(»)

2

V= ﬁj(ex'l )2 dx+ ﬁj(Z —x)2 dx =ze™?
0 1

1

quay xung quanh truc Oy

Cau 35. Cho hinh (H ) gi61 han béi cac duong y = —x” +2x, truc hoanh. Quay hinh phang (H )

quanh truc Ox ta dugc khéi tron xoay c6 thé tich la:
A 4967 B 32z C 4Ar 167

15 15 3 =15
Huéng dan giai

. x
Chon D. Phuong trinh hoanh do giao diém cta (H) va truc hoanh —x* +2x =0 < {
Thé tich khdi tron xoay can tim 1a

f ? A x’ 4.\ 167
14 :74(—):2 +2x) dxz;rj(x4 —4x’ +4x2)dx:7z-(——x4 +_X3J =7
0 0 5 3 0 15

Céu 36. Cho hinh phang (H ) gidi han béi cac duong y = \/; —1, truc hoanh va duong thang x =4.
Khéi tron xoay tao thanh khi quay (H ) quanh tryc hoanh c6 thé tich ¥ bang bao nhiéu?

2
Av=L, B.y=-1" cy=1" D.y=1%
6 6 6 3

Huéng din giai
Chon C.
Phuong trinh hoanh d6 giao diém \/; -1=0=x=1.

Thé tich khéi tron xoay tao thanh V = nj‘(\/; - 1)2 dx = nj(x x4+ 1) dx

1 1

x4 T
=T ———x\/;er =
[2 3

4
1

Céu 37. Cho hinh thang cong (H ) gi6i han bi cdc dudng py =1In(x+1), truc hoanh va duong thing
x =e—1. Tinh thé tich khdi tron xoay thu dugc khi quay hinh (H) quanh truc Ox .
A.e-2. B.2rx. C. re. D. 7(e-2).
Huéng dan giai
Chon D.

e—1 c
Thé tich khéi tron xoay (H) la: V=7 j In*(x+1)dx = IZ'J. In* xdx
0 1

2Inx 1
—1n? du = e < "=1 du'=—dx

pat {" =M S MY aco v o it - 2] | Bat {1 TN S ]
dv= 1 1 dv' =dx .

V=X

Suy ra V=7z(xln2 x‘f —2xlnx|le +2jdx] =7z()cln2 xLe —2xlnx|f +2x|f) =7r(e—2).
1
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Céu 38. Cho hinh phing D gi6i han béi dd thi y = (2x—1)+/Inx, truc hoanh va dudng thing x=e.
Khi hinh phang D quay quanh truc hoanh dugc vét thé tron xoay c6 thé tich ¥ dugc tinh theo cong
thirc

AV =[(2x-1) Inxdx. B. V =z [(2x-1)" Inxdx.

1

C.V=

3

—e— 6 N —t——0

(Zx—l)2 In xdx . (2x—1)2]nxdx.

o
<

N | — Sy @

Huéng din giai
Chon D. Hamsb y=(2x—1)vInx c6 tap xdc dinh la D =[L;+x).

1 .
. =— (loai
Phuong trinh hoanh d¢ giao diém la (2x—1)v/Inx =0 < 75 (loal) )
x=1

Thé tich vat thé tron xoay la: V = ﬂj(Zx - 1)2 In xdx .
1

Cau 39. Goi (H ) 1a hinh phang gi6i han boi cac d6 thi ham sd y = tan x , truc hoanh va cac duong

thang x=0, x = g Quay (H ) xung quanh truc Ox ta duogc khoi tron xoay c6 thé tich bang

2 2

A 1-L, B. 1. con-X. D.% 4n.
4 ) 4 4
Huéng dan giai
. % % 1 n 7_|:2
Chon C. Thé tich ctia (H)1a: Vznjtanzxdxzn.[[ - —1de=n(tanx—x)|4 =t——.
0 o\ COS™ X 0 4

Céu 40. Goi (/) 1a hinh phing gi6i han béi d6 thi ham s6 y =e", tryc Ox va hai duong thang x =0,
x =1. Thé tich ctia khéi tron xoay tao thanh khi quay (H ) xung quanh truc Ox 1a

A. %(&—1). B. z(e’+1). C. %(e2+1). D. (e’ -1).

Huéng din giai

1
=%(ez—1).

0

1
Chon A. Thé tich khéi tron xoay V = 7Z'I e*dx = %ezx
0

Cau 41. Thé tich cua khéi tron xoay tao thanh khi quay hinh phang gi¢i han boi dd thi ham s6

\ \ e \ < T \ \
y =+/tanx , truc hoanh va cac duong thang x =0, x :Z quanh tryc hoanh la

Jr

2

nln2 T
A V=" B.V=""2 c.v="1. D. V=1
4 2 _ 4 4
Huéng dan giai
2z, Lo A 11s 4 £ sinx 2 7wln2
Chon B. The tich khoi tron xoay can tinh 1a V' = nj tan xdx = nI dx = —nln|cos x||4 = .
o ) COS X 0 2

Chu 42. Xét hinh phing (H) gi6i han boi do thi ham s f(x)=asinx+bcosx (v6i a, b 1a céc hing
sb thuc duong), truc hoanh, truc tung va duong thang x =7 . Néu vat thé tron xoay dugc tao thanh khi
577

2

quay (/) quanh tryc Ox c6 thé tich bang va f'(0)=2 thi 2a+5b bing
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A. 8. B. 11. C.09. D. 10.

Huéng din giai
Chon C.
Ta c6 thé tich cua vat thé 1a

V= ﬁj asmx+bcosx) dx = ﬁj a’ sin® x + b* cos? x+2absmxcosx)dx

T

J( , 1—cos2x b21+coszx+absin2xjdx=7z a2(£—5m2x)+b2(£+szxj—%cosbc
0 2 2 4 2 4 2

0
- 7r(a2 +b2)5. Theo gia thiét ta c6 a* +b° =5(1).

Taco f'(x)=acosx—bsinx= f'(0)=a. Theo gid thit tacé a=2 va b=1.
Ta dugc 2a+5b=9.

Cau 43. Goi D 1a hinh phang gi6i han béi d6 thi ham s6 y = f(x)=x" —4x+3, truc hoanh va hai
duong thang x = 1;x = 3. Thé tich khdi tron xoay tao thanh khi quay D quanh truc hoanh bang
A7 B. 10 c. iz p. %
15 15 3 3
Huéng din giai
Chon A. Theé tich khoi tron xoay tao thanh khi quay D quanh tryc hoanh la:

V= ﬂj[xz —4)c+3]2 dx = ﬂ'j[[X4 —5x° +19x —12x+9]dx =116—5ﬁ (dvtt).

Céau 44. Tinh thé tich cua vat thé gidi han boi hai mit phang x =1 va x =3, biét rang khi cit vat thé
bdi mit phing tily ¥ vudng goc véi truc Ox tai diém cé hoanh d6 x (1<x<3) thi duoc thiét dién 1a

hinh chir nhat ¢6 hai canh 14 3x va v/3x*=2.

A. 32+ 2415. B. 1234“. g_%. D. (32+2\/E)n
Huéng din giai

s .y 3 5 3P
Chon C. Thé tich vit thé cin tim 14 ¥ = [ 3x332° ~2dv = radt = % LY

1

Cau 45. Thé tich khéi tron xoay thu dugc khi quay quanh truc Ox hinh phang giéi han boi @b thi ham
sO y= Jxe*, truc hoanh va duong thang x =1 la:
% 2 1 2 T 4 1 4
A._Z(e +1) B. Z(e +1) C. Z(C —1) D. Z(e _1)
Huéng din giai
Chon A.
Xét phwong trinh hoanh d¢ giao diém cta dd thi ham s6 y = Jxe' va truc hoanh: \/;ex =0 x=0.
du =dx
= 1
dv=e¥dx |v=—e"
2
1 1
—ljez““dx = 7{162 L
0 2% 2 4

1

=l7r+7r E—21n2 = é—2ln2 .
16 2 3
2
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Ciu 46. Tinh thé tich khéi tron xoay dugc tao thanh khi quay hinh phang giéi han béi do thi ham sd
y= 3x—x* va truc hoanh, quanh truc hoanh.

Slﬁ (dvtt). B. 85_” (dvit). C. ﬂ (dvtt). D. 87” (dvtt).

Huéng din glal

x=0 . . 3
Chon A. Tacod 3x—x'=0< { . The tich khoi tron xoay can tim la:
X

: : : st o) sz
V=nj(3x—x2) dx=7z‘[(9x2—6x3+x4)dx=7z(3x —T+?J =—— (dvtt).
0 0 0

Cau 47. Cho hinh phang D gidi han boi dudng cong y =+/2+cosx, truc hoanh va cac dudng thang
x=0, x= % Khdi tron xoay tao thanh khi quay D quanh truc hoanh co thé tich ¥ bang bao nhiéu ?

AV =r-1. B. V=r+1. C.V:ﬂ(ﬂ—l). Q._Vzﬁ(ﬁJrl).
i ) Huéng din giai 7
Chon D. Theé tich khoi tron xoay khi quay D quanh truc hoanh c6 thé tich la:

a a

2 2 V4
V=ﬁ.[y2dx :ﬂI(Z-I—cosx)dx =7r(2x+sinx)|0E =z(z+1).
0 0

Ciu 48. Thé tich ctia khdi tron xoay thu duoc khi quay quanh truc Ox hinh phang gidi han boi do thi
hamsd y = NES , truc hoanh va duong thang x =1 la:
T, 1,, T 4 1/ 4
A. Z(e +1) B. Z(e +1) ~C. Z(e _1) D. Z(e _1)
Huwéng dan giai
Chon A. Xét phuong trinh hoanh d¢ giao diém Jre' =0 x=0.

1

=%(e2+1).

Cau 49. Thé tich cuia vét tron xoay c6 dugc khi quay hinh phang gi6i han boi d6 thi ham y = tanx,

1 1
Thé tich khdi tron xoay thu dugc 1a: ¥ = ﬁf (\/;ex )zdx = 7z.|. xe’*dx = ﬁ(%xez" —ie“j
0 0

0

tryc Ox , dudng thang x =0, duong thing x =% quanh tryc Ox la

2
:\/_—%. B. Vz\/5+%. C. V:n\/§+%. D.V=rf3-2

Huéng din giai
Chon D. Theé tich cua vat tron xoay la

ﬂ' T

V= ;zjtan xdx = ﬂj(

—1)dx=7z(tanx—x)|§ (tang——] T 3——

COS X

Cau 50. Thé tich khdi tron xoay do hinh phang gidi han béi cac duong y = % ,y=0, x=1, x=4 quay

quanh tryc Ox bang

LS B. 17 c. 2 p. 27
16 8 16 16
Huéng dan giai
Chon D
4 2 34
V=nr x—dxzﬁx— =27Z.
1 16 48| 16
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Céu 51. Cho hinh phing (H) gi6i han bdi cdc dudng cong y = lnTx , truc hoanh va duong thing x=e¢
x

. Khoi tron xoay tao thanh khi quay () quanh truc hoanh cé thé tich ¥ bang bao nhiéu?
Av==. B.v==2. cr==. D.V=r.
2 3 ) 6
Huwéng dan giai

Chon B. Phuong trinh hoanh do giao diém cua do thi ham s y:ln—x va tryc hoanh Ia
X

N

Inx_ 0 < x=1. Khdi tron xoay tao thanh khi quay (H) quanh truc hoanh c6 thé tich

X

€

oo

1

z
3

Céu 52. Tinh thé tich khi tron xoay sinh ra khi quay quanh truc Ox hinh phang gidi han boi hai d6
thi y=x"—4x+6 va y=—x"—2x+6.

A 7. B. 7—1. C.3rx. D. 2rx.

Huéng din giai
Chon C
, x=0
Xét phuong trinh hoanh d6 giao diém x> —4x+6=—x" -2x+6 < 2x° -2x=0 < [ L
X =

Thé tich vat thé tron xoay sinh ra khi quay quanh truc Ox hinh phang gi6i han béi hai d6 thi 1a

2

Vzﬂj. (x2 —4x—6) (—x2 —2x+6)2
0

dx = ﬁj‘—12x3 +36x° —24x\dx
0

=7 =3r.

j(—12x3 +36x° —24x)dx‘ = n‘(—sf +12x° —12x2)
0

1
0

Cau 53. Tinh thé tich cua phan vat thé tao nén khi quay quanh truc Ox hinh phang D gi¢i han boi do
thi (P):y=2x-x" vatruc Ox bing

Ay =17 B.y -7 c.y-U7 p.y =197
15 15 . 15 15
Huwéng dan giai
x=0
Chon D. Xét phuong trinh 2x—x> =0 < { )
X =
Vi 2x-x>>0Vxe [O; 2] nén thé tich ciia phan vat thé tao nén khi quay quanh truc Ox hinh phing

2
D gi¢i han béi do thi (P):y=2x—x" vatruc Ox 1a V=7rj(2x—x2)2dx=116—5”. Vay a-b=1.
0

Céu 54. Cho hinh phang (S ) gi6i han boi duong cong c6 phuong trinh y =+/2—x* va truc Ox, quay
(S) xung quang truc Ox . Thé tich ctia khéi tron xoay duoc tao thanh bang

A._Vzg\/_%‘ B.V=4\/3§7[. C.V:%”. D,V:%’f.

'Hudng dan giai
Chon A. Phuong trinh hoanh d¢ giao diém ctia dudong cong va truc Ox :

(-2
P

2-x*=0 2-x*=0 <
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Thé tich khéi tron xoay tao thanh 1a

V;zj( )dx ﬂj2xdx=ﬁ[2x—x?3]

Cau 55. Goi (H ) 1a hinh duoc gidi han boi nhanh parabol y = 2x° (v6i x>0), duong thing y = —x+3

NF)

A

va truc hoanh. Thé tich ctia khéi tron xoay tao boi hinh () khi quay quanh truc Ox bing

Ay =27 B.y=117 c.y=>17 .y =237
15 5 . 17 17
Huwéng dan giai
Chon A
Y
i X
o| 1 3\
x=1
Phuong trinh hoanh d6 giao diém: 2x* = —x+3 < 3
X=——=
2

3
Thé tich khéi tron xoay tao béi (H):V = J.( x+3) Pdx+ 7le dx*dx = f2
1

Cau 56. Goi (H ) 13 hinh phang gi6i han boi parabol y = x° va duong thang y = 2x . Tinh thé tich
khdi tron xoay tao thanh khi quay hinh (H ) xung quanh truc hoanh.
A ST B. 107 c. 2z . 7.
15 15 . 3 3
Huwéng dan giai
Chon A. Xét phuong trinh hoanh d6 giao diém cia paraboly y =x" va duong thang y =2x ta c6

x’° =2x<:>x2—2x=0<:>{ 5 Do x* —2x<0 véi 0<x<2nén 2x—x" >0 véi 0<x<2.
X =
Goi V' la thé tich khoi tron xoay tao thanh khi quay hinh(H) xung quanh tryc hoanh thi

5

S

Céu 57. Thé tich khéi tron xoay do hinh phing giéi han boi cc duong x+y-2=0; y=x; y=0
quay quanh truc Ox béng

64
15 °

A2 B. %% c. 2z, p. 7~
6 5 . 3 "6
i Huwéng dan giai
Chon D. Hinh phang da cho dugc chia lam 2 phan sau:
Phan 1: Hinh phang giéi han boi cac duong y—\/_' y=0; x=0; x=1.
2

Khi quay truc Ox phan 1 ta dugc khdi tron xoay c6 thé tich ¥, = ﬂ'J. xdv=7.

1

_r
o 2

Phan 2 : Hinh phang giéi han béi cac duong y=2—-x; y=0; x—l, x=2.
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Khi quay truc Ox phéan 2 ta duoc khdi tron xoay c6 thé tich
r X — 2)3 2 V4
V,=r|(2-x 2dxz;r.(— =—.
’ ! (2-x) 3 3
Vay thé tich khéi tron xoay can tinh 1a ¥ = Vi+V, = 5?” .
Cau 58. Thé tich vat thé tron xoay sinh ra khi hinh phang giéi han béi cac duong x = \/; , y=—x+2
va x =0 quay quanh truc Ox c6 gia tri 1a két qua nao sau day?
1 3 32

A V==—r. B.V==r. CVv=—"r. D.V:I—lﬁ.
3 2 15 6

Huéng din giai
x= \/; y=x (x > 0)
Chon C. Goi (H) 1a hinh phang gi¢i han bi céc dudng: {y=-x+2 <1y =—x+2
x=0 x=0
o x=1(nhadn)
Phuong trinh hoanh d¢ giao diém: x* =—x+2 & x*+x-2=0 <
x=-2 (loai'i)

Thé tich vat tron xoay sinh ra khi hinh (H ) quay quanh truc Ox la:

V= ni((—x+2)2 —(xz)z)dx = ﬁi(xz —4x+4—x4)dx = %7[ (dvtt)

Cau 59. Goi D 1a hinh phang gi6i han béi d6 thi ham sé y = Jx , cung tron c6 phuong trinh y =+/6 — x°
(_\/6 <x<+6 ) va tryc hoanh (phan t6 ¢am trong hinh v& bén). Tinh thé tich ¥ cta vat thé tron xoay

sinh béi khi quay hinh phang D quanh truc Ox .
y

e ol fx

A V=8zJ6-27.  B. V:SnJ€+2ZT”. C.V=szd6-22%. D.v=-dr6+22Z.
Huéng din giai
Chon D "
Cach 1. Cung tron khi quay quanh Ox tao thanh mot khoi cau c6 the tich
3
vV =i7r(\/€) =876
3
X . , IS . X 2 x20
Thé tich ntra khoi caula V) = 476 . Xét phuong trinh: \x =v/6—-x> < 5 6—0 Sx=2
X +x-6=

Thé tich khéi tron xoay ¢6 duge khi quay hinh phing (/) gi6i han boi do thi cac ham s6 y = Jx,
cung tron c6 phuong trinh y=+/6—x?, va hai duong thing x=0,x=2 quanh Ox Ia

2
22 , , \
v, :nj(6—x2 —x)dx:T”. Viy thé tich vat thé tron xoay can tim 1a ¥ =V, + 7, =4;z\/€+227”.
0

Cich 2. Cung tron khi quay quanh Ox tao thanh mot khéi cau c6 thé tich

4 =%7r(\/g)3 =87r\/g.
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x>0
Xét phuong trinh: Jr=v6-3* < ) Sx=2.
X +x-6=0

Thé tich khdi tron xoay c6 duoc khi quay hinh phing (H) gi6i han boi d6 thi cac ham s6 y = Jx,
2 J6

cung tron ¢6 phuong trinh y =+/6 — x> va duong thang y =0 quanh Ox 1a V, = ﬂfxdx+ 72"[ (6—x2)dx
0 2

1246 - 28
124628 N 227z

Vay thé tich vat thé tron xoay can tim 1a V' =V, -V, = 876 — (477\/_ 22”] YN[ 227[

Cau 60. Tinh thé tich vat thé tron xoay tao bai phép quay xung quanh truc Ox hinh phfmg gidi han
bdi cac duong y =0, y:\/;, y=x-2.

A. %” g.__li”. C. 107. D. 87.
Huéng din giai
Chon B.
0=vx=x=0

Tacd: {0=x-2=>x=2
Jx=x-2=x=4
Duya vao hoanh do giao diém ctia ba duong ta c6 dién tich hinh phang gdm hai phan. Phan thir nhat
giéihanboi y=+/x, y=0 va x=0; x=2. Phn thr hai gi¢i han bi y=~/x, y=x-2va x=2; x=4

Thé tich vat thé bang: V = ﬂ'J.( ) dx + 7TJ.

M(ﬁ_(x-z) J
2 3

Cau 61. Cho (H ) 1a hinh phang gidi han boi parabol y =x" va dudng tron X +y' =2 (phan t6 dam

xX— 2

xdx+7zj( (x=2))dx

4
22

=T —

_lérx
=

0 2

trong hinh bén). Tinh thé tich ¥ cua khdi tron xoay tao thanh khi quay (H ) quanh truc hoanh.
y

QJ
44 227 Y4

Ay=221 B. V=22 cv=22. p.v==2.
15 15 3 5

Huéng din giai
Chon A.

_ 2= =1
Vé&i y=x" thay vao phuong trinh dudng tron ta duoc x> +x* =2 < {x —~e
2 X

—2-x*

2—x?

Hon nira x° + y —2<:>[y
y
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y=~2-x
Thé tich can tim chinh 1a thé tich vat thé tron xoay (H | ): o 1_1 quay quanh Ox bo di phan
X =
Ox
2
y=x
. x=- b 2 i 2 447
thé tich (Hz): quay quanh Ox. Dodo V=nx .[(\IZ—xz) dx—J.(xz) dx =? .
X = | |
Ox

Cau 62. Cho nira duong tron dudng kinh AB =4+/5. Trén do ngudi ta vé
mot parabol c6 dinh tring v6i tim cia nira hinh tron, truc ddi xung la
dudng kinh vudéng goc véi AB . Parabol cit nira dudng tron tai hai diém
cach nhau 4 cm va khoang cach tir hai diém d6 dén 4B bang nhau va
bang 4 cm . Sau d6 ngudi ta cit bo phan hinh phang gii han boi duong
tron va parabol (phan t6 mau trong hinh v&). Pem phén con lai quay xung
quanh truc 4B . Thé tich cta khéi tron xoay thu duoc bang:

AV = %(800\/3—464) cm’ . B. V= %(800\/3—928) cm’ .

C.V= %(800\/3—928) cm’ . D.V= %(80%/5—928) ent’.

Huéng dén giai
Chon D. Chon hé truc toa d0 nhu hinh vé

Theo dé bai ta c6 phuong trinh duong tron 1a y = /20— x> va phuong trinh ctia parabol 1a y = X
Phuong trinh hoanh d6 giao diém 14 v20-x> =x* & x* —x? -20=0 => x =42
Do tinh chat d6i xting cta hinh v& nén ta ¢ thé tich vat thé tron xoay duoc tinh theo cong thirc
245 2
_ Ve P ox)dr | =L _
V=27 [ (20-x)"dr ;z!(zo X —x*)dx | = 15;;(800J§ 928).

0

Céu 63. Cho hai duong tron (0,;10) va (0,;8) cat nhau tai hai

diém A4,B sao cho AB la mot dudng kinh ciia duong tron (02). <

Goi (H ) 1a hinh phang gi6i han boi hai dwong tron (phan dugc c
t6 mau nhu hinh vé). Quay (H ) quanh truc 0,0, ta dugc mot

khdi tron xoay. Tinh thé tich ¥ ciia khéi tron xoay tao thanh. B
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A. % E._@ﬂ'. C. 27[. D. Eﬂ'
3 3 3 3 3
Hwéng dan gidi
Chon B
Ta xay dung hé tryc toa d0 Oxy nhu hinh v€
Tacd 0,0, =404 -0,4*=6. Taco 0,(0;0),0,(-6;0).
Duong tron (02;8) c6 phuong trinh la: ¥ +y =64 = y=~64-x".
Puong tron (0;;10) ¢6 phuong trinh 13: (x +6)° + y* =100 = y=4/100—(x+6)" .
: : ; 4 > 6087
Thé tich can tim V = nj(64—x2)dx—ﬁj[100—(x+6) }dx =—.
0 0 3
x’ x’

Cau 64. Trong mit phang toa dd Oxy, goi (H 1) 1a hinh phéng giéi han boi cac duong y =", y=—"—

4 4
, x=—4, x=4 va hinh (H,) 1a hinh gém céc diém (x;y) thoa: x*+y’ <16, x2+(y—2)224,
x2+(y+2)224.

--'v'-‘-"i

Cho (H . ) va (Hz) quay quanh truc Oy ta dugc cac vat thé ¢6 thé tich lan luot 1a V., V,. Piang thirc
nao sau day dang?

AV =V, B.V,=—V,. C.V,=2V,. D.V, =2V,

Huéng din giai
Chon A
« Thé tich khéi tru ban kinh » =4, chiéu cao h=8 la: V = zr’h = 7.4>.8 =1287.

2

« Thé tich gidi han boi Parabol y = % , truc tung, duong thing y =4 quay quanh Oy la:

4 4
= V(P) = nJ.dey = nJ.4ydy =32m.
0

0
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Suy ra thé tich (H, ) la: V; =V =2, =1281~2.32n = 64x.

« Thé tich khéi cau bankinh R=4: ¥, = %nzﬁ = %n :
4 32

« Thé tich khdi cau ban kinh r=2: ¥, =§n23 =3

256w 3 2.327

Suy ra thé tich (H,)la: v, =V, -2J, = =64m. Vay r=2:V,=V,.

Cau 65. Cho hai duong tron (01;5) va (02;3) cit nhau tai hai diém 4, B saocho 4B 1a mot duong
kinh ctia duong tron (02;3). Goi (D) 1a hinh phang dugc gi6i han boi hai dudng tron (¢ ngoai dudong
tron 16n, phﬁn dugc gach chéo nhu hinh v€). Quay (D) quanh tryc 0,0, ta dugc mot khdi tron X0ay.

Tinh thé tich ¥ cta khéi tron xoay dugc tao thanh.

A. V=36r. B.

Huéng din giai

Chon D
Chon hé toa d6 Oxy v6i 0,=0, 0,C=0x, 0,4A=0y.

Canh 0,0, = /O, 4> —0, 4% =5 =3 =4 =(0,):(x+4) +y* =25.
Phuong trinh dudng tron (0, ): x* +y* =9.

Ki hiéu (H, ) 1 hinh phing gi6i han bdi cac dudng y =4/25—(x+4)", truc Ox, x=0, x=1.

Ki higu (H, ) 12 hinh phing gi6i han béi cac duomg y =0 —x”, truc Ox, x=0, x=3.

Khi d6 thé tich V' cn tinh chinh bang thé tich ¥, ciia khéi tron xoay thu duge khi quay hinh ()
xung quanh truc Ox trir di thé tich ¥, ciia khéi tron xoay thu dugc khi quay hinh (H . ) xung quanh

1

truc Ox.
Taco V, =l.i7n’3 =%7z.33 =18x.
23 3
1 1 +43 1
Lai ¢6 Kznjyzdxznj[zs—(x+4)2}dx=;z a5 ) |1 147
0 0 3 0 3
Do dé V=V2—Vl=187z—147ﬂ=—427[.

Céu 66. Cho hai mit cau (S,), (S,) cé cung ban kinh R théa man tinh chat: tim cua (S,) thudc (S,)
va nguoc lai. Tinh thé tich phan chung 7 ctia hai khéi cau tao boi (S)va (S,).
TR’ 57R’ 27 R’

A.V =xzR*. B.V = ) C.V= ) D. V= )
2 12 5

Huéng din giai
Chgn C
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Gan hé truc Oxy nhu hinh v&

Khdi cau S (O, R) chira mot duong tron 16n 1a
(C):x*+)y* =R’
Dua vao hinh v&, thé tich can tinh 1a

R
57R’

R 12
2

V= 2;:I(R2 —xz)dx - 2;{1{%—%)
2

THE TiCH TiNH THEO MAT CAT S(X)
Ciau 67. Trong khong gian Oxyz , cho vt thé dugc giéi han béi hai mit phang (P) , (Q) vuong goc voi
truc Ox lan luottai x=a, x=»h (a < b) . M6t mat phfmg tuy y vudng goc voi Ox tai diém c6 hoanh do
X, (a <x< b) cit vat thé theo thiét dién c6 dién tich 1a S(x) voi y = S(x) 12 ham s lién tuc trén [a;b]
. Theé tich V cua thé tich d6 dugc tinh theo cong thic

Z A
Y
0
V b X
A. szSz(x)dx. B. Vzanz(x)dx. C. Vzan(x)dx. Q._szS(x)dx.

Ciau 68. Cho phan vat thé (S) gidi han boi hai mat phang c6 phuong trinh x =0 va x =2. Cit phan vat
thé (S) béi mat phfmg vudng goc voi truc Ox tai diém c6 hoanh do x (O <x< 2) , ta dugc thiét dién 1a
mot tam giac déu c6 do dai canh béng xv/2—x . Tinh thé tich V' cua ph?m vét thé (S) .

A. V:% g._V:?. C. V =43. D. V =/3.
Huéng din giai
x2(2—x)\/§

Chon B. Dién tich thiét dién: S, =

4
Vs =_([de =§.:|.x2(2—x)dx =gix2(2—x)dx zg(gxs —i 4] zg.

Céu 69. Cho vit thé c6 mat day 1a hinh tron c6 ban kinh bang 1 (hinh v§).
Khi cit vat thé boi mat phing vudng goc véi truc Ox tai diém c6 hoanh
@6 x (-1<x<1) thi dugc thiét dién 1 mot tam gidc déu. Tinh thé tich ¥

ctia vat thé do.
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4
AV =43. B.V =3.3. g._V:%. D.V-=x.

Huéng din giai
Chon C. Tai vi tri ¢c6 hoanh d§ x (—l <x< 1) thi tam giac thiét dién c6 canh 1a 24/1—x* .

2
Do d6 tam gidc thiét dién co dién tich §(x) =( 1-x’ ) g =3(1-x).

1
Vay thé tich ¥ cua vat thé 1a I\B(1—x2)dx =¥.
-1

Cau 70. Cho phan vat thé B gidi han boi hai mét phang cé phuong trinh x =0 va x= 3 Cit phan vat

2 .. 2 o , ‘- .40k . \ N T SAy AL 1s
thé B bdi mat phang vuong goc véi truc Ox tai diém c6 hoanh d6 x (0 <x< ?J ta duogc thiét dién la

mot tam giac vudng co do dai hai canh goc vudng 1an luot 1a 2x va cos x. Thé tich vat thé B bang

\/§ﬁ+3 \/571—3 \/571—3 D \/57[
.—6 .

A. . B. . C. .
6 3 76
Huéng dan giai

V4
= z = B3z-3
xcosxdx:xsmx|g —I51nxdx:x51nx|g +cosx|03 =
0

Chon C. Thétich vatthé B 1a V =

O — 0 | N

Cau 71. Tinh thé tich V cta vat thé nam gilia hai mat phflng x=0 va x=r, biét réng thiét dién cta vat
thé bi cit boi mit phing vudng goc véi truc Ox tai diém c6 hoanh d§ x (0 < x <) 1a mot tam gidc déu
canh 2+/sinx .
A V=3, B. V =3r. C.V=2r3. D.V =23.
Huéng din giai
2
\/5 (2\/ sin x)

Chon D. Dién tich tam gidc déu S(x) - V3sinx.

Vay thé tich I = [ §(x)dx = [V/3sinxdx = 24/3 .
0 0
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BAI TOAN THUC TE VA UNG DUNG THE TiCH

Cau 1. C6 mét cdc thity tinh hinh try, ban kinh trong 1ong déy cdc 1a 6¢m , chiéu cao trong long
cbc 1a 10em dang dung mot lwong nude. Tinh thé tich lwong nudc trong cde, biét khi nghiéng cde nude

vura luc khi nuéc cham miéng coc thi & ddy muc nudc trung voi duong kinh day.
-

A. 240cm’. B. 2407 cm’. C.120cm’. D. 1207 cm?.
Huéng dén giai

Chon A

bat R=6(cm), h =10 (cm). Gan h¢ truc toa d¢ nhu hinh vé.
Mot mit phing tiy ¥ vudng goc véi truc Ox tai diém x (—6 < x <6) cat vat thé theo thiét dién c6

dién tich la S( )
Ta thay thiét dién d6 1a mot tam giac vudng, gia st 1a tam giac ABC vudng tai B nhu trong hinh v&.

5(36— x>
L BBc =LBc? tana =l(R2 —xz)ﬁ =M.
2 2 2

Taco S(x)=S, = n G

: , ¢ ©5(36-x7)
Vay the tich lugng nudc trong coc la V' = J- S(x)dx = J.de =240(cm’).
-6 -6
Cau 2. B6 doc mot qua dua hiu ta duge thiét dién 1 hinh elip c6 truc 16n 28cm, truc nho 25¢cm
. Biét ctr 1000cm® dua hau s& lam dugc cde sinh t6 gia 20000 dong. Hoi tir qua dua hau trén o thé thu
duoc bao nhiéu :cién tur vi€c ban nudc sinh ‘té? Biét rang bé day vo dugl khong dang ké. .
A. 183000 dong. B. 180000 dong. C. 185000 dong. D. 190000 dong.
Huéng dén giai
Chon A
Duong elip c6 truc 16n 28cm, truc nhé 25cm ¢ phuong trinh

2 2 2 2 2
25
—x2+ Y 2=1<:>y2:(£j l—x—2 Sy=t=— l—x—z.
14 (25) 2 14 2 14

2

H 375



Tuyén chon va gi6i thiéu: Nguyén Quoc Hoan 0913 661 886
2 214 2 \?
2
Do d6 thé tich qua duala V = ﬂf 25 1——2 dx =7 2 I 1_x_2 dx
2\ 1 2) I 14
3 14 2
25 X 25) 56 8750x
- x— =r|=| -—= cm’.
2 347 )|

2) 3 3
Do d6 tién ban nudc thu duoc 1a 87507.20000 ~ 183259 dong.
3.1000
Cau 3. Chuéng ngai vat “tudng cong” trong mot san thi ddu X-Game 1a mot khdi bé tong co

chiéu cao tir mit dat 1én 1a 3,5m . Giao ciia mit tuong cong va mit dét 1a doan thing AB =2m . Thiét
dién ciia khdi tudng cong cat boi mat phang vuong goc voi AB tai A lamot hinh tam gidc vudng cong
ACE véi AC =4m, CE =3,5m vacanh cong AE nam trén mot duong parabol ¢ truc dbi ximg vuéng
gb6c voi mat dat. Taivitri M 1a trung diém cua AC thi tuong cong ¢6 dd cao Im (xem hinh minh hoa
bén). Tinh thé tich bé tong can sir dung dé tao nén khdi tuong cong do.

A 4m M C

A. 9,75m’. B. 10,5m’. C..10m’. D. 10,25m’.
Huéng din giai

Chon C

y

3,5[-----A---- pazoomned E
B i et L
1 e 1 \\\\\
2m ! A
A 2 4 x

Chon h¢ truc Oxy nhu hinh v€ sao cho 4=0

A

= canh cong AE nim trén parabol (P):y:ax2 +bx di qua cac diém (2;1) va (4;%} nén
3 ., 1
P)y=—x"+—
(P):y l6x 8x
of 3 1
Khi d6 dién tich tam gidc cong ACE c6 dién tich S = J‘(Exz +§xjdx =5m’.
0
Vay thé tich khéi bé tong can st dungla ¥ =5.2=10m".

Cau 4. Mot céi thing dung dau cé thiét dién ngang (mit trong ciia thing) 1a mot duong elip ¢6
tryc 16n bang 1m, truc bé bang 0,8m, chiu dai (mit trong cia thung) bang 3m . Puoc dit sao cho tryc
bé nam theo phuong thang duing (nhu hinh bén). Biét chiéu cao ciia dau hién co trong thing (tinh tir day
thung dén mat dau) 1a 0,6m . Tinh thé tich V' ciia dau c6 trong thung (Két qua 1am tron dén phan tram).
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AV =1,52m". B.V =13Im’. C.V=127m’. D.V =1,19m".
Huéng din giai

Chon A

Chon hé truc toa d0 nhu hinh vé.

<

2 2
Theo dé bai ta c6 phuong trinh cua Elip 1a X yT =1.
4 25

Goi M, N lan luot la giao diém cua dau véi elip.

Goi S, ladiéntich cua Elip taco S, = zab = zrl% =Z

2'5 5
Goi S, la dién tich cua hinh phang gi6i han béi Elip va duong thang MN .

Theo dé bai chiéu cao ctia dau hién c6 trong thung (tinh tir dy thing dén mat dau) 1a 0,6m nén ta c6

phuong trinh ctia dudng thang MN 13 y = l

2 2
Mat khéc tir phuong trinh XY 1taco y=i l—x2 .
14 5V4
4 25

. , \ X 3 3
Do duong thang y =% cat Elip tai hai diém M , N c6 hoanh d¢ lan luot 1a —% va % nén

V3
4 4
S, = J[iJl—xz—lex:i | ‘/l—xzdx—ﬁ.
J5\5V4 5 5 V4 10
4 4
ﬁ
4N
Tinh 1=j ~—x*dx. it x=—sins = dx = —cosdr .
3

Déi can: Khi x=£ thi r=—2; Khi x=*/§

- X2 thi=Z.
3 4
3 5
Khi dé I = Il.lcosz tdtzlj(l+0082t)dl‘=l 2—”+£ )
122 g ) 8l 3 2
3 3
Véy Szzil 2_7[+£ _ﬁzz_ﬁ.
58( 3 2 10 15 20
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Thé tich cta dau trong thung 1a V = {f I —3J3 =1,52.

Cau 5. Mot thiung ruou ¢6 ban kinh cac day 1a 30cm , thiét dién vudng goc
Vi truc va cach déu hai day c6 ban kinh 1a 40cm , chiéu cao thing ruou 1a 1m (hinh
v&). Biét rang mit phang chira truc va cit mat xung quanh thing ruou 13 cac duong

parabol, héi thé tich cua thung ruou ( don vi lit) 1a bao nhiéu?

A. 4252 lit. B. 425162 /it.
C. 212581 lit. D. 212,6lit.
Huéng din giai
Chon A
A )%
S
A
03m x
0 0,5m ]

¢ Goi (P) Y= ax’ +bx+c 1a parabol di qua diém A(O,5;0,3) va cO dinh S(O; 0, 4) (hinh v§&).
Khi d6, thé tich thing rugu bang thé tich khdi tron xoay khi cho hinh phéng gii han boi (P) , truc
hoanh va hai duong thing x = +0,5 quay quanh truc Ox .

* D& dang tim dugc (P):y = —%xz +0,4

(2 ’ C2 P 203z
* Thé tich thing ruou 1a: V =7 j (——xz +o,4j dx = 2;zj (——xz +0,4) dx = ~425,5 (1)
s\ S o\ 5 1500

Cau 6. Trong chwong trinh néng thon mai, tai mot xa X ¢ xdy mot cdy cau bang bé tong nhu

hinh v&. Tinh thé tich khdi bé tong dé d6 du cay cau. (Pudng cong trong hinh vé& 1a cac dudng Parabol).

=7 ’ ! \
B R .
- P

=
-
- - -

-
-
-

0,5m 19m 0,5m

A. 19m’. B. 21m’. C. 18m’.. D. 40m’.
Hwéng dan giai
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Chon D. Chon h¢ truc Oxy nhu hinh vé.

v a
1
..—-"'"_—’ B = r":lxs:
-T_\_“\ — ':-"?"J'—‘"“'::-\' )
'\‘.__ o -:_ .O__-"._J_'-, - x
k. el

Goi (B):y=ax’+c 14 Parabol di qua hai diém A(%;OJ,B(OQ)

0= L 2+2 a——i 8
Nén ta ¢6 hé phuong trinh sau: 1~ ' 2 =4 361 :(E):yz—ﬁx2+2
2=bh b=2
Goi (B):y=ax’ +c la Parabol di qua hai diém c(1o;0),D(o;§j
1
o=a(1o)2+§ a=—— | 5
Nén ta c6 h¢ phuong trinh sau: 2 & 40 = (Pz) y=——x'+=
S_p po 40 2

19
Ta c6 thé tich cia bé tong la: V' =52/ [ eyl -2 ~ 8 o x| = 40m°
o\ 40" 2 o 361

Cau 7. Mot Bac thg gbm lam mét céi lo co dang khdi tron xoay dugc tao thanh khi quay hinh
phang gi6i han boi cac dudng y =+/x+1va truc Ox quay quanh truc Ox biét ddy lo va miéng lo co
duong kinh 1an luot 13 2dm va 4dm , khi d6 thé tich cua lo 1a:

A. 87 dm’. B. %ﬂ' dm’. C. %ﬂ' dm’. D. 1?5 dm’.
Huéng dén giai y

Chon B

*h=En=l=x=0 0 3 X

*n=y,=2=x,=3

3
0= {7
2

3 3 2
Suyra: V = ﬁjydeZ ﬂj(x+1)dx= 7[(%+xj
0 0

Ciu 8. Mot khéi cau 6 ban kinh 5dm, ngudi ta cit bo 2 phan bang 2 mit phing vudng goc ban

kinh va cach tdm 3dm dé 1am mét chiéc lu dung. Tinh thé tich ma chiéc lu chta duoc.

A. 1327 (dm). B. 417 (dm®). C. %n(dm%. D. 437 (dm’)
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Huéng din giai:

Chon A. DPat h¢ truc véi tam O, 1a tdm cua mat cau; duong thflng
dang 1a Ox, dudong ngang l1a Oy; dudng tron 16n c6 phuong trinh
2 2
x +y =25.

Thé tich 14 do hinh gi6i han boi Ox, duong cong y =+/25—x%,
x=3,x=-3 quay quanh Ox.

3
V=r j (25—x%)dx =1327 (b4m may).
-3

Ciu 9 Tir mot khie gd hinh tru c¢6 dudng kinh 30cm, ngudi ta cit khic gd boi mot mit phang

di qua duong kinh day va nghiéng véi day mot goc 45° dé 1dy mot hinh ném (xem hinh minh hoa duéi

day)

Hinh 1 Hinh 2

Ki hiéuV 1a thé tich cta hinh ném (Hinh 2). Tinh V.

AV = 2250(cm3). B.V = 2245“ (cmi*). C.V= 1250(cm3).

Huéng din giai

Chon hé truc toa d6 nhu hinh v&.Khi d6 hinh ném
c6 day

la na hinh tron c¢6 phuong trinh:
y =225 -2’z e[ -1515 |
Mot mot mét phfmg cit vuong goc véi truc Ox tai

diém c6 hoanh d¢ z, (m e[-15 15])

cit hinh ném theo thiét dién c6 dién tich 1a S (z)

(xem hinh).
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DE thiy NP =y va MN = NP tan45’ =y =15 -2 khi d6 § () = lMN.NP = %.(225 - xQ)
15
suy ra thé tich hinh ném la: V = I S(:r)da: =— J. (225 z )dx = 2250( ) Chon A
-15 —lo
Cau 10. Nguoi ta dung mot cai 1éu vai (H ) ¢6 dang hinh “chép luc giac cong déu” nhu hinh vé
bén. Day cua (H ) 1a mot hinh lyc gidc déu canh 3 m . Chiéu cao SO =6 m (SO vudng gbc voi mit
phéng day). Cac canh bén cua (H) la cac soiday ¢, ¢,, ¢;, ¢,, ¢, ¢ nam trén céc dudng parabol co
truc d6i xtng song song v4i SO . Gia str giao tuyén (néu c6) cua (H ) v6i miat phang (P) vuong goc
voi SO 1a mot luc gidc déu va khi (P) qua trung diém ciia SO thi lyc gidc déu c6 canh 1 m . Tinh thé

tich phan khong gian nam bén trong cai 1éu (H ) do.

S

A. B. —( C. —( D.

1353 963 135\3 135V3
s (m”). 2 (m”)

Hwéng dan giai
bit hé truc toa do nhu hinh vé, ta cd parabol can tim di qua 3 diém c6 toa d0 lan luot 1a A(O;6) ,

B(1;3), C(3;0) nén c6 phuong trinh 1a y = %xz —%x+ 6 A{0;6)

Theo hinh v& ta c6 canh cia “thiét dién luc giac” 1a BM .
. 1 s
Néu ta dat t =OM thi BM :%— 2t+Z (chu y la ta phai lay

(13 2

gia tri ¢6 dau truée ddu cin va cho B chay tir C dén 4).

Khi d6, dién tich cua “thiét dién luc giac” bing

S(t)=6.BA/]42\/g 3\2/_(2 '/ZHZJ véi t€[0;6].

(30
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6
Vay thé tich ciia “tap 1éu” theo dé bai la: V = IS t)de = 3{(2 1/2t 4J dt = 1358[

0

Chon D
Cau 11. Mot vt co kich thudce va hinh dang nhu hinh v€ dudi day. Pay 1a hinh tron ban kinh 4

cit vat boi cac mat phéng vuong goc voi truc Ox ta dugce thiét dién 1a tam giac déu. Thé tich cua vt thé
la:

256 64 25643 3243

Huéng din giai

NG

Chon tam duong tron 1am gdc.  Dién tich thiét dién1a S = TAB2 =3(4-x%)

5

V= jS(x)dx \/_j(4— 2\dx _32 . Chon D

Céu 12. Goi (H) 1a phan giao cta hai khdi % hinh

tru ¢6 ban kinh a, hai truc hinh tru vuoéng goc voi nhau.
Xem hinh v& bén. Tinh thé tich ciia (H ).

2a° 3a’
ATy == BV ==
a3 7[613
CVmy=7" D Vi ==
Huwéng din giai
Chon A
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Ta goi truc toa dd Oxyz nhu hinh v&. Khi d6 phan giao (H ) 12 mot vat thé co day 1a mot phan tu

hinh tron tim O ban kinh «, thiét dién ctia mit phfmg vuong goc voi truc Ox 1a mét hinh vudng c6 dién
tich S(x)=a’ —x

Thé tich khéi (H) 1a

O T

*S'(x)anZ‘:[(a2 —xz)dxz%.

Cau 13. Mot khéi cau c6 ban kinh 1a 5(dm) , ngudi ta cat bo
hai phan cua khdi cau bang hai mit phang song song cting vudng goc
duong kinh va cach tam mot khoang 3(dm) dé 1am mot chiéc lu

dung nudc (nhu hinh v&). Tinh thé tich ma chiéc lu chira dugc.
A. @ﬁ(dnf) B. ﬁ7r(a’m3)
3 3
C. 41z (dm’) D. 1327 (dm’ )
Huéng dén giai
Chon D

Cich 1: Trén hé truc toa do Oxy, xét dudng tron (C):(x—5)> + y* =25. Ta thdy néu cho nira trén
truc Ox cua (C ) quay quanh truc Ox ta duoc mit cau ban kinh bang 5. Néu cho hinh phang (H ) gioi
han bdi ntra trén truc Ox cua (C ) , truc Ox, hai duong théng x =0, x=2 quay xung quanh truc Ox ta
s& dugc khoi tron xoay chinh 14 phan cit di ciia khdi cau trong dé bai.

Tacd (x—5)+)° =25 y=+J25—(x-5)°

= Nua trén truc Ox cia (C) ¢6 phuong trinh y:\/25—(x—5)2 =V10x— x>

=> Thé tich vat thé tron xoay khi cho ( H ) quay quanh Ox la:

2

h x* S2r
V]:ﬂI(IOx—xz)dx:ﬁ S5x) -— || ==~

: 3) 73
Thé tich khéi chu la: V, =§7z.53 =¥
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Thé tich can tim: ¥ =¥, -2V, =¥—2.527” =132z (dm’)

Cau 14. Mot cai chudng c6 dang nhu hinh v&. Gia sir khi cit chuéng boi mat phang qua truc ctia
chuodng, dugc thiét dién c6 dudng vién 1a mét phan parabol ( hinh v&). Bicét chuéng cao 4m, va ban kinh
cua miéng chudng la 22 . Tinh thé tich chuoéng?

'-f
.’_‘._,.--"ﬂ
S
A. 6 B. 127 C.27’° D. 167
Huéng din gidi »
Xét hé truc nhu hinh v&, dé thay parabol di qua ba diém '
2
(O;O),(4;2\/§),(4; —2\/5) nén c6 phuong trinh x = y? . Thé r'!
tich ctia chudng 1a thé tich ctia khi tron xoay tao béi hinh phang
y= \/Ex,x =0,x =4 quay quanh truc Ox. Do d6 o
. o
Ta cé V=HI2xdx=(ﬁx2)‘4=16ﬁ [
a co J 0 l-i'll

Cau 15. C6 mot vat thé 1a hinh tron xoay c6 dang gidng nhu mét cai ly nhu hinh vé dudi day

Nguoi ta do dugc dudng kinh ciia miéng ly 12 4cm va chidu cao 1a 6cm . Biét rang thiét dién cta

chiéc ly cat boi mat phiang dbi xing 1a mot parabol. Tinh thé tich ( cm’ )

cua vat thé da cho.

AV =12x. B.V=12.
C. V=27Z'. D. sz.
5 5

Huwéng din giai:

Chon A

: |] :
Chon gbc toa do O tring voi dinh I cua parabol (P) Vi parabol (P) di qua cic diém

A(—2;6),B(2;6) va I(O;O) nén parabol (P) c6 phuong trinh y =%x2.

6
Taco y= %xz o= %y. Khi d6 thé tich ciia vat thé da cho 1a V = ﬁj‘(gyjdy = 127r(cm3).
0
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UNG DUNG THUC TE VA LIEN MON

Cau 1: Mot vat chuyén dong cham dan déu vé6i van tée v(r) =160 —10¢ (m/ s) . Quang dudng ma vat
chuyén dong tir thoi diém ¢ = 0(s) dén thoi diém ma vat dimg lai 1
A. 1028 m. B. 1280 m. _C. 1308 m. D. 1380 m.
Huéng dan giai

Chon B. Khi vat dung lai thi v(t) =160-10t=0<=1t=16

16

16
Suy ra: s = [ v(r)dt = [ (160~10¢)ds = (160 —5¢)| =1280 m.
0 0

0

Cau2: Mot chiée 6 to chuyén dong vdi van toc v(t) (m/s), co giatdc a(f)=v'(t) = %, (m/s*)
1+

. Van tc ctia 6 o sau 10 gidy (lam tron dén hang don vi) 1a
A. 4,6m/s. B. 7,2m/s. C.1,5m/s. D.2,2m/s.
Huéng din giai
10

10
Chon A. Van tic clia 6 t6 sau 10 gidy 1a: v:jidz=§m|2z+1| =§1n21z4,6 (m/s).
C2t+1 2 . 2

Cau3: Mot hat proton di chuyén trong dién truong c6 bicu thic gia toc ( theo cm®/s) la

a(t) =

(v6i ¢ tinh bang gidy). Tim ham van tdc v theo 7, biét rang khi =0 thi

(1+2t)
v=30 (cm/s).
.10 B. 10 420 C. (1+26)7 430 p. 2430
1+2¢ 1421 (1+2¢)
Huéng din giai
Chon B.
«v(t)=a(t)dt =] 20 4= Lc «Dov(0)=30,suyra +C =30 C=20
(1+2¢) 142 1+2.0
10
* Vay, hi = 20.
ay, ham v (¢) o

Cau4: Mot vat chuyén dong véi van téc v(r) =1-2sin2¢ (m/s). Quing dudng ma vt chuyén dong

trong khoang thoi gian 7 =0 (s) dén thoi diém 7 = 37” (s) la

N B 7] c. 7 b. 3701

4 4
Huwéng dan giai

3z 371_

Chon A. Quing dudng can tim s = (1—2sin2¢)dt = (1 +cos 2t)|07 = T_l .

o'—.-&“_{"

Cau5: Mot nguoi lai xe 6 t6 dang chay v6i van tbe 20 m/s thi nguoi 1ai xe phat hién c6 hang rao ngin
duong & phia trude cach 45m (tinh tir vi tri dau xe dén hang rao) vi vay, nguoi lai xe dap phanh.
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Tir thoi diém d6 xe chuyén dong cham dan déu vai van toe v(t) =-5t+20(m/s), trong d6 ¢ 1a

khoéng thoi gian tinh bang gidy, ké tir luc bt dau dap phanh. Héi tir lic dap phanh dén khi dimg
han, xe 0 to con cach hang rao ngan cach bao nhi€u mét (tinh tir vi tri dau xe dén hang rao)?

A. 5m. B. 4m. C. 6m. D. 3m.
Huéng din giai

Chon A. Xe dang chay v&i vén toc v =20 m/s tuong tmg véi thoi diém ¢ = O(S)

Xe dimg lai twong tmg voi thoi diém 7 =4(s).

4

4
Quéng duong xe didila S = J.(—St +20)dr = (—%tz +20tJ =40(m).
0

0
Vay 6 t6 cach hang rao mdt doan 45-40= S(m) .

Cau 6: Mot vat chuyén dong v6i van tdc 10 m/ s thi ting toc véi gia téc a(r) =3¢ +¢>. Tinh quing
duong vat di dugc trong khoang thoi gian 10 gidy ké tir liic bat dau tang tdc.
: @ m, B. 4300 m. C. 430 m. D. % m
Huéng din giai

A

2 3
Chon A. + Ham vén toc v(t)zJ.a(t)dtzj.(3t+t2)dt=%+%+C

2 3
* Lay moc thoi gian luc ting toc = v(0)=10=C=10. Ta dugc: v(t):%+%+10

1022 3 34 10
* Sau 10 gidy, quang duong vat di duoc la: s = I 3L+t—+10 dr = t—+t—+10t = 4300 m.
oL 2 3 2 12 .

Cau7: Mot 6 t6 bat dau chuyén dong nhanh dan déu vai van tée v, (1) = 7t (m/s). Bi dugce 5(s), nguoi
lai xe phat hién chudng ngai vét va phanh gap, 0 t6 tiép tuc chuyén dong chém dan Eiéu voi
gia toc a = —70 (m/s?). Tinh quing dudong S (m) di dugc ctia 6 t6 tir lic bit dau chuyén banh
cho dén khi dirng han.

A. §=95,70 (m). B. §=87,50 (m). C. §=94,00 (m). D. $=96,25(m).
Huéng din giai
Chon D. Quing duong 6 t6 di dugce tir luc xe 1an banh dén khi dugc phanh:

5 5 2
S, = [w(o)dr = [ 71 = 7% ~87,5(m).
0

0 0

Van tbc v,(¢) (m/s) ctia 6 t6 tir lac dugc phanh dén khi dimg hin thod méan
v,(t) = J'(—70)dz=—70t +C, v,(5) =v,(5)=35=C=385. Vay v,(t)=-70t+385.
Thoi diém xe dimg han tuong tng véi ¢ thoa méan v,(t)=0=1=5,5(s).
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Quing duong 6 to di duge tir luc xe duwoc phanh dén khi ding han:

5,5 5,5
S, = j v (t)dt = j (=70t +385)dt = 8,75 (m). Quéing duong can tinh S =8, + S, = 96,25 (m).
5

5

Cau 8: Mot 6t6 dang chay déu v6i van tde 15 m/s thi phia trudc xuat hién chuéng ngai vt nén nguoi
4i dap phanh gap. K& tir thoi diém d6, 6t6 chuyén dong chdm dan déu véi gia toc —a m/s° .
Biét 6t6 chuyén dong thém dugc 20m thi dung han. Hoi a thudc khoang nao dudi day.
A. (3;4). B. (45). C. (5:6). D. (6;7).
Huéng din giai

Chon C. Goi x(l) 1a ham biéu dién quing dudng, v(t) 1a ham vén tdc.

Ta cé: v(t)—v(O)z (—a)dtz—at :>v(t)=—at+15.

oY S

x(t)—x(O)zjv(t)dz=j(—at+15)dt=—%at2+15¢, x(t)z—%aterlSt
0 0
(1) =0 —at+15=0 15 2 45
Ta co: <51, = ——1t+15t=20=t=—=a=—.
x(1)=20 —ar +151=20 2 3 8

Cau9: Mot 6t6 dang chay v6i van tdc 18 m /s thi ngudi lai him phanh. Sau khi him phanh, 6t6
chuyén dong cham dan déu voi van tde v(t) =-36¢+18 (m/s) trong d6 ¢ la khoang thoi

gian tinh bang gidy ké tir lac bat ddu ham phanh. Quing dudng 6t6 di chuyén dugc ké tir luc
ham phanh dén khi dimg han 13 bao nhiéu mét?
A.55m. B. 3,5m. C. 6,5m. D.4,5m.
Huéng dan giai

Chon D. Liy mdc thoi gian 13 luc 6 t6 bit dau him phanh. Goi T 14 thoi diém 6 t6 dimg.
Tacd v(T)=0.Suyra =367 +18=0=T=0,5 (s)

Khoéng thoi gian tir lic ham phanh dén luc dimg han 6 t6 13 0,5 s. Trong khoang thoi gian d6, 6 t6 di

0,5
0

0,5
chuyén dugc quing duong 1a s = j (=361 +18)dt = (—18t2 +18t)‘ =4,5(m).
0

Cau 10: Mot vat di chuyén voi gia tde a(t) = —20(1 + 21,‘)72 (m / sz) .Khi #=0 thi vén toc cua vat 1a

30m /s . Tinh quang duong vat d6 di chuyén sau 2 gidy (lam tron két qua dén chir s6 hang

don vi).
A. S=106m. B. S=107m. C. §=108m. D. §=109m.
Hudéng din gidi:
Chon C. Taco v(t) = J.a(t)dt = _|.—20(l+2t)_2 dt =%+C. Theo dé ta ¢6

v(0)=30< C+10=30 < C =20. Vdy quang dudng vat d6 di duoc sau 2 gidy la:

H 387



Tuyén chon va gidi thiéu: Nguyén Quéc Hoan 0913 661 886

S

2
j[ 10 +20jdt:(51n(1+2t)+20t)‘2:5ln5+100z108m.
o \1+2¢ 0

2

Céu 11: Mot vat chuyén dong véi van tbe v(r)=1,5+ tt +22 (m/s) . Quang duong vat d6 di duoc trong
+
4 gidy dau tién bang bao nhiéu? (lam tron két qua dén hang phan tram).
A. 12,60 m. B. 12,59 m. C. 0,83 m. D. 6,59 m.

Huéng din giai
Chon B. Quing duong trong 4 gidy dau tién (1r t =0 dén t=4)1a

4

h £ +2 } 6 r
s=[|L5+ de=[|1L5+1-2+4——|dt = LSt+—=2t+6Mr+2] | ~12,59 m.
0

t+2 0 t+2

0
CAu 12: Mot tia lira duoc ban théng dimg tr mét dat v6i van tbe 15 m/ s . Hoi sau 2,5 gidy, tia Itta éy
cach mit dit bao nhiéu mét, biét gia toc 14 9,8 m /s> ?
A. 30,625 m. B. 37,5 m. C. 68,125 m. D. 6,875 m.
Huéng din giai

Chon C. * Ham van tdc v(t)=v,+at=15+9,8¢

2,5

5
* Quing duong tia lira di dwoc sau 2,5 gidy la: s = j (15+9,8¢)dr = (15¢+ 4,9z2)\ =68,125 m.
0

2
0
Cau 13: Mot vién dan duoc ban 1én theo phuong thang dtng véi van toc ban dau la 24, S(m / S) va gia

tc trong trudong 13 9, 8(m / SZ) . Quing duong vién dan di tir lac bin 18n cho t6i khi roi xudng

dat 1a (coi nhu vién dan dwoc ban 1én tir mat dat)
A. 61,25 (m) B. 30,625 (m) C. 29,4 (m) D. 59,5 (m)
Huéng din giai

Chon A. Chon chiéu duong tir mat d¢at huéng 1én trén, mdc thoi gian 7 =0 bat dau tir khi vat chuyén
dong. Tacd van tdc vién dan theo thoi gian ¢ la v(t) =v,—gt=24,5-9,8t (m / s)

c AL 2 . ’ A 7 A A M , . Nt g A 5
Khi vét ¢ vi tri cao nhat thi c6 véan toc bang 0 tuong rng tai thoi diém ¢ = 5

Quing duong vién dan di dugc tir mat dit dén vi tri cao nhit 13

5

i 245
o= a9, =22

S(r)=

St

Vay quang duong vién dan di tir lac ban 1én cho téi khi roi xudng dat 1a 2.2;# =61,25 (m) .

Cau 14: Mot luc 50 N can thiét dé kéo cang mot chiéc 10 X0 c6 d6 dai ty nhién 5 cm dén 10 cm. Hay
tim cong sinh ra khi kéo 10 xo tir 4§ dai tir 10 cm dén 13 cm?
A. 1,95]. B. 1,59 1. C. 1000 J. D. 10000 J

Huéng din giai
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Chon A. Theo dinh luat Hooke, khi chiéc 10 xo bi kéo cang thém x m so vdi do dai ty nhién thi
chiéc 10 xo tri lai v&éi mot luc f(x) = kx .Khi kéo cang 10 xo tir 5 cm dén 10 cm, thi n6 bi kéo cang thém

5 em = 0,05 m. Bing cach nay, ta duoc £(0,05) =50 bdi viy: 0.05k =50 = k = 05_05 1000

Do d6: f(x)=1000x va cong dugc sinh ra khi kéo cang 16 xo tir 10 cm dén 13 cm la:

0,05

W :jO 1000xdx = 1000|008 ~1,95J
005 2

Ciu 15: Tai mot noi khong co gio, mot chiée khi cau dang dimg yén ¢ d¢ cao 162 (met) so voi mat dat
da duoc phi cong cai dit cho no ché do chuyén dong di xudng. Biét rang, khi cau da chuyén

dong theo phuong thang dimg véi van tc tuan theo quy luat v( ) =10t —¢*, trong d6 ¢ (phut)
1a thoi gian tinh tir lc bat dau chuyén dong, v(l) dugc tinh theo don vi mét/phiit (m/p ). Néu
nhu vay thi khi bat dau tiép dat van tbc v cta khi cau la

A. v=5(m/p). B. v=7(m/p). C. v:9(m/p). D. v=3(m/p).

Huéng dan giai

Chgn C

Goi thdi diém khi cau bat dau chuyén dong 1a ¢ =0, thoi diém khinh khi cau bat dau tiép dat 1a +,.

Quang dudng khi cau di dugc tir thoi diém ¢ =0 dén thoi diém khinh khi cau bat dau tiép dat 1a ¢,

la

3

j(mr-ﬁ)dtzsﬁ—%:léz 14,93V ~10,93v =9
0

Do v(t)ZO@OStSlO nén chon #=9.
Vay khi bat dau tiép dat van tbc v ctia khi cau 1a v(9) =10.9-9° = 9(m/p)

Ciau 16: Mot 6 to dang chay v6i van toc 10m /s thi nguoi lai dap phan, tir thoi diém do, 6 to chuyén
dong cham dan déu voi van tde v(t) =-5t+ IO(m / S) , trong d6 ¢ la khoang thoi gian tinh
bang giay, ké tir luc bat dau dap phanh. Hoi tir lic dap phanh dén khi dirg han 6 t6 con di
chuyén bao nhiéu mét?
A. 0,2m. B. 2m. C. 10m. D. 20m.
Huéng din giai
Chon C. Ta c6 0 to di dugc thém 2 giay nira voi van tdc cham dan déu v(t) =-5¢+ IO(m/S)

2 :10(m)

0

2 2
Ta c6 quang dudng can tim la: S:JV(I)dI=J.(—5t+10)dt:(—§z2 +101j

0 0

* Lic dimg thi ta c6: v(£)=0=>-5+10=0=>r=2

Ttr lac dap phanh dén luc dimg han, 6 t6 di dugc quang dudng: S = Vot +%a12
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a=-5
Véi {1=2 :>S:10.2+%(—5).22=10(m)
v, =10

* Ap dung cong thirc 1y 10 ta co: v; =V =2.as

Ta con c6 cong thirc lién hé giira van tc va gia toc: v = v, +at
Duya vao phuong trinh chuyén dong thi a =5 (m / sz)

Khi dimg han thi ta ¢ v, = O(m/s)

2 2 2
ViV 0-10 :10(m).
2a 2.(—5)

Theo cong thic ban du, ta duoc s =

Cau 17: Mot vat chuyén dong véi van toe v(¢)=1-2sin2¢(m/s). Quang dudng vat di chuyén trong
khoang thoi gian tir thoi diém ¢=0(s) dén thoi diém ¢ = 37”(5) 1a
3z 3z Vs
A, — . B. —- . C. —- . D. — .
% (m) B 1(m) " 2(m) % 4 1(m)
Huéng din giai

3

3z
(1—2sin2¢)ds (t+cos2t)|0T =3T”—1

o'—.-&“_{"

o
Chon B. Tacod s= Iv
0

Ciu 18: Ban Minh ngdi trén may bay di du lich thé gii va véan téc chuyén dong ciia may bay la
v(t) =3¢* +5 (m/s) . Tinh quang dudng may bay di duoc tir gidy thir 4 dén gidy thu 10.
A. 246 m. B. 252 m. C. 1134 m. D._ 966 m.

Huéng din giai
ChonD. S-= lf(szz +5)dr = (¢ +51)[ =1050-84=996.
4

Cau 19: Mot 6 t6 dang chay v6i toc do 10(m/s) thi nguoi l4i dap phanh, tir thoi diém d6 6 t6 chuyén
dong cham dan déu voi v(¢)=-5¢+10(m/s), trong d6 ¢ la khoang thoi gian tinh bang gidy, ké
tir lic bat dau dap phanh. Hoi tir lac dap phanh dén khi dimg han, 6 to con di chuyén bao nhiéu
mét.

A. 8m. B. 10m. C. 5m. D. 20m.
Huéng din giai

Chon B. Khi 6 t6 ¢6 van téc 10(m/s) tuong tmg véi £=0(s).

Luc 6 to dung lai thi v(t) =0 -5t+10=0 1= 2(5).

Quing duong 6 t6 di chuyén duoc tir lac dap phanh dén khi ding han la:
2
=10(m).

S =|(-5:+10) dt—(—%t2+10tj

o'—.m

0
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Céau 20: Mot chiée 6 to chuyén dong véi van toc v(¢) (m/s), cb gia toe a(t)=v'(¢)= ti (m/sz) :

+1
Biét van toc ctia 6 to tai gidy thir 6 bang 6 (m/ s) . Tinh van tdc ctia 0 t6 tai gidy thir 20.
A. v=3In3. B.v=14. C. v=3In3+6. D. v=26.

Huéng din giai
Chon C. Tacé: v(t)= Ia(t)dt = -[ti_l: 3nft+1]+C.

Lai co: v(6)=6 < 3In7+c=6<c=6-3In7. Suyra v(20)=3In21+6-3In7=3In3+6.
Vay van toc clia 6t0 tai gidy thir 20 bang 3In3+6.

Cau 21: Mot chiéc may bay chuyén dong trén dudng bang véi van toc v(¢) =1 +10¢(m/s) véi ¢ 1a
thoi gian duoc tinh theo don vi gidy ké tir khi may bay bat dau chuyén dong. Biét khi may bay
dat van toc 200(m/s) thi n6 roi duong bang. Quang dudong may bay da di chuyén trén dudng
bang la

A._@(m). B. 2000(m). C. 500(m). D. @(m).
Huéng din giai
Chon A. Goi ¢ 1a thoi gian may bay chuyén dong trén dudng bang (t > 0).

t=10

Khi méy bay roi du’c‘mgbﬁng thi v(t)=200:>t2+10t_200=0<:> . 20(L)

Quing duong may bay da di chuyén trén duong bang 1a

0 10°

10 10 3
S:jv(t)dtzj'(t2+10t)dt=(%+5z2j10 3 15102 = 2%

(m).

0 0

Ciu 22: Mot chiéc xe dua dang chay 180 kmv/h . Tay dua nhan ga dé vé dich ké tir d6 xe chay véi gia
tbe a(t) =2¢+1 (m/s®). Hoirdng 5 s sau khi nhan ga thi xe chay v6i véan tc bao nhiéu kmv/h

A. 200. B. 243. C..288. D. 300.
Huéng din giai

Chon C. Taco v(t)=[a(t)dr = [(2t+1)dt = +1+C.
Mat khéc van toc ban dau 1a 180 km/h hay 50 m/s nén tacé v(0)=50 < C =50.
Khi d6 van tc ctia vat sau 5 gidy la v(5) =5%+5+50=80 m/s hay 288 km/h .

Cau 23: Mot 6 t6 dang chay v6i van toc 20 m/s thi ngudi 1ai xe phat hién c6 hang rao chin ngang
duong & phia trude cach xe 45 m (tinh tir dau xe t6i hang rao) nén nguoi 1ai dap phanh. Tir
thoi diém d6, xe chuyén dong cham dan déu véi van téc v(t)=—5¢+20 (m/s), trong d6 ¢ 1a
thoi gian dugce tinh tir lic ngudi 14i dap phanh. Khi xe dimg han, khoang cach tir xe dén hang
rao la bao nhiéu?

A.4m. B. 5m. C.3m. D. 6 m.

Huéng din giai
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Chon B. * Xe dung lai khi v(t):0<:>—5t+20:O<:>t:4 (s)

* Quéng dudng xe di duoc ké tir lac dap phanh dén khi ding lai la:

}v(t)dt = i(—St + 20)dt=(20t —%)

0 0

4

=40 m

0
* Khi xe ding han, khoang cach tir xe dén hang rao la: 45-40=5m.
Céu 24: Mot chat diém chuyén dong c6 phuong trinh s(7)=¢"+ %ﬁ —6t, trong d6 ¢ dugc tinh bang
gidy, s dugc tinh bang mét. Gia toc cua chat diém tai thoi diém vén tdc bang 24 (m/s) la

A. 21 (m/s?). B. 12 (m/s”). C. 39 (m/s’). D. 20 (m/s*).

Huéng din giai
Chon A
Ta co v(t) =S'(t) =3 +9—-6=24=1=2 (s) Laicé a(t) =s”(t) =6t+9= a(2) =21 (m/sz).
Céau 25: Mot vat chuyén dong c6 phuong trinh v(#)=#—3t+1 (m/s). Quang dudng vat di duge ké
tir khi bat ddu chuyén dong dén khi gia téc bang 24 m/s” 1a
A. Em. B. 20m. C.19m. Q._ﬁm.
4 4
Huéng din giai
Chon D.
Gia toc a(t)=v'(t) =3¢’ -3. Tai thoi diém vat c6 gia toc 24 m/s’thi 24 =37 -3 <¢=3.

Quing dudng vat di duogc ké tir khi bt ddu chuyén dong dén khi gia tbe bang 24 m/s? 1a quing dudng
3
vatditirvitri £ =0 dén vitri £=3. s@3)=|(# —3t+1)d1=¥

0

Ciu 26: Mot vat dang chuyén dong voi van toe 10 m/s thi bat dau ting toc voi gia tde
a(t)=6t+12¢ (m/s’)

Quéng dudng vt di dugc trong khoang thoi gian 10 giy ké tir luc bat dau tang toc 1a

A.@ m. B..11100 m. C. 4300 m. D.93—8 m.
Huéng din giai

Chon B. Vattéc v(t)=[a(¢)dt = [(6+12¢*)dt =3¢ + 46 +C

Tai thoi diém 7=0 (lic bat dau tang toc) thi v(¢)=10 m/s < v(0)=10 < 3.0 +4.0°+C =10
< C=10. Vay v(t)=3+4r +10.

Quiéng dudng vt di dugc trong khoang thoi gian 10 giy ké tir luc bat dau tang tc 1a

S= 1jov(t)dt = 1jo(3z2 +4£ +10)dr =11100 m.
0

0
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Cau 27: Mot vat dang chuyén dong véi van tbe v=20 (m/s) thi thay ddi van toc voi gia tdc duoc tinh
theo thoi gian 7 13 a(¢)=-4+2¢ (m/ s ) . Tinh quang dudng vat di dugc ké tir thoi diém thay

dbi gia tbc dén lac vat dat van tdc bé nhat

104 104

A._Tm. B. 104m. C. 208m. D. ?m

Huéng din giai
Chon A. Van tbc cita vat khi thay doi la v(¢) = [(—4+2¢)dt =" —4t+C.
Tai thoi diém ¢ =0 (khi vt bat dau thay doi van toc) c6 v, =20 = C =20
Suyra v(t)=1"-4t+20. C6 v(t)= (t—2)2 +16>16, suy ra van toc ctia vat dat bé nhat khi ¢ =2
Quang duong vat di dugc trong khoang thoi gian do 1a

2

_1o4

(m).

N :jv(t)dt = j(t2 —4t+20)dt :Gﬁ ~2f +20tj
0 0

0
Ciu 28: Mot chit diém dang chuyén dong véi van tdc v, =15m/s thi tang tbc voi gia toc
a(t)=1+ 4t(m / s2) . Quang duong chat diém d6 di dugc trong khoang thoi gian 3 gidy ké
tir khi bat du tang toc 1a
A. 68,25m . B. 67,25m . C..69,75m . D. 70,25m .
Huéng din giai

3
Chon C. Tacé v(r)=[(7 +4r)dr =%+2t2+C. Theo gia thit v, =15 m/s = C=15.

Quéng dudng chat diém dé di duoc trong khoang thoi gian 3 gidy ké tir khi bit dau ting toc 1a
3/ .3 4 3
o2
S=[|Lv2 +15 |dr=| 4 r 415
3 12 3

Cau 29: Déqdém bao an toan khi lru thong trén duong, cac xe 6 t6 khi ding den do phai cach nhau t6i
thi€u 1m . Mot 6 t6 4 dang chay vdi van toc 16 m/s bong gap 6 t6 B dang ding dén dé nén
6 t6 A ham phanh va chuyén dong cham dan déu véi van tc duge biéu thi boi cong thirc
v, (t) =16—4¢ (don vi tinh bang m/s), thoi gian tinh bang gidy. Hoi rang déco 2 6t A4 va
B dat khoang céch an toan khi dung lai thi 6 t6 4 phai ham phanh khi cach 6 t6 B mdt
khoang it nhat la bao nhiéu?
A. 33. B. 12. C. 31. D. 32.

=69,75.

0

Huéng din giai
Chon A. Tacé: v,(0)=16m/s. Khixe 4 dimghian: v,(¢)=0 <t =4s.

Quéng duong tir lic xe 4 hdm phanh dén luc dimghan 1a s = [ (16 —4¢)dt =32m.

ct—yp

Do céc xe phai cach nhau tdi thiéu 1m dé dam bao an toan nén khi dimg lai 6 t6 A4 phai ham phanh

khi cach 6 t6 B mot khoang it nhat 1a 33m .

Céu 30: Hainguoi 4, B dang chay xe nguoc chiéu nhau thi xay ra va cham, hai xe tiép tuc di chuyén
theo chiéu cuia minh thém mot quang duong nira thi dung han. Biét rang sau khi va cham, mét
nguoi di chuyén tiép voi van toe v, (t) =6 -3¢ mét trén gidy, ngudi con lai di chuyén véi van
toc v, (t) =12 —4¢ mét trén gidy. Tinh khoang cach hai xe khi da ding han.

A. 25 mét. B. 22 mét. C. 20 mét. D. 24 mét.
Huwéng dan giai
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Chon D. Thoi gian ngudi thir nhat di chuyén sau khi va cham la: 6-3t=0 <=2 gidy.

2 2\[?
Quang dudng ngudi thir nhét di chuyén sau khi va cham la: S, = I(6 —3t)dr = [6t —%j =6 mét.
0 0
Thoi gian ngudi thir hai di chuyén sau khi va cham 1a: 12—4¢=0 <¢ =3 gidy.
- 3 3
Quang dudng ngudi thir hai di chuyén sau khi va cham la S, = I(l?. —4r)dr = (12t -2r ) , =18 mét
0

Khoang cach hai xe khi d4 dimg han la: $=5,+S, =6+18=24 mét.

Cau 31: Mot 6 t6 dang chay véi tde do 36(km/h) thi nguoi lai xe dap phanh, tir thoi diém do, 6 to
chuyén dong cham dan déu véi van toc v(t) =-5t+ 10(m/s) , trong d6 ¢ la khoang thoi gian

tinh béqg gidy, ké tir luc bat dau dap phanh. Hoi tir luc dap phanh dén lic dung han, 6 t6 con
di chuyén bao nhiéu mét?
A..10(m). B. 20(m). C. 2(m). D. 0,2(m).
Huéng din giai
Chon A. 36km/h=10m/s. Khi xe dimg thi vAn toc bang 0 = —5¢+10=0=>¢=2(s).

Quing duong xe di dudng tir luc dap phanh dén luc dimg han 1a

5= [v(e)dr = [(-st+10)ds :(—%HOtjz ~10(m).

0

Ciu 32: Mot 6 to dang chay v&i van toc 20 m/s thi nguoi 1ai xe dap phanh. Sau khi dap phanh, 6 to
chuyén dong cham dan déu véi van tdc v(¢) =—4¢+20 (m/s), trong d6 ¢ la khodng thoi gian
tinh béqg gidy ké tir lic bat dau dap phanh. Hoi tir luc dap phanh dén khi dirng han, 6 t6 con
di chuyén dugc bao nhiéu mét?

A. 150 mét. B. 5mét. C. 50 mét. D. 100 mét.
Huéng din giai
Chon C. Dit £, =0 1a thoi diém nguoi 1ai xe 6 t6 bat dau dap phanh, khi 6 t6 ding han thi van toc
triét tifunén —4r+20=0<1¢=5.
Tir lac dap phanh dén khi ding han, 6 t6 con di chuyén dugc quing duong:
5

[(~4¢+20)dt =50 met.

Cau 33: Mot vat chuyén dong véi van tdc 10m/s thi tang tbe véi gia tdc duoc tinh theo thoi gian la
a (t) =t +3¢. Tinh quing duong vat di duoc trong khoang thoi gian 6 gidy ké tir khi vat bt
dau tang toc.

A. 136m. B. 126m. C. 276m. D. 216m.
Huéng dan giai
Chon D.

1pilpe
3 2

6

t t 3 3l‘2t
Tacé v(0)=10m/s va v()= dt = [(£ +3¢)dr =| 2425
aco v(0) s va (1) !a(t)t !(t+t)t (3+2]

6 6
1 3 1 1
uing duong vatdi duocla S=|v(¢)dt = || =£ +=¢* |dt = —t4+—t3J
Quing duimg vt diduge 4 5= [u(n)ar = {3+ 3¢ Jar=( {50+

=216m.

0
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Ciu 34: Mot 6to dang chuyén dong déu véi van toc 20 (m/s) r0i him phanh chuyén dong cham dan
déu voi van toc v(t) =-2t+20 (m/s) , trong d6 ¢ 1a khoang thoi gian tinh bang gidy ké tir lac

bat dau ham phanh. Tinh quing dudng ma 6to di dugc trong 15 gidy cudi cing dén khi dimng
han.
A. 100 (m). B. 75 (m). C..200 (m). D. 125 (m).

Huéng din giai
Chon C. Thoi gian tir lac hdm phanh dén dimg han 1a: —2¢+20=0 < =10 (s).

Quing duong 6to di duogc trong 15 gidy cudi cing la:

10
$=20.5+ [ (<20 +20)dr =100+ (~* +201)| =100+(~100+200) =200 (m).
0

Céu 35: Mot chiéc may bay chuyén dong trén dudng bang véi van toc v(¢) =1 +10¢(m/s) véi ¢ 1a
thoi gian duoc tinh theo don vi gidy ké tir khi may bay bat dau chuyén dong. Biét khi may bay
dat van téc 200(mv/s) thi n6 roi dudng bang. Quang dudong mdy bay da di chuyén trén duong
bang la

A. 500(m). B. 2000(m). c. 2000 (20

3 (m) D._ 3 (m)

Huéng din giai
Chon D. - Thoi diém méy bay dat van toc 200(m/s) la nghiém cta phuong trinh:

t=10

t:_20:>t:10(s).

£ +10t =200 < > +101-200=0 @{

10
2500

(m)

10 3
- Quang dudng may bay di chuyén trén dudng bang la: s = J'(t2 +10¢)dt = (% + 5t2}
0

0

Cau 36: Mot 6 t6 bit dau chuyén dong nhanh dan déu véi van toc v, (t) =Tt (m/ s) .Pidugc S5s, nguoi
1ai xe phat hién chudng ngai vat va phanh gip, 6 t6 tiép tuc chuyén dong cham dan déu véi
gia tbc a =-70 (m/ sz) . Tinh quing duong S di dugc cua 6 to tir luc bat dau chuyén banh
cho dén khi dimg han.

A. S=96,25 (m) B. $=87,5 (m) C. §5=9% (m) D. §=95,7 (m)

Huéng dan giai
Chon A. Chon gbc thoi gian 1a lic 6 t6 bat dau di. Sau Ss 6t dat van toc 1a v(5)=35(m/s).
Sau khi phanh vén toc 6 t6 1a v(#)=35-70(¢=5). O t6 dimg tai thoi diém ¢ =5,5s.

5 5,5
Quéing dudng 6 to di dwoc la § = [ 7edt+ [[35-70(¢—5)]dr =96,25(m).
0 5

Céu 37: Mot chiéc xe dua thé thirc I bat dau ’chuyén dong tang téc v6i gia tbe khong ddi, khi van toc
80 m/s thi xe chuyén dong véi van toc khong doi trong thoi gian 56s, sau d6 nd giam vdi gia
téc khong doi dén khi ding lai. Biét rang thoi gian chuyén dong ciia xe 1a 74s. Tinh quang
duong di dugc cuia xe.

A..5200m. B. 5500m. C. 5050m. D. 5350m.
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Huéng din giai
Chon A. Lan ting tc dau tién xe chuyén dong véi van tde v(t) =at, (a > 0) .
Dén khi xe dat van toc 80m/s thi xe chuyén dong hét ¢, = %(s) )
Lan giam tdc, xe chuyén dong véi van toc v, =80-bt, (b>0).

Khi xe dimg lai thi xe chuyén dong thém dugc t, = %(s) .

Theo yéu cau bai toan ta co @+56+%—74<:>& @ =18.
a a
80
Tacod S, = ].atdt = ja tdt =l&(m) S, =80.56(m).
0 0 2 a
80
S, =b] (80-bt)dt = [ (80-br)at =L 22 (m)
M . 2° b '
1 80 80
Vay quéng duong xe chay dugc 1a S, 580 —+? +80.56 =40.18+80.56 =5200(m).
a

Ciu 38: Mot 6 to chay voi van toc v (rn/s) thi gdp chudng ngai vt nén ngudi 1ai xe dap phanh. Tu
thoi diém do 6t6 chuyén dong cham dén v6i gia toc a =—8¢(m/s”) trong d6 ¢ 1a thoi gian
tinh bang gidy. Biét tir lac dap phanh dén khi dimg han, 6 t6 con di chuyén dwoc 12m . Tinh

vy ?
A. /1296 . B. 3/36. C. 1269 D. 16,
Huéng din giai
Chon A.

a=—8t(m/sz):>v=I—8tdt=—4t2+C.
Tai thoi diém ¢ =0 thi van toc clia vat 1a v, (m/s) néntaco v, =C, vy v=—4t +v,.

Tai thoi diém 7, van toc cta vat1a 0 néntacod 0=—dt +v, <4t =v,. Taco

2
: 4t 41,’ 36 :
_[(: (—4t2+v0)dt=12<:>— ;0 +vt, =12 & - ;0 +4t03=12 Sty = > :>v0:4.( ;6] =3/1296

Céu 39: Mot bac tho xdy bom nude vao bé chira nudce. Goi h(t) 1a thé tich nude bom duoc sau t gidy.
Cho h’(t) =3at” + bt va ban dau bé khong c6 nude. Sau 5 gidy thi thé tich nudc trong bé 1a
150m* . Sau 10 gidy thi thé tich nuc trong bé 1a 1100m° . Hoi thé tich nudc trong bé sau khi
bom dugc 20 gidy la bao nhiéu.

A. 8400m” . B. 2200m". C. 6000m”. D. 4200m’
Huéng din giai

Chon A

a=1

) S a+L 55 =150
2 =
{b =2

Taco h(t J(3at +bt)dt = at’ +%. Khi do ta c6 h¢: |
103.a+5.b.102 =1100

Khi d6 h(t)=r +¢*. Vay thé tich nuéc trong bé sau khi bom dugc 20 gidy la /(20) =8400m".
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Cau 40: Goi h(t) (cm) la mirc nudc trong bdén chira sau khi bom dwoc ¢ gidy. Biét rang
W (r)= %i/t +8 va luc dau bon khong co nude. Tim mitc nude & bon sau khi bom nude duge 6 gidy

(chinh x4c dén 0,01 cm)

A. 2,67 cm. B. 2,66 cm. C. 2,65 cm. D. 2,68 cm.
Chon B. * Ham A(7) :J'%x3/t+8dt :23—0(t+8)\3/t+8 +C

e Luc #=0, bon khong chtra nudc. Suy ra h(0)=0:>%+C=O<:>C=—%

Vay, ham #(r) =2io(t+8)\3/t+8 —%

 Mirc nude trong bon sau 6 gidy la h(6) ~ 2,66 cm.

Ciu 41: Khi quan sat mot dam vi khuan trong phong thi nghiém ngudi ta thy tai ngay thir x ¢ s6

luwong la N(x) . Biét rang N'(x)= 2000

A va lac dau sb lugng vi khuan 14 5000 con.Vay ngay
+Xx

thir 12 s6 lugng vi khuan 14?
A. 10130. B. 5130. C. 5154. D. 10129.
Huéng din giai
Chon A. Thyc chat day 1a mot bai toan tim nguyén ham. Cho N’ '(x) vaditim N (x) .

2000

17L X
lugng vi khuan 1a =10130 con.

Taco j dx =2000.1n|1 + x|+ 5000 ( Do ban dau khéi lugng vi khuan 1a 5000).Véi x =12 thi s6

4000
1+0,5¢

dam vi tring c6 250000 con. Hoi sau 10 ngay s6 lugng vi tring gan vai s6 ndo sau ddy nhat?
A. 251000 con. B. 264334 con. C. 261000 con. D. 274334 con.

Chen B. * N(t)=| 110(;); dr =8000.1n[1+0,5¢/+ C

Chu 42: Mot dam vi tring tai ngay thir  ¢6 s0 luong 1a N(7). Biét rang N'(¢)= va luc dau

* Luc dau c6 250000 con, suy ra N (0) =250000=> C = 250000
* Vay N(1)=8000.In1+0,5¢|+250000 = N (10) ~ 264334,0758.

va ltc dau dam vi

Cau 43: Mot dam vi trung tai ngay thir ¢ ¢6 s6 luong N(7) , biét raing N'(¢) = 3(1020
trung ¢6 300000 con. Sau 10 ngay, dam vi trung c¢6 khoang bao nhiéu con?
A. 302542 con. B. 322542 con. C. 312542 con. D. 332542 con.
Huéng din giai

Chon C. Taco N(1)=[N'(t)dt = | %dt =70001In |¢+2|+C
+

Do N(0)=300000= C =300000-70001n2

Khi do N(10)=70001n12+300000—-7000In2 =312542.
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Ciu 44: Tdéc d6 phat trien ctua sb lugng vi khuan trong hdé boi dwoc md hinh boi ham sb
, 1000 £ . AA X s s
(t) =——,120, trong do B(t) la s6 lugng vi khuan trén moi m/ nudce tai ngay thir
(1 +0, 3t)
t. S6 lugng vi khuan ban dau 13 500 con trén mot m/nudc. Biét rang mirc do an toan cho
nguoi st dung ho boi 1a s6 vi khuan phai dudi 3000 con trén moi m/ nudc. Hoi vao ngay thir
bao nhiéu thi nude trong ho khong con an toan nira?

A.9 B. 10. C. 11. D. 12.

Huéng din giai

1000 1000
Chon B. Taco |B'(t)dt= | ———dt=——"———+
' JB) I(1+0,3t)2 0,3(1+0,31)
Ma B(O)=500<:>——10000 +C:500<:>C=—11500. Do d6: B(1)=— 10000 +11500
3(1+0,3.0) 3 3(1+0,3¢) 3
Nudc trong hd van an toan khi chi khi B(t)<3000<:>— 10000 +11500<3000<:>t<10

3(1+0, 31) 3
Vay ké tir ngay thtr 10, nude hd khong con an toan.

Cau 45: Hat electron c6 dién tich am 1a 1,6.107"°C . Néu tach hai hat eletron tir 1pm dém 4pm thi
cong W sinhrala
A W =3,194.107° J. B. W =1,728.10" J.

C. W =1,728.10" J. D. W =3,194.107"° J.
Huéng din giai

b
Chon B. * Ap dung cong thirc 4= j%
X

Trong d6: k=9.10°; a=1pm=10"m; b=4 pm=4.10" m; q,=q, =1,6.10°C
+1079.10°,(1,6.10")’

2
X

41072

=1,728.10"° J.

* Suyra: 4= dx =2,304.10" (—lj
X

10712 10712
Cau 46: Trong mach may tinh, cuong d6 dong dién (don vi mA) 1a mot ham sb theo thoi gian ¢, voi
1(t)=0,3-0,2¢ . Hoi tong di¢n tich di qua mot diém trong mach trong 0,05 gidy la bao nhiéu?
A. 0,29975 mC. B. 0,29 mC. C. 0,01525 mC. D. 0,01475 mC.
Huéng din giai
0,05

0,05 0,05 t2
ChonD. g= [ I(r)dr= I(O,3—O,21)dt=[0,3t—ﬁj =0,01475 mC.

0 0

0
Céu 47: Dong dién xoay chiéu hinh sin chay qua mot doan mach LC c6 ¢6 biéu thirc cuong do 1a

v . K Py NPTV , A , <1y A
i(t) =1, cos(wt—zj. Biét i = ¢’ voi gla dién tich tuc thoi ¢ tu dién. Tinh tir luc =0, dién

luong chuyén qua tiét dién thang cta day dan ctia doan mach dé trong thoi gian bang 71
1)

21, 21, 7,
RKALL B. 0. C. =, D. —~.
w w 60\/5
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Huéng din giai

Chon C. Pién luong chuyén qua tiét dién cta diy dan ciia doan mach trong thoi gian tir 0 dén T 1a
@

T

o 21,

«

. @ I, .
q= Il(t)dt = _([10 cos(a)t—%jdt =E°s1n(a)t—§j

0

0
Chu 48: Khi mot chiéc 16 xo bi kéo cing thém x(m) so véi do dai ty nhién 1a 0,15(m) cia 16 xo thi
chiéc 16 xo tri lai (chéng lai) voi mot luc f (x) =800x. Hay tim cong W sinh ra khi kéo 10 xo
tr do dai tir 0,15(m) dén 0,18(m).
A. W =36.10"J. B. W =72.10"J. C. W =36J. D. W =72J.
Huéng din giai
Chon A. Cong dugc sinh ra khi kéo cang 10 xo tir 0,15m dén 0,18m la:

0,03
W= | 800xdx=400x|;=36.107.
0
Chii y: Néu lyc la mét gid tri bién thién (nhu nén 16 x0) va duge xdc dinh béi ham F(x) thi cong

b
sinh ra theo truc Ox tir a t6i b 1a 4 =IF(x)dx.

Cau 49: Mot dong dién xoay chiéu i = Ipsin (277” + (pj chay qua mot mach dién cé dién tro thuan R.
Hay tinh nhiét lugng Q toéa ra trén doan mach dé trong thoi gian mét chu ki T.
RIO2 T ng T ng T RIO2 7
2 3 4 5

Huéng din giai

T T o r1= cos2(+¢)
Chon A. Tac: Q= [Ri’dt = [RI; sin’ (T t+¢)]dt = RI j T g
2
0 0

_RE (T (2 )
t——sin2| —t+¢@
2 4r T

Cau 50: Dat vao mot doan mach hiéu dién thé xoay chiéu u = Uy sinz—ﬂt. Khi d6 trong mach c6
T

r 2

_Rl g
2

0

dong dién xoay chiéu i = Ipsin (%t+¢j vol @la do 1éch pha gifra dong dién va hiéu

dién thé.Hﬁy Tinh cong ciia dong dién xoay chiéu thuc hién trén doan manh d6 trong
thoi gian mét chu ki.

U°2[° cosQ . B. Yol Yoly

A.

Tsing. C. Tcos(p+ ). D.._ U°2[° Tcosq
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Huéng din giai

T

T
, ) . (27 . 27 1 A
Chon D. Tacoé: A= |uidt=|U,l —1t+ —tdt = — - il
on aco juz 0 0 0s1n( T (ojsm T U010£2(00S¢ cos( T t+(p) dt

0

—%il cos —cos(4—”t+ j dt—UOIO tcosqo—isin(4—”t+(pj
IR r Y 2 4z \ T

Cau 51: Dé kéo cing mot 10 xo co do dai tw nhién tr 10cm gén 15cm cin lyc 40N | Tinh cong (A4)
sinh ra khi kéo 16 xo ¢6 d¢ dai tir 15¢m dén 18cm,
A. A=1,56 (J). B. 4=1(J). C. 4=2,5 (J). D. 4=2 (J).
Huéng din giai

T
UOIO

Tcosep -

0

Chon A

Theo Pinh luat Hooke, luc can ding dé giir 16 xo gidn thém x mét tir 4o dai ty nhiénla 1 (x) =kx, voi
k(N/m) 1a 46 ctmg cua 16 xo. Khi 10 xo duge kéo gidn tir d dai 10cm dén 15cm, lugng kéo gian 1a

5 cm=0.05 m. Diéu nay cé nghia f(0.05)=40, do d6: 0,05k =40 < k = % =800(N/m)

Vay f (x) =800x va cong can dé kéo dan 16 xo tir 15¢m dén 18cm la:
0,08 (008 , ,
A= OJ;SSOde =4002°|)"" =400[ (0,08)" ~(0,05)" | =1,56 ()
CAu 52: Mot thanh AB c6 chiéu dai 1a 2a ban diu ngudi ta giit thanh & goc nghiéng o = &, , mot dau
thanh tira khong ma sat v6i buc tuong thang dmg. Khi budng thanh, né s¢ truot xudng dudi
tac dung ctia trong Iyc. Hay biéu dién goc « theo thoi gian t (Tinh bang cong thirc tinh phan)

At=—] da . B.i=-| da .
3 . . 3g . .
% |——(sina, —sina ) % == (sina, +sina )
2a 2a
C.t=—| da . D.t=—| da
3g . . 3g . .
% [~ (sina, —sina ) % = (sina, —sina )
a 2a

Huéng din giai
Chon D. Do trugt khong ma sat nén co nang cua thanh dugc bao toan

mgasina, =mgasina+K_+K, (1)

Do khdi tim chuyén dong trén dudng tron tim O ban kinh a nén: K, =

H 400



Tuyén chon va gidi thiéu: Nguyén Quéc Hoan 0913 661 886

Pong ning quay quanh khdi tam: K, = Ela)2 = %ém@a)za 2= %maza »

»

X 2 . .
Thay vao (1) ta duoc: 39¢ ? = g(sina, —sina)

a'=—\/3—g(sinao—sina) t:_,[ da
2a

Véi p(x) 1a ham biéu thi biéu thi gi4 ma mot cong ty dua ra dé ban duoc x don vi hang héa.
Cau 54: ¢ 1a s6 luong san pham di ban ra, P = p(a) 1a muc gia ban ra tmg véi s6 lugng san phiam

laa.
Cho p=1200-0,2x—0,0001x2, (don vi tinh 1a USD). Tim thing du tiéu ding khi sé lugng san
pham ban 1a 500.
A. 1108333,3 USD. B. 570833,3 USD. C. 33333,3 USD. D. Dap an khac.

Huéng din giai
Chon C. Ap dung cong thirc trén voi a =500; P= p(a) = p(SOO) =1075.

500

500 2 3
Suyra 1= [ (1200-0,2x~0,0001x> 1075 )dv =| 125y -~ ——
) 1030000 )|

Cau 55: Mot vat chuyén dong trong 4 gio v6i van toc v (km/ h) phu thudc thoi gian ¢ (h) c6 do thi
1a mot phan ctia dudng parabol ¢6 dinh 7(1;1) va truc d6i ximg song song vdi truc tung nhu
hinh bén. Tinh quing duong s ma vat di chuyén duoc trong 4 gid ké tir lic xudt phat.

~33333,3 USD

A. 5 =6 (km). B. s =8 (km). C.s= ? (km). D. 5= 43—6 (km).

Huéng din giai
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Chon C. Ham biéu dién vén toc co dang v(t) =at® +bt +c. Dya vao d0 thi ta co:

c=2
a=1
—=1 oib="2ev(t)=r"-2t+2.
2a _5
a+b+c=1 €=
L. . ~ \ a7 ¢ 2 40
Véi t=43v(4)=10 (théaman). Tu do s:J.(t —2t+2)dt=?(km)-
0

Ciu 56: Mot vat chuyén dong trong 3 gio v6i van toc v (km/ h) phu thudc vao thoi gian ¢ (h) ¢ dd
thi van tbc nhu hinh bén. Trong khoang thoi gian 1 gio ké tir khi bat dau chuyén dong, do thi
d6 1a mot phan ciia duong parabol ¢ dinh 7 (2;5) va tryc ddi xtng song song véi truc tung,

khoang thoi gian con lai db thi 1a mot doan thang song song véi truc hoanh. Tinh quing duong
ma vat di chuyén dugc trong 3 gio do.

A. 15 (km). g._% (km). C. 12 (km). D. 33_5 (km).
Huéng din giai

Chon B. Parabol ¢6 dinh 7(2;5) va di qua diém (0;1) c6 phuong trinh y =—x* +4x+1.

Il

o k.
Il

W | o0

1 3
\ X
Quang duong vat di dugc trong 1 gio dau la: S, = I(—x2 +4x+ 1) dx = (_x? +2x% + xj
X
0
Quang duong vat di dugc trong 2 gio saula S, =2.4=8

Vay trong ba gio vat di dugc quang duongla S=S5,+S, = §+ 8= % (km)

Céu 57: Mot vat chuyér} dong trong 3 gio v6i van toc v (km/h) phu thuc vao thoi gian
t (h) c6 do thi 1a mot phan cua duong parabol cé dinh 7(2;9) va truc do1 xirng song song
v6i truc tung nhu hinh bén. Tinh quing duong s ma vt di chuyén duoc trong 3 gid do.

A. s = 24,25 (km)

B. s =26,75 (km)
C. s =24,75 (km)
D. s = 25,25 (km)

Huéng din gidi
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Chon C. Gia st phuwong trinh chuyén dong cua vat theo dudng parabol
v(t): at’ +bt+c (km/h).

c=6 c=6 ;
Tacd: (4a+2b+c=91b=3 =v(t)=—+1 +3t+6.

—b_, a3

2a 4

Viay quang dudong ma vat di cfluyén dugc trong 3 gio la:
3

s :f[_—3r2 +3t+6]dt =2 24,75,
o 4 4

Huéng din gidi
Gia str phuong trinh chuyén dong cua vat theo duong parabol v(t) =at’ +bt+c (km / h) .

c:i c=0

Ta c6: %+5+c:8@ b=32 = v(t)=—32¢+32.
b1 a=-32
2a 2

Vay quing duong ma vat di chuyén duoc trong 45 phut 1a:
3/4

5= f(—32z2 +32t)dr :%: 4,5. ChonC
0

Céu 58: Mot vat chuyén dong trong 4 gio v6i van toc v (km/h) phu thudc thoi gian
t (h) c6 d thi van tbc nhu hinh bén. Trong khoang thoi gian 3 gid ké tir khi bat dau %}
chuyén dong, d6 thi d6 1a mot phan ciia dudng parabol c6 dinh 1(2;9) véi truc ddi
xtng song song voi truc tung, khoang thoi gian con lai d6 thi 1 mot doan thang

song song véi truc hoanh. Tinh quing dudng s ma vat di chuyén dugc trong 4 gio d6 ?

A. 26,5 (km)
B. 28,5 (km) ol
C. 27 (km)
D. 24 (km)

Huéng din gidi
Gia str phuong trinh chuyén dong cua vat theo duong parabol v(t) =at’ +bt+c (km / h) .

c=0 c=0 9

Tacod: {4a+2b+c=9<1b=9 :>v(t):_7t2+9t.
—b_, g2
2a | 4

27 . . . 7
Taco v(3) = T suy ra phuong trinh chuyén dong cua vat toc theo duong thang la y = T
. Vay quing dudng ma vat di chuyén dugc trong 4 gid la:

3 4
s:f Dp o dt+f£dt:27. Chon C
0 4 3 4
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Cau 59: Mot vat chuyén dong trong 3 gio v4i van toc v (km/h) phu thude vao thoi
gian 7 (h) co d6 thi van tdc nhu hinh bén. Trong khoang thoi gian 1 gio ké tir khi bat
dau chuyén dong, do thi d6 1a mot phan cia dudng parabol ¢6 dinh 7(2;9) va truc doi

ximg song song vai truc tung, khoang thoi gian con lai do thi 1a mot doan thang song
song voi truc hoanh. Tinh quang duong s ma vét di chuyén dugce trong 3 gio do (két
qua lam tron dén hang phan tram).

A. s =23,25 (km) B. s =21,58 (km)
C. s =15,50 (km) D. s =13,83 (km)
Huéng din giai

Gia str phuong trinh chuyén dong cua vat theo duong parabol v(t) =at’ +bt+c (km / h) .

c=4 c=4

Taco: {4a+2b+c=9<{b=5 :>v(t):_75t2+5t+4.
—b_, ]
| 2a 4

31 . . . 31
Taco v(l) = ? suy ra phuong trinh chuyén dong ctia vat toc theo duong thang 1a y = ?
Viy quing dudng ma vét di chuyén dugc trong 3 gio 1a:
1 3
=5 31 259
5= f[—ﬁ +5t+4]dt+f—dt ==~ ~21,58. ChenB
o L4 4 12
Céu 60: Mot vat chuyén dong van toc ting lién tuc duoc biéu thi bang db thi

1a duong cong parabol c6 hinh bén dudi.
Biét rang sau 105 thi vat d6 dat dén véan tc cao nhét va bat dau giam toc.

50f---—

Hoi tir lac bit dau dén lac dat van tdc cao nhét thi vat d6 di duoc quang duong

bao nhiéu mét?

A. 300m. B. @m
o 1100 p, 1000
3 3

Huéng dan giai
Chon D. Gia st van toc ctia vat biéu dién bsi ham sb (P):v(t)=at’ +bt+c (a#0).

Dua vao do thi ham sb ta co (P) diqua O(0;0) vaco dinh 7(10;50).

c=0 c=0 c=01

=1100a+10b=50 = 110a+b=5 < qa=-= :>(P):v(t)=—%ﬁ+101. Luc bt dau: ¢ =0s;
b1 20a+0=0 |, o
2a

luc dat vén tdc cao nhit: 1 =10s.

Vay quing duong van d6 di dugc ké tir luc bat dau dén lic dat van toc cao nhat la:
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12 12 1 1000
- de=|| —=£+10¢ |dr = —=.
S Iv(t) t J.( t+ Zj t 3

0 0

Chu 61: Dam vi khuan ngdy thir x c6 s6 lugngla N(x).Biétrang N'(x)= ?000 va lac dau s6 luong

+ X
vi khuan 12 5000 con. Vay ngay thtr 12 sb lwong vi khuan (sau khi 1am tron) 1a bao nhiéu
con?
A..10130. B. 5130. C. 5154. D. 10132.

Huéng din giai
Chon A.

2000
1+x

Tacé: [N'(x)dx= | dx =20001In[1+ x|+ C = N (x)=2000In[l+ x|+ C.
Khi x=0 = N(0)=20001In[1+0|+C =5000 = C =5000.
Khi x=12 = N(12)=20001n|1+12|+5000 =1030.

10000
1+2¢

Cau 62: . Goi F (1) la sb luong vi khuén phat trién sau ¢ gid. Biét F(¢) théaman F'(¢)= Voi

V¢ >0 vaban du c6 1000 con vi khuan. Héi sau 2 gid sd lugng vi khuan 1a
A. 17094. B. 9047 . _C. 8047. D. 32118.
Huwéng dan giai
Chon B.

1

Taco F(t)=[F'(f)dt=| 1Ofg? dt =50001In(1+2¢)+C.

Ban déu c6 1000 con vi khudn= F(0)=C =1000 = F (¢)=50001n(1+2¢)+1000.

Suy ra s vi khuan sau 2 gid la F(2)=50001n5+1000 = 9047
Cau 63: Dong dién xoay chiéu hinh sin chay qua mach dao déng LC li tuéng c6 phuong trinh

. T \ - . 1] 7. \ [N , I \ . , \ I
i=1I, sm(wt +E] .Ngodira i=¢'(t) voi ¢ la dién tich tirc thoi trong tu. Tinh tir lac ¢ =0,

dién luong chuyén qua tiét dién thang cua ddy dan ctia mach trong thoi gian 21 la
w

AT B. 0. ¢ ™2 . Jo.
w2 w W
Huéng din giai
Chon D.

Tinh tir lac ¢ =0, dién lugng chuyén qua tiét dién thang ctia ddy dan ctia mach trong thoi gian 21
w

2 I
la: S= _[IO sin[wt+£jdt =——°cos(wt+£j
2 2

0 w

T
2w

0

1 1 1
=20 cos| w4 Z | —cos| w0+ Z || =—22 cos(7)—cos Zll=2e,
w 2w 2 2 w 2 w
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PE KIEM TRA 168 (dé gom 02 trang)

Cau 1. Cho [ f(x)dx =e"cosx+C, C lahings6. Khid6 f(x) bang

A. e*(cosx—sinx) B. e"(cosx+sinx) C. e' —sinx D. —e*.sinx
3
Cau 2. Mot nguyén ham ctia ham s6 f(x) = In"x la
3 2 2 4
A'lnx B. 3In“x C. In” x D. In™ x
X x2 2 4
Cau 3. F(x) = (ax’ +¢)Inx 12 mot nguyén ham ctia ham s6 f(x) = 2x(2Inx+1). Khi d6
A a=2,c=0 B. a=-1,¢c=2 C. a=1c¢=0 D. a=4,c=2
Cau 4. Nguyén ham cua ham s6 f(x) :;3 la
<1+x2>
A *_iC B 2x +C C *__iC D ;+C
V1+x? V1+x? 241+ x? 21+ x2
Cau 5. Mot nguyén ham ctia ham s6 f(x) = — — la
smm- x
A. ln|sinx|+x.c0tx B. cotx C. ln|sinx|—x.cotx D. —cotx
) . 1
Cau 6. Mot nguyén ham ctia ham s6 f(x) = 1a
Ot nguy S (x) PR
A, 2%x -3 B. 2Vx+33x+6%x C. 2x-3x+6¢x-6In(Yx+1) D. 3¥x+6¥x
Cau 7. Nguyén ham clia ham sb fx)=(2x+1)’ 1a
A. é(2x+1)6 B. %(2x+1)6 +C C. %(2x+1)6+C D. %(2x+1)6 +1

Cau 8. F(x) la mot nguyén ham cua f(x)=2sinxcosx va F(%) =2. Khi d6 F(0) bang

A. —l B. l C. é D. é
2 2 2 2
Cau 9. Nguyén ham ctia ham s f{x) = x(2x2 + 1)10 la
A. i(zxz +1)" B. L(2x2 +1) +c C. é(2x2 +1) +C D. 5(2x2 1)
44 44 2 2

Cau 10. Ky hiéu K la khoang hodc doan hoac ntra khoang cuia R. Cho ham sb f(x) xac dinh trén
K. Tandi F(z) duoc goi 1a nguyén ham ctia ham s6 f(z) trén K néu nhu:

A. F(z) = f'(z) +C, Clahang sb tuy y B. F(z) = f'(z)
C. F'(z) = f(z)+C, Clahang s tuy ¥ D. F'(z) = f(z)
Cau 11. Ménh d nao dudi day 12 sai

A. I[f(x) + g(x)]dx = J.f(x)dx + J.g(x)dx , V6i moi ham f(x), g(x) lién tuc trén R.
B. I[f(x) —g(x)]dx = _[f(x)dx—_[g(x)dx , voi moi ham f(x), g(x) lién tuc trén R.
C. jkf(x)dx = k_[f(x)dx v6i moi hang sb k va véi moi ham f(x) lién tuc trén R.
D. If’(x)dx = f(x)+C véi moi ham f(x) c6 dao ham trén R.
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1
sin* x

Cau 12. Cho ham s f(x) = . Néu F(x) 1a mot nguyén ham ciia ham s6 f(x) va d6 thi ham s

y=F(x) di qua M (g;oj thi F(x) 1a

1 e

A. — —cotx B. \/E—cotx C. 7—cotx D. —cotx+C

7

Cau 13. Tim nguyén ham F(x) ctia ham s& f(x)=cosxv/'sin x+1

A. F(x):%sinXx/sinx+1+C B. F(x):%(sinx+1)x/sinx+1+C
C. F(x)=2(sinx+1snx+1+C D. F(x)=1=2Snx-3sn"x
3 2Jsinx+1
In(1
Céu 14. Tinh | In(inx) o
X

A. Inx.In(Inx)+C. B. Inx.In(Inx)+Inx+C.
C. Inx.In(Inx)-Inx+C. D. In(Inx)+Inx+C.

(x—m)cos3x 1 | e
~——+—sin3x+C.Tinh gid tricta m+n+p.
n p

A. 14 B. 10 C.9 D.-2

Cau 15. Gia sir rang J.(x—2)sin 3xdx = —

Céu 16. Mot nguyén ham cua ham s6 f(x)= 2x(x2 + 1)4 thoa man F(0) =§ la:

x2+14.2x+ szrl3 x2+15
(el 2eell)] 7 p )
2 10 5
C. x(* +1) +2.8 D. Pép an khac.
55
Cau 17. Mot nguyén ham ctia ham s& f{x)=e>' + Bx+1)° 1a
3x+1 1° 3x+1
© +L(3x+1)6 B. 3¢ +l(3x+1)6 C. ™ +(3x;) D. & +—(3x+1)6
18 2 6 6
A A 1a L1 s £ sin/x .
Cau 18. Nguyén ham ctia ham s6 f{x) = N la
X
A. 2siny/x +C B. —2sin+/x +C C. 2cosv/x +C D. —2cos/x +C
Cau 19. Ham s6 f{x) = b c¢6 nguyén ham trén mién nao dudi day
COS X
A (0: B. (n:2 C. _E;Ej D_[_E;E}
(0;m) (m; 2m) ( ) )
Céu 20. Cho [f(x)dr=Inx—x"+C (Clahangsd). Khidd f(x) bing
3
A - fxlnx-x B. e"‘+lx3 C. —2)c+l D. 2x+i2.
3 3 X X
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2 —
Cau 1. Biét F(x) la mot nguyén ham cta ham sé f(x) = x—x1+1 va F(0)=—-2.Tinh F(2)?

A. -2 B. 0 C.1 D.2
Cau 2. Cho ham s f{x)=3x* +cosx . Ham s6 ndo sau ddy la mot nguyén ham cia £ (x)
3
A. %Jrsinx B. 6x—sinx C. x’ —sinx D. x’ +sinx

Cau 3. Cho [f(x)dr=In(x"+1)+C, C lahings6. Khidd f(x) bing

A = B. — C. n(+*+1) D.
x“+1 x“+1 x“+1
3x% +1
Cau 4. Nguyén ham cta ham s6 f(x) = la
X + X
2 3 6x -2
A. In(3x“+1)+C B. In|x" +x|+C . — —+C D. ———+C
3x7+1 (x” +x)
Cau 5. Nguyén ham cua ham s§ f{x) =™ *.sin2x 1a

A Sy C B. ¢ 4 C C. e 4 C D. ¥ +C
Cau 6. Gia tri m dé ham s6 F(x) = mx> + 3m + 2)x* — 4x + 3 12 mot nguyén ham cta ham s6
fix)=3x" +10x -4 la:

A m=3 B. m=0 C.m=1 D. m=2
Cau 7. Mot nguyén ham clia ham s6 f(x) = x /x> +9 Ia

ﬂ B 3<x +9) S C. Ix*+9 D.

A. .
2 8 Ix? +9

Cau 8. Mot nguyén ham ctia ham s6 f(x) = voi x =0, 12

1
x\/1+x2
Va? +1+1 11 ¥ +1-1 x% +1

B. n——— C. h——— D. In

[+ x [+ [+

A. In

Cau 9. Mot nguyén ham ctia ham s6 f(x) = Iny/2x, 12

A. x1n2—L B. xIn2+x C. xln2+l D. xIn2x-x
2x X 2
Cau 10. Him s6 f(x) thdoaman f'(x) = CO”; Khi d6 f(x) bing
A. cos’x+C B. sin2x+C C. 2sinx+C D. /2sinx+C
Cau 11. Tim _[x—+3dx
X +3x+2
A.J‘#dx:21n|x+1|—1n|x+2|+C B[ Y13 = —Infx+ 1)+ 20nfr+ 2]+ C
x +3x+2 X +3x+2
C.J‘zx;?’dx=21n|x+1|+1n|x+2|+C D.J.zx;g)dx=ln|x+l|+21n|x+2|+C
X +3x+2 x +3x+2

Cau 12. Biétring [e™ cos3xdx =e™ (acos3x + bsin3x)+c, trong d6 a, b, ¢ 1a cac hang s0, khi d6 tong
at+bcogiatrla
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1 B >

Qe 2 c2 D. -
13 13 13

13
Cau 13. Gia sir ham s y= f(x) lién tuc, nhan gia tri dwong trén khoang (0;+) va thoa min
F(1)=1; F(x)= F'(x3x+1,¥x> 0. Ménh d& nao dung trong cic ménh d& dusi day
A. max f(x)>3 B. max f(x)<1 C.2<max f(x)>3 D. max f(x):§
xe[ 2:4] xe[ 2:4] xe 2:4] x24] 2
Cau 14. Thoi gian va van tdc cia mot vat khi no dang trugc xubéng mit phang nghiéng duge xac
dinh béi cong thirc Iﬁdv (gidy). Chon gdc thoi gian 1a luc vat bat dau chuyén dong. Hiy tim

phuong trinh vén tdc.

3t 3t
A. Q—ge 2 B. §+§e 2
3 3 3 3
_3t 3t 3
C. E—Ee 2 h0§1c§+§e 2 D. 4+4e 2
3 3
Cau 15. Ho nguyén ham cua f(x)=x’ I N
x(x+1)
3 3
AX ml X e B. X——ln|x(x+1)|+C
3 x+1 3
3 3
X gl X e p.X L[ X ic
2 2 |x+1 3 2 |x+1

Cau 16. Cho ham sd f(x) = = Tim nguyén ham cta ham sb g(t) = cost.f(sint) , VOi

xX*Al-x

A. F(t)=—tant+C. B. F(t)=—cott+C. C. F(t)=tant+C. D. F(t)=cott+C.

. N ; 1+sinx .
Cau 17. Mot nguyén ham cua ham so f(x) = e, la
I+cosx
: X X X 1
sin x e’ cosx e e sinx
A. B. C—— D.
1+cosx I+cosx (1+cosx) I+cosx

Cau 18. Mot nguyén ham ctia ham s6 f(x) = ln(x 1+ X ) ,la

A. xln(x+\/1+x2)—\/1+x2 B. x++1+x? C. 1n(\/1+x2—x) D. x—+1+x?

Cau 19. Ham s6 F(x)=tan’ 2x 1a mot nguyén ham ciia ham s6

2 2
6tan” 2x C. 6tan2x D 3tan” 2x

cos’2x cos?2x

A. 3tan’ 2x

Cau 20. F(x)=cos’x 1a mot nguyén ham ciia ham s
A. 2cosx B. —2cosx C. sin2x D. —sin2x.
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PE KIEM TRA 368 (dé gom 02 trang)

1 5

Cau 1. Mot nguyén ham cia ham s6 f(x) = la
eF+2
A, In(e +2) B. In(e" +2) c. I +2) D. l1n[ ¢ J
e e 2 (5 +2
Cau 2. F(x) la mot nguyén ham ctia ham s6 f(x) = —— 5 va F(0)=1.Khi d6 F(x) bing
+

A1 B L 1 c 4+ v 7 p_= , T 2

2x+1 2x+1 32x+1) 2x+1 42x+1) 8(2x+1)?> 8 42x+1) 8(2x+1)> 8
Cau 3. Nguyén ham cta ham s6 f(x) = ! ,la

x> -9
\/x2—9—x Vx2—9+x +C C. 2\/x2—9+C D. Vx2—9+C

Ciu4. Cho [f(x)dr=Inx—»"+C (Clahangsd). Khido f(x) bing

A. In +C B. In

e 1 | 1
A ——+xlnx—x B. e"+—x C. 2x+— D. 2x+—
3 3 X X

Cau 5. Ham s6 F(z) = In(z + V2’ +a)+ C, (a > 0, C € R) 1a nguyén ham ciia ham s6 nao?

A. 1 B.; C.z+Vx* +a D. vz’ +a
© +a z+Nz +a

Cau 6. Mot nguyén ham ciia ham s6 f(x) = cos(Inx), la

A X cos(inx) g cos(iny) c X [sin(In x) + cos(In x)] p, sin(inx)

X X 2 X

Cau 7. Cho ham s6 f(x)=+/x+1. Nguyén ham cta ham sé d6 1a

3 3
AL _.c B, 2N&HD o c. e+ o D. J+1y +C
NS 3 2

Cau 8. Mot nguyén ham clia ham s6 f(x) = cos’ x, 1a

3 5 4 5
Cau 9. Mot nguyén ham ctia ham s6 f(x) = ol ,la
A. 2\/;.6‘/; B. \/;.e\/; _e C. 2\/;.6\/; _2e D. oV
Cau 10. Nguyén ham clia ham s6 f(x) = x21+ ; ,l1a

A. ln(\/x2+3—xj+C B. ln(x+\/x2+3j+C C. mvx?+3+C D. Vvx?+3+C

Cau 11. Biét F(x)=(ax+b)." la nguyén ham ctia ham s§ y=(2x+3)e’. Khidd a+b 1a
A.2 B.3 C.4 D.5
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3
Cau 12, [ bing:
X

N
A. —(x2 +2)\/1—x2 +C B. (x2+1)\/1—x2 +C
C. —(x2 —1)\/1—x2 +C D. (x2 +2)\/1—x2 +C

Cau 13. Cho ham s6 y = f(x) xéc dinh trén R\{%} thoa man [ (x)= 5 2 o £(0)=1. Gia tri
x_
ctia biéu thirc f(—l)+f(3) bang:
A. 4+1Inl5. B. 2+In15. C. 3+Inl15. D. In15.
. , s o x4+l
Cau 14. Tim nguyén ham F(x) ciahamso f(x)="—5——
x +x+1
3 2 3 2
A F(x)=2-Z4x+C B. F(x)=—+2Z+x+C
3 2 3 2
3 2 3 2
C. F(x)=2+Z—x+C D. F(x)=-2+X _r4c
3 2 3 2
Cau 15. Nguyén ham cia ham s6 £ (x) = 4cos xsin%cos% biét F(0)=1:
2 3 5 1 2 . 3 4 r r
A. —gcos x+§. B. _ECOS xsinx+1. C. —cos” x+2. D. Pap an khac.
A A e 2e"
Cau 16. Nguyén ham cia ham y=——— 12
1+cos2x
A. e +C B. ¢ +C C. Intanx|+C D. ¢ +C
Cau 17. Nguyén ham ciia ham s6 f(x) = —— la
e
A Sy C B. ——+C c 2 +c D. L ic
e+ = + = + = +
Cau 18. Nguyén ham ctia ham s6 f(x) = cot” x 1a
A — 12 +C B. _%Cgtx+c C. —x—cotx+C D. —x+cotx+C
SiIn- x Simn- x
Cau 19. Mot nguyén ham clia ham s6 f(x) =V1+x% , 12
xVx2+l+ln(x+\/x2+lj ) | 2
A. B. =X C. D. n¥* 2
2 2+l 22 +1 x
Cau 20. Nguyén ham cla ham s6 f(x) = x.In’ x, 12
2 2 2 3
A. x—(lnzx—lnx+l]+C B. x—(lnzx—lj+C C. x—(lnx—lj+c D. X, ¢,
2 2 2 4 2 4 3
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PE KIEM TRA 569 (dé gom 02 trang)

Cau 1. Nguyén ham clia ham s6 f(x) = —— Ia
e

I L ¢ C. > 4cC D. L 4+¢

eSxfl eSxfl SeSxfl

A 7+ C B.

Cau 2. Nguyén ham ctia ham s6 f(x) = cot® x 12
1 —2cot
——+C B. _Cg a
SiIn- x SiIn- x

Cau 3. Mot nguyén ham ctia hAim s6 f(x) =V1+x° , 12

xVx2 +1 +ln(x+\/x2 +1j

A.

+C C. —x—cotx+C D. —x+cotx+C

2
A. B 2 c. 1 D. mY¥**!
2 X2+l a2 +1 x
Cau 4. Nguyén ham clia ham s6 f(x) = x.In’x, 12
2 2 2 3
A. x—(ln2x—]nx+lj+C B. x—(lnzx—lj+c C. x—(lnx—lj+C D. X, o
2 2 2 4 2 4 3
, 2%(xIn2 -1
Cau 5. Nguyén ham ctia ham s6 f{x) = (XI; ) la
X
x 2*In2+1 2*In2
A 2%(x-1)+C B.2+C c. =2 D. = 22ic
X x x

2

Ciau 6. Ham so0 nao sau day khong phai 1a mot nguyén ham cua ham s6 y = ze” .

A.F(:r)z%e”’2+2 B.F(z)z%(e”’2+5) C.F(x)z—%e”’2+0 D.F(g;)z_%(z_emz)

. N ’ I+sinx N
Cau 7. Mot nguyén ham ciia ham s6 f(x) = e’ la
I+cosx
: X X X 3
sin x € cosx e e sinx
A. B. — D.
1+cosx 1+ cosx (1+cosx) 1+ cosx

Cau 8. Mot nguyén ham ctia ham s6 f(x) = 1n(x+\/1 +x° ) ,1a

A. xln(x+\/1+x2)—\/1+x2 B. x++1+x7 C. ln(\/1+x2—x) D. x—+1+x2

Cau 9. Ham s6 F(x)=tan’ 2x 1a mot nguyén ham ciia ham sb

2 2
A. 3tan’ 2x B. 6tanz 2x C. 6tan2x D. 3tar12 2x
cos 2x cos 2x
Cau 10. F(x)=cos’x 1a mot nguyén ham ciia ham s
A. 2cosx B. —2cosx C. sin2x D. —sin2x

Cau 11. Biét ham s F(x)=ax’+(a+b)x’ +(2a—b+c)x+1 1la mot nguyén ham cla ham s6

f(x)=3x*+6x+2.Tong a+b+c la:

A. 5. B. 4. C. 3. D.2
Céu 12. Cho F(x) la mot nguyén ham cta ham sé f'(x)= e* (x3 —4x). Ham s6 F(x) c6 bao
nhiéu diém cuc tri
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A. 1l B.2 C.3 D. 4

Céau 13. Tim mot nguyén ham F(x) ciia ham s6 f(x)zax+%(x¢0),biét rang F(-1)=1,
X

F(1)=4. f(1)=0.

2 2
AP B ()=
2 2
C. F(x):%+43—x—%. D. F(x):%_%_%
_4x*+4x+3

Chu 14. Cho hamsb f(x) biét f(0)=1va f'(x) . Biét nguyén ham cta f(x) c6

2x+1
dang F(x):ax2+bx+ln|2x+l|+c. Tinhtilé a:b:c.

A.a:b:c=1:2:1. B.a:b:c=1:1:1. C.a:b:c=2:2:1. D.a:b:c=1:2:2.

Cau 15. Nguyén ham cia ham s6 y = 23x3— 5 c6 dang aln|x—l|+bln|x—2|+C. Gia tri cua
X" =3x+
a+2b la
A. 3 B. 4. C.2. D. i
2 3
Céu 16. Tim nguyén ham cta ham s6 y =f(x) =cos’ x
4 .
A. [£(x)dx= C"i Lo B. J.f(x)dx:%(sm;’x+3sinxJ+C
4 .
C. J.f(x)dx=ésin3x—%sinx+c D. jf(x)dx=W+C
Céu 17. Tim nguyén ham ctia ham sé: f(x) =J/xInx
13 2 3
A. If(x)dx=§x2 (3lnx—2)+C B. If(x)dxz;xz (3lnx—2)+C
2 2 2 2
C. If(x)dx=§x2 (3lnx-1)+C D. If(x)dx=§x2 (3lnx-2)+C
Cau 18. Mot nguyén ham cua ham s6 f(x) = xz ,1a
s x
A. ln|sinx|+x.c0tx B. cotx C. ln|sinx|—x.cotx D. —cotx

R N , N . 1 N
Cau 19. Mot nguyén ham cua ham so =—— 1a
Ot nguy f(x) N
A. 28 -3x B. 2Jx+3¥x+69x C. 2&—3%/}+69/§—61n(§/§+1) D. 3x+6Yx
Cau 20. Nguyén ham ctia ham sé f{x) = (2x+ 1)5 la

A. %(2)(4—1)6 B. %(2)64—1)6 +C C. %(2X+1)6 +C D. é(z"”)6 +1.
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Cau 1. Mot nguyén ham clia ham s6 f(x) = e*sinx la

A e* (cosx —sin x) B. e* (sinx —cos x) C. o cosx D. e*(sinx +cos x)
2 2 2
. s s v sinx .
Cau 2. Nguyén ham cua ham s6 f(x) =——— la
cos” x
1 1 S -1
A. 7 +C B. 3 +C C. ln‘cos x‘+C D. 7 +C
4cos” x 6¢cos” x 4cos” x
Cau 3. Mot nguyén ham clia ham s6 f(x) = xsin2x, la
A sin2x N XCoSs2x B. sin2x _ xcos 2x C cos2x _ xsin 2x D. 1+2c0s2x
4 2 4 2 4 2
Cau 4. Nguyén ham cua ham s6 f(x) = ; , VOl x # k—”, keZ,la
COS X.sin x 2
A. In|cotx|+C B. sinx+C C. cos2x+C D. Inftanx|+C

CAu 5. F(x) 1a mot nguyén ham cia f(x) = 2sinxcosx va FG) = 2. Khi d6 F(0) biang

A -1 B. c.3 D. 2
2 2 2 2
Cau 6. Nguyén ham cia ham s6 f(x)=;2 la
(sinx + cosx)
A. ltan(x+£j+C B. ltam(x—ﬁj-kC C. lcot(x+£j+€ D. lcot(ﬁ—xj+c
2 4 2 4 2 4 2 4

Cau 7. Mot nguyén ham ciia ham s6 f(x) =e**' + 3x+1)° 1a

3x+1 } 3 1 6 3x+1
© i lGxs1) B3 l(aen) C. o X1 D. &+~ (3x+1)
3 18 2 6 6
~ A s s £ Sin\/; .
Cau 8. Nguyén ham cia ham s6 f{x) = e la
X
A. 2sin'x +C B. —2sinv/x+C C. 2cos/x +C D. —2cos/x +C
Cau 9. Ham s fix)= L ¢6 nguyén ham trén mién nao dudi day
COS X
A (0 B. (n:2 C. -E;Ej D |
(0;m) (m;2m) ( 25 25
Céu 10. Cho [f(x)dr=Inx—x"+C (Clahangsd). Khidd f(x) bing
3
A~ fxlnx—x B. ex+lx3 C. —2x+l D. 2x+i2
3 3 X X
. xln(x2 + 1)
Céu 11. Tim nguyén ham 7 = [———dx
x +1
A I=In(x’+1)+C B. 1:11n2(x2+1)+c
4
C. lzlln(x2+1)+c D. I=In*(x*+1)+C
2
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A (94 \ A \ 5 \ A 1 \ 5 ~
Cau 12. BiétF(x) la nguyén ham cia ham s6 f(x)=4x’ —at 3x va thoa man

5F(1)+F(2)=43.Tinh F(2).

A. F(?_):%. B. F(2)=23. C. F(2)=§. D. F(2)=%.
~ 1 A A 1x , \ £ f(X) \ A1 A £
Cau 13. Cho F(X) = ] la mt nguyén ham cua ham s6 ——=. Tim nguyén ham ctia ham so0
X X
f'(x)Inx.
Inx 1 lnx 1
A. f'(x)Inxdx =—+——<+C. B. [f'(x)Inxdx —+C.
X 5x x*  5x
lnx 1 Inx 1
C. [£'(x)Inxdx el D. [f'(x)Inxdx =——+—+C.
3x X 3x

Cau 14. Ham s6 ndo sau day 1a mot nguyén ham cta ham s6 y = tan? x — cot® x ?

A. yz_L—L. B. y =tanx—cotx. C. y=;+ L . D. y =tanx+cot x.
SiInX COsX SiInX COSX
. 1+Inx
Cau 15. Cho F( ) (InX+ b) 1a mot nguyén ham ciia ham s f( ) ,trong do a,beZ.
X
Tinh S=a+b.
A. S=-2. B. S=1. C. S=2. D. S=0.

Céu 16. Mot vat chuyén dong véi van toe v() (m/s) c6 gia toe v'(1) = t% (m/s?). Van toc ban ddu
cua vat la 6 (m/s). Hoi van toc cua vat sau 10 gidy (I1am tron két qua dén hang don vi)

A. 10 m/s. B. 11 m/s. C. 12 m/s. D. 13 m/s.
Cau 17. Ham s6 ndo sau ddy c6 mot nguyén ham 1a dao ham ctia ham s6 y =sin 2x?

A. y=sin2x. B. y=cos2x. C. y =—4sin2x. D. y=4cos2x.

Céu 18. Nguyén ham cia ham s§ f(x) = x.e?* 1a
1 2x 1 2x 1
A F(x)==e""|x—= |+C B. F(x)=2e""| x—= |+ C
2 2 2
1
C. F(x)=2¢* (x-2)+C D. F(x)=5e2x(x—2)+C

Cau 19. Mot nguyén ham cua ham s6 f(x) = e*/— la

A. 2\/;.6 B. \/;.e\/— - e\/— C. 2\/;.6\/; - 2e\/; D. e*/;
L i
x*+3

A. ln(\/x2+3—xj+c B. ln(x+\/x2+3j+C C. mVx?+3+C D. Vx2+3+C.
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3
Cau 1. Cho tich phan I:J.(x2 +x+1)dx. Taco

B. I=(2x+1)]

Cau 3. Cho [ f(t)dt =
0

Tinh j' f(z)dz

A.3 B. 13 C.7 D.
Cau 5. Doi bién 7 = Inx thi tich phan

10

[ I=InX /. thanh

] X

A. j(l—t)dt B. j.(l—t)e_t dt
0 0

C. ]]'(l—t)e’ dt D. j(t—l)dt
1 0

Cau 7. Tinh thé tich cta phan vét thé gi6i han
boi hai mat phang x =0 va x =3, biét rang thiét
dién cta vat thé bi cat boi mat phiang vudng goc
v6i Ox tai diém c6 hoanh do x (0 <x < 3) 1 hinh
chit nhat c6 hai kich thudc 1a x va V9 —x?

A3 B. 9 C. 18 D. 36

0913 661 886

(dé gom 02 trang)

Cau 2. Cho tich phan 1= I (xInx)*dx va
1

szlenxdx.Tacé
1

A. 3[+)=¢’ B. 21+3J=¢’
C. 1+3J=¢° D. 31+2)=¢°
Cau 4. Bletj dx=aln2+bIn3,tri cia
2x —3x-2
(b-a) bang
AL B. L c. -1 p 3
2 5 5 5

Ciu 6. Goi F la mot nguyén ham cua ham sb

X

e
y =
X
khi do ta co
A. ]:w B. [=F(6)—F(3)
C. I=3[F(6)-F(3)] D 7-F (6);F (€)

Ciu 8. Thé tich cta vat thé tron xoay sinh ra boi
phép quay xung quanh truc Ox cta hinh phang

o : 4
gi61 han bdi cac duong y=— va y=—x+5 1a
X

A. 337 B. 127 C. 10z D. 9x

Cau 9. Cho ham s y = x* ¢6 d thi (C). Dién tich hinh phang gi6i han bai (C) va tiép tuyén cua (C)

tai diém c6 hoanh do bang 1 1a

N

y+2
d
2

Cau 10. Parabol (P): y* = 2x cit duong tron (C):

1

C. j[x‘ — (3x-2)dx

-2

1
D. [(Bx-2-x))dx

x* + y* =8 tai hai diém A va B. Dién tich ctia

hinh phang t6 ddm mau ¢ hinh bén dugc tinh theo cong thiic nao

2
A. j (V/2x — x)dx + Squat tron0AB
0

[ o

0

B. zf(@ -8 -x )dx

D 8% J(B av)ax
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Cau 11. Cho [ f(x)dx =e*cosx+C, C lahangs6. Khid6 f(x) bang

A. e*(cosx—sinx) B. e*(cosx+sinx) C. ¢ —sinx D. -e*.sinx
3
Cau 12. Mot nguyén ham cua ham s6 f(x) = In”x la
3 2 2 4
A In” x B. 3In“x C. In” x D. In" x
X x? 2 4

Cau 13. F(x) = (ax’ +¢)Inx 12 mot nguyén ham ctia ham s6 f(x) = 2x(2Inx+1). Khi d6

A. a=2,¢=0 B. a=-1,c=2 C. a=1¢=0 D. a=4,¢c=2
Cau 14. Nguyén ham clia ham s6 f(x) = ! - la
<1+x2)
A Y _.C B 2x +C C Y __iC D ;+C
Vi+x? Vi+x? 241+ x2 241+ x2
Cau 15. Mot nguyén ham cua ham s6 f(x) = x2 ,la
Sin- x
A. ln|sinx|+x.c0tx B. cotx C. ln|sinx|—x.cotx D. —cotx
, . 1
Cau 16. Mot nguyén ham cua ham so = la
ot nguy S(x) N
A. 28 -3 B. 2vx+33x+6Yx C. 2\/;—3%/;+6§/;—61n(9/;+1) D. 3fx+6%x
Cau 17. Nguyén ham cta ham s6 f(x)=(2x+1)5 la
A L(2x+1) B. L(2x+1)°+C C. Lx+1) +C D. Lax+1)°+1
12 12 6 6

Cau 18. F(x) 1a mdt nguyén ham ctia f(x)=2sinxcosx va F (%) =2. Khi d6 F(0) bang

A —— B

L c2 D.
2 2 2

N | L

Cau 19. Nguyén ham ctua ham sé f{x) = x(2x2 + 1)10 la

1
A. H(2x2 +1)

11 1 11

B. —(24*+1) +C C. é(2x2 +1) +C D. 3(2x2 1)
44 2 2
Cau 20. Ky hiéu K 1a khoang hoic doan hodc nira khoang cia R . Cho ham sb f (x) xac dinh trén

K. Tandi F(z) duoc goi 1a nguyén ham ctia ham s6 f(z) trén K néu nhu:

A. F(z) = f'(z)+C, Clahang s6 tuy ¥ B. F(z) = f'(z)
C. F'(z) = f(z)+C, Clahang sb tuy y D. F'(z) = f(z).

H 417



Nguyén Quéc Hoan
PE KIEM TRA 892

/2

Cau 1. Tich phan j (x—sinx)dx bing

C D. X1
2

n
2
72
Cau 3. bat /= J. xsinxdx va J = J. x?cosxdx.
0 0

Dung phuong phap tich phan timg phan dé tinh

J ta duoc
72_2 2

A. J:T—2I B. J=—+2I

2 2
C. J=2-2 D. y=-Z 21

4 4

1

Cau 5. Khi tinh tich phan j ——dx bang

%x—x

phuong phap dbi bién s6 x—I1=sinz, voi
- /4 . A s 1
BN <t< > ta dugc tich phan nao dudi day

% %
A [ ——ar B. [ —a
0 st 0 cost

o1
D. —dt
,,7 cost
6

o
C. [ —uar
777 sint
6

cos2x
1+ 2sin2z

C. 4

lln3
4

dx

Cau 7. Tim o dé

Oy |y

A2 B.3 D.6

0913 661 886
(dé gom 02 trang)

6
Céu 2. Biét tich phan [ f(x)dx =2, khi d6 tich
2

3
phan j f(2x)dx bang
1

A. 2 B. -2 C. 1 D. -1
/3
Cau 4. Tich phan 7 = j&dx bang
0 sin(x+”)
6
A Bipoy T B. 2 Y2
2 3 6 2
C. —ﬁan—% D. £1n2+%

Cau 6. Cho ham s6 f(x)=x"—3x" —4x. Dién

tich ctia hinh phang gidi han boi do thi ham s6 va

truc Ox la
4 0 4

A. If(x)dx B. If(x)dx+jf(x)dx
-1 -1 0
4 0 4

C.|[ f(x)dx D. [ f(x)dx—[f(x)dx
-1 -1 0

Cau 8. Mot vat di chuyén véi gia toc

a(t)=-20(1+2¢)> m/s%. Khi =0 thi van toc
cua vat la 30m/s. Tinh quang duong vat do di
chuyén sau 2 gidy (Iam tron két qua dén chir s6
hang don vi)
A. 47m D. 50m

B. 48m C. 49m

Cau 9. Parabol (P): y* = 2x cit duong tron (C): x* + y* =8 tai hai diém A va B. Dién tich cta

hinh phéng t6 ¢ddm mau & hinh bén dugc tinh theo cong thirc nao

2
A. j (v2x — x)dx + Squat ron0AB
0

2
B. j(
0
242

(v2x = 8 = Jax

0
Cau 10. Thé tich vat thé tao thanh khi cho hinh (H)
Oy la

Az
6

C. D.

B. X
10

N8 -y - y—zjdy

2

20 (VB av)ax

0

gi6i han boi y =x> va y=+/x quay quanh truc

.

D. 2.
6 10
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2 —
Cau 11. Bibt F(x) 1a mot nguyén ham cia ham sé f(x) = x—x1+1 va F(0)=-2.Tinh F(2)?
x —

A. 2 B. 0 C. 1 D. 2
Cau 12. Cho ham sd f{x) =3x> +cosx . Him s nao sau ddy la mot nguyén ham ciia f(x)

3
X ) . . .
A. T+s1nx B. 6x—sinx C. x’ —sinx D. x’ +sinx

Cau 13. Cho | f(x)dx=ln<x2+1) +C, C lahéngs6. Khidé f(x) bing

A 2 B — C. In(x+1) D.
x“+1 x°+1 x°+1

A PO L1y £ 3x2+1 .

Céu 14. Nguyén ham cua ham s6 f{x)=— la
X’ +x
2 3 6x -2
A. In(3x“+1)+C B. In|x" +x|+C . — —+C D. ———+C
3x° +1 (x"+x)

Cau 15. Nguyén ham cia ham s6 f(x)zesmzx.sin 2x la
A e 4C B. e +C C. e 4 C D. e 4+C

Cau 16. Gia tri m dé ham sb F(x) = mx® + 3m + 2)x* — 4x + 3 1a mot nguyén ham cua ham s

fx)=3x> +10x —4 la:
A m=3 B. m=0 C. m=1 D m=2

Cau 17. Mot nguyén ham clia ham s6 f(x) = xA/x>+9 Ia

332 3(x? +9)3x2+9
A YD B. (+"+9) c. IP+9 D 2
2 8 Ix? +9

Cau 18. Mot nguyén ham cua ham s6 f(x) = VOl x#0,1a

1
x\/1+x2
A ln\/x2+1+1 B ln\/xz 1-1 C ¥ +l-1 ¥ +1

. In———— D. In

[+ x [+ [+

Cau 19. Mot nguyén ham ctia haim s6 f(x) = In+/2x, 1a

A. xin2--—- B. xIn2+x C. xn2++ p, Xn2¥-x
X X 2
Cau 20. Ham s6 f(x) thoaman f '(x)=%. Khi d6 f(x) bang
X
A. cos’x+C B. sin2x+C C. 2sinx+C D. «/2sinx+C.
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2
Cau 1. Cho y = Vz' +1 tim Iy'.y.dm

0
c \/1_72_1

17

A 17-1 B

Cau 3. Dién tich cua hinh phang gidi han boi

D. 8

hai duong: y=x va y=x’ bang gié tri cia

A. j(x—xz)dx B. j(xz —Xx)dx

C. j.(x+x2)dx D. ﬂj‘x—xz‘dx
0 0

1.3
Cau 5. Tich phan Iudx bang
° |x|+1

A. -1 B. 0 C. 1 D. 2
Cau 7. Mot vién dan duoc ban 1én tir mat dat
theo phuong thang ding voi van toc ban dau 1a
25 m/s. Sau d6 vién dan tiép tuc chuyén dong

véi van téc v(t) =25~ gt (¢ = 0, ¢tinh bing
gidy, g 1a gia toc trong trudng va g = 9,8 m / s
) cho dén khi rét lai xudng mit dat. Hoi sau bao
lau gidy vién dan dat dén d¢ cao 16n nhat ?

oo 100 12 265
24 39 49 49

A.

0913 661 886

(dé gom 02 trang)

Cau 2. Tim a >0 dé

a 2 2
dexza_ﬂﬁmg
. 2r+1 4 4 4
A 1

B. 2 C. 3 D. 4

Cau 4. Déi bién x:2sint,%<t<£ thi tich

dx

V4-x?
76

A. jdt
0

thanh

phan j
0

/6

B. J. tdt
0

/3
D. j dt

0 0

Ciu 6. Dién tich hinh phang gii han bai cac

duong y=x>-2x-8 va y=2x-3 1a

A. 63 B. 32 C. 23 D. 36

Cau 8. Biéu thic ciia phép tinh tich phan cua

J1-sin2z khi ldy ra khoi du tich phan la

[N |y

T s
A. (cosx—sinx)|? B. (cosx+sinx)|?
6 6
z z
C. (cosx+sinx)|? —(cosx+sinx)|?
6 N
z z
D. (cosx—sinx)|? —(cosx—sinx)|?
0 n

Cau 9. Hinh phing gi6i han boi cac duong y = x*, y =x quay xung quanh truc Ox c6 thé tich la

B. &~
30

A=
36

c.2r p X
15 6

Cau 10. Dién tich hinh phang gi6i han boi d6 thi cac ham s6 y =2x, y=x*, y=x* ky hiéula S, .

Khang dinh nao duéi day sai

0 1 2
A S, = J. ()63—2Jc)a’x+_[(x2 —xS)dx+J.(2x—x2)dx
) 0 0

0 2 2 2
B. S, = j (x3—2x)dx+j(2x—x3)dx+ j(x3—x2)dx+j(2x—x2)dx
2 0 1 1
0 1 2
C. S,= (x3—2x)dx+j(2x—x3)dx+j (2x—x")dx
) 0 1
0 1
D. §,= |
2 0

2
(X =2x)dx+S,00r —[ [xdx+| dexJ (vV6i S,,,, 14 dién tich tam giac OAM).
1
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1 5

Cau 11. Mot nguyén ham cua ham s6 f(x) = la
ef+2
A ) B. Inie* +2) ¢ e+ D. iln[ ‘ ]
e e’ 2 e +2
Cau 12. F(x) la mot nguyén ham ctia ham s6 f(x) = al 0 va F(0)=1.Khid6 F(x) bing
+

A. L B. b1 C. L ! +Z D. ! + ! +=

2x+1 2x+1 32x+1) 2x+1 402x+1) 8Q2x+1)> 8 402x+1) 82x+1)> 8

L P
x2—9

Va2 —9—x Vi? —9+x+C C. 2Vx*-9+C D. Vi -9+C

Céu 14. Cho [f(x)dr=Inx—x"+C (Clahangsd). Khidd f(x) bing

Cau 13. Nguyén ham clia ham s6 f(x) =

A. In +C B. In

3
A - fxlnx—x B. ex+lx3 C. —2x+l D. 2x+i2
3 3 X X

Cau 15. Ham s6 F(z) = In(z +v2* + a) + C, (a > 0, C € R) 1a nguyén ham caa ham s6 nao?

A. 1 B.; C.z+Vx’ +a D. vz’ +a
© +a z+Nz +a

Cau 16. Mot nguyén ham cua ham s6 f(x) = cos(Inx), la
A el _cos(In x) B cos(In x) c ¥ [sin(In x) + cos(In x)] D sin(In x)
' X ‘ X ‘ 2 ' X

Cau 17. Cho ham s6 f(x)=~/x+1. Nguyén ham ctia ham sb do6 1a

’ 3 ’ 3
A. ! +C B. M+C C. M+C D. {(x+1) +C
20x+1 3 2

Cau 18. Mot nguyén ham ctia ham s6 f(x) = cos’ x, 1a

L3S 4 6
A. sinx.cos4x+4[Sln x_sms xJ B. —5cos* x.sinx C. COZ al D. COSS al
Cau 19. Mot nguyén ham ciia ham s6 f(x) = ol ,la
A. 2\/;.6\/; B. \/)_c.e\/; - e\/; C. 2\/;.6\/; - 26\/; D. e\/;
Cau 20. Nguyén ham clia ham s6 f(x) = 21 ,1a
x°+3

A. ln(\/x2+3—xj+C B. ln(x+ x2+3j+C C. mvx?+3+C D. Vx*+3+C.
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Cau 1. Cho j(sﬁ +4t—5)dt =3 +2x% —4x-1.

0
Khi do6 gia tri cia x 1a
A. x=-1 B. x=1 C. x=2 D. x=3
Cau 3. Cho f(x) lién tuc trén [0 ; 10] thoa man

10 6
[ £(x)dx =7 va [ f(x)dx=3. Khi do
0 2

2 10
jf(x)dx + jf(x)dx co gia tri bﬁng
0 6

Al B. 2 C.3 D. 4
Cau 5. Cho a khac 0, ki hiéu b = j

—a

eX

dx .

x+2a

2a
Tmhzzj

0

dx theo a va b

(Ba—x).e*

A I= % B.7=2
e a
Cau 7. (H) 12 hinh phang giéi han boi d6 thi ham

sO y=2(x—1)e", truc tung va truc hoanh. Thé

C.I=ab D.I=be"

tich khi tron xoay thu duoc khi quay hinh (H)
xung quanh truc Ox 1a
A. 4-2¢

C. (e2 —5)7:

B. (4-2¢e)n
D. (62 —l)n

1

Cau 2. Tichphin | ———

P J.l x*-5 |x| +6

A. 2 B. 1 C.0 D. -1
Céu 4. Cho hinh phing (H) gi6i han boi cac

dx bing

duong y=cosx, y=0, x=0, xz%.Dién

tich hinh phang (H) bang
/2 /2
A. 'f sin® xdx B. 'f cos xdx
0 0
/2 /2
C. 7Z'J cos’ xdx D. 'f (—cosx)dx
0 0

Cau 6. Cho hai tich phan 7 =

/2 2
COS X
J dx

( COSx+sinx

/2 -2
\ sm- x \ A X 47
va J = dx . Tim ménh de dung

COS X +sin x

B.71=0 C.

1

Cau 8. Biét

O C—y

A . J=0 I=J D. I#J

MT gy =aln2+b voi

1/e x(lnx + 2)
a,b € Q. Khing dinh nao sau dy ding ?
B.a’+b" =4
D. ab=2

A . 2a+b=1
C.a-b=1

Cau 9. Thé tich khéi tron xoay tao nén bai hinh phang (H) giéi han boi cac duong y =—x*+2 va

y =1 khi quay quanh truc Ox la
1 5 1

A. 7Z'J. (—x2 +2) dx+7rf dx
-1 -1

1

C. ﬂj (—x2 +2)2 dx

B. 7zj. (—x2 +2)2 dx—ﬁj dx
. 2

D. ﬂ{j.(—x2+2)dx—idx]2

-1 -1

Cau 10. Parabol (P): y* = 2x cat duong tron (C): x* + y* = 8 tai hai diém A va B. Dién tich S cua

hinh phéng t6 ddm mau & hinh bén dugc tinh theo cong thirc nao

5
A. j.\/ﬂdx + ZJ}\/S — x*dx

0 2

2 y2 T
c H{Z o o

2
B. j (V¥2x — x)dx + Squat ronOAB
0

(Vo= ) as.
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Cau 11. Nguyén ham clia ham s6 f(x) = % la
e

I L ¢ C. >4 D. L 4¢

eSxfl eSxfl 565x71

A 7+ C B.

Cau 12. Nguyén ham ctia ham s6 f(x) = cot” x 12

1 —2cotx
—+ C B. >

sin” x sin” x

A. +C C. —x—cotx+C D. —x+cotx+C

Cau 13. Mot nguyén ham clia ham s6 f(x) =V1+x2 , 1a

xVx2 +1 +ln(x+\/x2 +1j

2
A. B. 2 c. D. ¥ !
2 2241 2V +1 x
Cau 14. Nguyén ham ctia hAm s6 f(x) = x.In’ x, 12
2 2 2 3
A. x—[lnzx—lnx+lj+C B. x—[lnzx—lijC C. x—[lnx—l}LC D. In Tic
2 2 2 4 2 4 3
A At a1 Z 2%(xIn2-1) .
Céu 15. Nguyén ham cua ham s6 f(x)=————+la
X
A. 2 (x=1)+C B. 24 c. 2n2*l ¢ p. 212 ¢
x x x

2

Cau 16. Ham s6 ndo sau diy khong phai 1a mot nguyén ham ctia ham s6 y = ze” .

A F(x)zle”2+2 B. F(x):l(e”2+5) C. F(az):—le”2+0 D. F(x)z—l(z—e“)
2 2 2 2
Cau 17. Mot nguyén ham clia ham s £(x) = —-50% 0¥ 1
1+cosx
A Sin x B. e COSX . e D. e Sinx
1+cosx I+cosx (1+cosx)* I+cosx

Cau 18. Mot nguyén ham cua ham s6 f(x) = ln(x +1+x? ) ,la

A. xln(x+\/1+x2)—\/l+x2 B. x++1+x? C. ln(\/1+x2—x) D. x—+1+x?

Cau 19. Ham s6 F(x)=tan’ 2x 1a mot nguyén ham ciia ham s6

2 2
A. 3tan’ 2x p, Stan 2x C. 6tan2x p, tan 2x

cos’2x cos’2x
Cau 20. F(x)=cos’ x 1a mdt nguyén ham ctia ham s6

A. 2cosx B. —2cosx C. sin2x D. —sin2x.
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0

Céu 1. Timsd b am dé tich phan _[(xz +x)dx
b

c6 gié tri nho nhat

A 3 B. -2 C. -1 D. 0

Céu 3. Néu I (2x—3)dx =6 thi gia tri cia m la
1

A. -3 B. 6
C. -3 hoac6 D. -1 hoac 4
Cau 5. Dién tich ctia hinh phang gidi han boi
duong thing y=2x+1 va dudng cong
y=x>+x+1 bang gia tri cua

1 1
A. J‘()c2 —Xx)dx B. J(x—xz)dx

0

0
C. j.(x+x2)dx D. ﬂj.‘x—xz‘dx
0 0

Céu 7. Dién tich cua hinh phang (H) gi6i han

béi cac duong y=x’, y=0, x=-1, x=2

bang
Al B. 2 c 2 p.
4 4 4 4
"?5cosx —4sinx
Cau 9. Cho hai tich phan /= [ =——"———Zax
o (cosx+sinx)
A I+J=2x B. I=1

VéJ:J.

0913 661 886
(dé gom 02 trang)

1
Cau 2. Cho I:I\/4+x2dx.Khi do
0

B. J5<I<=2

D. I1>45
2

CAu 4. Tichphin [4x" —8x" +4dx bing
-2

A. 10 B. 8 C. 4 D. 2
Cau 6. Tdc d6 thay doi doanh thu (bang d6 la My
trén mot may tinh) cho vi¢c ban x may tinh Ia
f(x), biét f'(x)=12x"+3x*+2x+12. Tim
doanh thu khi ban dugc mudi hai may tinh du
tién

A. 1244234 36 1a
C. 5973984 d6 la

A 2<I<A5
C. 1<2

B. 622117 d6 la
D. 2986992 d6 la

Cau 8. Cho tich phan 1= Tln(x“)dx. Ta co
I

A 1= (xln(x4) - 4x)|1e 4

C. I=(xln(x4)—x)|f D. 1=(1n(x4)+4x)|

1
*? 5sin x —4cos x 5
JSIMXYZACOSY ) Ménh dé dang 1a

+ (cosx+sinx)’

C.I#J D. I=J

Cau 10. Dién tich hinh phang gi6i han bai d6 thi cac hamsé y = 2x, y = x*, y = x* kyhidula S,

. Khing dinh nao dudi day sai
0
A S,= |
2 0
1

0 2
B. §,= I (x3—2x)dx+SAOAM—Ux3dx + szdxj
3 1

2 0

(8,04, ladién tich tam giac OAM)

0 1 2
J (x* =2x)dx + j (2x—x3)dx+'[(2x—x3)dx
2 0 1

(x* =2x)dx + j({/}—%jdy+](ﬁ—%jdy

0 N V2 2
D. §,= j (x3—2x)dx+j(2x—x3)dx+I(x3—x2)dx+j(2x—x2)dx.
-2 0 1 N

2
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Cau 11. Mot nguyén ham cua ham s6 f(x) = e*sinx la

A e*(cosx —sinx) B. e* (sinx —cos x) C. " cosx D. e*(sinx +cos x)
2 2 2
. U s 1s - sinx .
Cau 12. Nguyén ham cua ham s6 f(x)=——— la
cos” x
1 1 S -1
A. 2 +C B. S +C C. ln‘cos x‘+C D. 2 +C
4cos” x 6¢cos” x 4cos” x
Cau 13. Mot nguyén ham cua ham s6 f(x) = xsin2x, la
A sin2x . xcos2x B. sin 2x _ xcos 2x C cos2x _xsin 2x D. 1+2c0s2x
4 2 4 2 4 2
Cau 14. Nguyén ham clia ham s6 f(x) = ; , VOl x # k—”, keZ,la
COs x.sin x 2
A. In|cotx|+C B. sinx+C C. cos2x+C D. In|tanx|+C

Cau 15. F(x) 1a mot nguyén ham cua f(x)=2sinxcosx va F(%) =2 . Khi d6 F(0) bang

A —— B

L c2 D.
2 2 2

N | L

1

la
(sinx+ cos x)2

Cau 16. Nguyén ham ctua ham sé f{x) =

A. ltan x+ 1 ]+C B. ltan LY e C. lcot x+2|+cC D. lcot I xl+cC
2 4 2 4 2 4 2 4

Cau 17. Mot nguyén ham ctia ham sd f(x)=e>*' + Bx+1)° 1a

3x+l 3 1 6 3x+l
A Laes) B LGasn) C. e B D. £ +l(3x+1)6
18 2 6 6
A PO .1y £ sinv/x .
Cau 18. Nguyén ham cua ham s6 f{x)= la
Jx
A. 2siny/x +C B. —2sin/x +C C. 2cosvx +C D. —2cos/x +C

A \ A 1 . A 1s A Ay (:oan
Ciau 19. Ham s0 f(x)=—— c6 nguyén ham trén mién nao dudi day
COSXx

A (0 B. (n:2 C. -E;Ej D. [_E;E}
(0;m) (m ;5 2m) ( ) )
Ciu 20. Cho j f(x)dr=Inx—x>+C (C lahingsd). Khi d6 f(x) bang
3
A - fxlnx—x B. ex+lx3 C. —2x+l D. 2x+i2.
3 3 X X
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x2
Caul. Tim £(9), biét j F(t)dt = x.cos(x)
0
A L B L c. 1 D. 1
9 6 9 6

Cau 3. bit 1=jx1n2xdx va J=

1

xInxdx . Ta co:

I

A. T+J=¢’ B. 1+2J=¢?
2

2
C. I+J:e—
2

D. 1+21=2

2
Céu 5. Cho hinh phang (H) gi6i han boi cac
duong y=cosx, y=0, x=0, x=7.Dién tich
(H) duogc tinh theo cong thuc

A. jcosxdx B. Tcosxdx
0 0
C. 7zjcos2 xdx D. ﬂf cos xdx — ]i cos xdx
0 0 /2

1
Cau 7 Cho tich phéan 1, :J.x"“exdx. Dung
0

"'va

phuong phép tich phan ting phan dit u = x"*
dv=e"dx, hé thuc lién hé gilra 7,,, va I, 1a
AT B. I, +(n+DI, =e

n+l
C. 1 D. I,,—-nl =e

n+l

+1,=¢

+nl,=e

Cau 9. Bing phuong phap tinh tich phan timg phan

1
A. (xtanx)t) - Jtanxdx
0

C. (xcotx)|; - jcotxdx

0

, tich phan j

0913 661 886
(dé gom 02 trang)

2
Cau 2. Tich phan Imin(xz;x)dx bang
0

Cau 4. Cho tich phan 1= fln(x3)dx .Taco
I

A I=— B. I=(x1n(x3)—x>j

X

1

C. 1=(In(x?) +3»x)|1e D. 1=(xIn(x*) —3x)|1e

Cau 6. Mot 6t6 dang chay véi van tdc 20m/s thi
nguoi lai dap phanh. Sau khi dap phanh, 6t6
chuyén dong cham din déu véi van toc

o(t)

gian tinh bang gidy ké tir luc bét dau dap phanh.

= —40t + 20 (m/s), trong d6 ¢ 1a khoang thoi

Hoi tir luc dap phanh dén khi dirng han, 6t6 con
di chuyén bao nhiéu mét ?

A. 10m B. 7m C.5m D.3m
Cau 8. Cho ham s6 y = x° ¢6 d6 thi (C). Dién
tich hinh phang gidi han boi (C) va tiép tuyén cua
(C) tai diém c6 hoanh do bang 1 1a

Y

C. j[x‘ - (3x-2) Jdx D. j(3x—2 — x%)dx

1
X

2
v COS X

dx bang

1
B. (xtanx)|; + Itanxdx
0

1
D. (xcotx)|i) Jcotxdx
0

+

Cau 10. Parabol (P): y* = 2x cat duong tron (C): x> + y* = 8 tai hai diém A va B. Dién tich S ctia

hinh phang t6 ddm mau ¢ hinh bén dugc tinh theo cong thiic nao

A. Zf(\/ﬂ — /8 — xz)dx
C. j‘[%z—«/i% -y’ de

D.

2
B. j (V2x — x)dx + Squat ron 0OAC
0

N2rx
4

(V5= 2.

0
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Cau 11. Nguyén ham clia ham s6 f(x) = % la
e

1 =5 -1

A &'+ C B. +C C. +C D. —+C
eSx—l eSx—l SeSx—l
Cau 12. Nguyén ham ctia ham s6 f(x) = cot” x 12
1 —2cotx
A ——+C B. ——+C C. —x—cotx+C D. —x+cotx+C
Sin x Sin x
Cau 13. Mot nguyén ham clia ham s6 f(x) = V1+x% , 1a
x\/x2+l+ln(x+\/x2+1) ) 1 2.1
A. B. =X C. D. m¥t
2 X2l Wt +1 x
Cau 14. Nguyén ham ctia hAam s6 f(x) = x.In’ x, 12
2 2 2 3
A. x—[lnzx—lnx+lj+C B. x—[lnzx—lj+C C. x—[lnx—lj+c D. x. ¢
2 2 2 4 2 4 3
. 2% (xIn2-1
Cau 15. Nguyén ham ctia ham s6 f(x)=¥ la
X
x 2" In2+1 2"In2
A. 2% (x-1)+C B. 24 c. =2 D. =22 ic
x X x
A ~ ki ~ < l N
Cau 16. Mot nguyén ham cua ham so =— 1la
ot nguy S(x) N
A, 28 -33x B. 2vx +3¥x +6¥x C. 2x=3¥x+6¥x —6In (Y +1) D. 3¥x+6%x
Cau 17. Nguyén ham cta ham s6 f(x):(2x+1)5 la
1 6 1 6 1 6 1 6
A, —(2x+1 B. —(2x+1) +C C. —(2x+1) +C D. —(2x+1) +1
Laxn) Laen) Laen) Laxe)

Cau 18. F(x) 1a mdt nguyén ham ctia f(x)=2sinxcosx va F [%) =2. Khi d6 F(0) bang

A -L B. L c.3 D>
2 2 2 2
Cau 19. Nguyén ham cta ham s6 f(x)=x(2x2 +1)10 la
1 2 11 1 ) 11 5 ) 9 5 ) 9
A —(2x7 +1) B. —(2x*+1) +C C. =(2x" +1) +C D. Z(2x" +1)
44 44 2 2

Cau 20. Ky hiéu K 1a khoang hodc doan hoac nira khoang cia R. Cho ham sb f(z) xéac dinh trén

K. Tandi F(z) duoc goi 1a nguyén ham ctia ham sé f(z) trén K néu nhu:
A. F(z) = f'(z) +C, C lahang sb tuy ¥ B.  F(z)=f'(2)

C. F'(z) = f(z) +C, C lahang sb tuy ¥ D.  F'(z)=f(z).
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Cau 1. Cho f(x) la ham s6 lién tuc trén R va cac s6 thuc a < b < ¢. Ménh dé nao sau day sai

A. j F(x)dx = j F(x)dx+ j f(x)dx B. j F(x)dx = j F(x)dx— j F(x)dx
C. jf(x)dx = jf(x)dx+jf(x)dx D. ja.f(x)dx = —a.j‘f(x)dx
Cau 2. Tim nguyén ham ciia ham s6 f(x) = xrl
X
A. 2\/}—%+C B. \/E@—XH}C C. J}(%ﬂz}rc D. 2\/;(§+1J+C

1
Cau 3. Cho tich phan [ = Ix(l —x)"'dx . Khang dinh nao duéi day dung
0

1 1 0 1
—jz“(l—t)dt B. I= jt“(l—t)dz C.I=[i"0-ndt D. 1= jt“(l—t)dx
0 0 -1 0
Cau 4. Tinh tich phan [ = J.1+Slnxdx A 2 B. 2++2 C. \2-2 D. 1
y COS”™ X
Cau 5. Ban An ngdi trén may bay di du lich thé gidi, biét van tdc chuyén dong cia may bay la
v(t) =3+ S(m/s) . Quéng duong may bay di dugc tir gidy thir 4 dén gidy tha 10 1a
A. 36m . 252m C. 1134m D. 966m

Ciau 6. Sodd ¢ bén phal phac thao ctia mdt khung ctra s0.
Dlen tich cua cira s6 duoc tinh bang cong thuc nao sau day

A. Ixzdx B. I4—2x2)dx

1
cj4—x2dx Djzx—)dx
Cau 7 Thé tich khéi tron xoay sinh ra b01 hinh phang gii han boi cac duong y = cosx, y =0,

x=0,x= E quay mot vong quanh tryc hoanh bang

2 2 2 2
AL B. c. = pD. L

6 4 3 2
Cau 8. Cho F(x) la mot nguyén ham ctia ham s6 f(x)=2x>+m, vé6i meR. Tim m biét ring
FO)=1va F(3)=10 A m=3 B. m=1 C. m=-1 D. m=-3
Cau 9. Nguyén ham cta ham s6 y = (5x—1)° ¢6 hé s6 cua x° 1a
A 3125 B. 15625 C. 3125 D. 3125

6 30 6

Cau 10. Dién tich S cta hinh phang gi6i han boi hai duong y=x? —4x+2 va y= |x - 2| bang

N 5. 2 ¢ 1 p. 20
5 11 500 3

Cau 11. Cho J.%x = a(In3+1)+Inb, vdia, b € R. Tinh gié tri biéu thic P =4a+2b

A 4 B. 7 C.5 D. 6
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Cau 12. Tinh thé tich cac khéi tron xoay khi quay hinh phang xac dinh boi y=x>+1; x=0 va tiép
tuyén cuia do thi ham sé y =x” +1 tai diém A(1;2) quanh truc Ox
Az B. 8 C. 3z D. 8z

3 3 5 15
Cau 13. Cho ham s6 y = x* ¢6 d0 thi (C). Dién tich hinh phing giéi han bai (C) va tiép tuyén cua
(C) tai diém c6 hoanh d6 bang 1 1a

A. j.[%/;—yT”jdy B. j.[x3—(3x—2)]dx C. j(Sx—Z—)f)dx D. j.[yT”—%/;jdy

1

Céu 14. Khi tinh tich phan j

dx bang phuong phap do6i bién sé x—1=sin¢, véi Py <%

X2y
ta dugc tich phan nao dudi day
% 1 % 1 0 0
A ——ai B. jEdt C. [ ——d D. jEdt
0 0 —% —%

Cau 15. Tim nguyén ham ciia ham sb f(x) = cosx +

1
Nl=x

A. jf(x)dx =sinx+23/1-x+C B. jf(x)dx =sinx—23/1-x+C
C. [ f(x)dx=sinx+ “12_’“ +C D. [ f(x)dx=sinx— “12_’“
Cau 16. Hinh phang (H) (mién t6 ¢am trén hinh) gi6i han boi

+C

6 thi (C) cia ham sb: y = x* —x* va duong thang d: y =ax+b
co dién tich la

i 5 ¥
38 13
1249 b 37
405 12
Ciu 17. Tinh tich phan / = | ;‘nx dx bing cach ddt u =2+ cosx, ménh d& nao dudi day dang
o 2+cosx
4 4 3 3
A zzjﬂ B. 1=—jd_“ C. IZIQ D. 1—_[%
0 u 0 u 1 u 1 u

Cau 18. Cho J. x+; dx = a+bIn2 voi a, b 1a cac s6 hitu ti. Tinh S =2a+5b
1 x(1+1Inx)

A. S=e*+2e B. S=¢ C. S=¢é’+1 D. S=¢*—1
1

Cau 19. Cho ham sb f(x) thoa man ~f()cJrl)f()c)f’(x)dx=10 va 2f*(1)- f*(0)=2. Tinh
0

1
=1 (x)dx A [=-8 B. I=-18 C. I=9 D. I=12
0

COS x

, VxeR. Tinh
1+2°

Cau 20. Cho ham sé f(x) lién tuc trén R va thoa man f(x)+ f(-x)=

I= [ f(x)dx A I=3 B. zzﬁ C. 1:? i.

— N
N

|
wiN
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